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PREFACE 


Ix a comparatively short time the applications of Ther- 
mionics have grown to a considerable extent, and are now not 
only of great value in engineering fields, but are also penetrating 
more and more into university and college laboratories. It is 
difficult for those who are interested in the subject, but who have 
not had the opportunity or the time to follow its development 
closely, to abstract from the hterature, which has become quite 
voluminous, the principles of operation of thermionic vacuum 
tubes. This and the popularity which the remarkable ability of 
these tubes to perform a great variety of fxmctions has gained for 
them, have created a need for a book describing in a connected 
manner the more important phenomena exhibited by the passage 
of electrons tbrough high vacua. 

In this work I have endeavored to set forth the principles of 
operation of thermionic vacuum tubes, and to coordinate the 
phenomena encountered in a study of this field. Such a proced- 
ure is sure to result in a more valuable book than a detailed descrip- 
tion without proper coordination of the many investigations that 
have been published on this subject. 

I have tried to make the treatment sufl&ciently elementary to 
meet the demands that will necessarily be made on a book of this 
kind. This is especially the case with the first few chapters, which 
must be regarded as very elementary and are mainly intended 
for those who are interested in the applications of thermionic 
tubes but are not sufficiently acquainted with the properties and 
behavior of electrons to understand the operation of these tubes. 

I wish to express my indebtedness to several of my colleagues 
who have read parts or all of the manuscript. In this connection 
I wish to mention especially Mr. C. A. Richmond and Dr. P. I. 
Wold. 


H. J. V. d. B. 
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INTRODUCTION 


The achievements in the art of intelligence communication 
which we have witnessed in the past seven or eight years are the 
result of an extensive series of investigations that stretch Over 
many decades. It is easy to see the factors that directly influenced 
that part of the work that has been conducted in recent years to 
develop oui* systems of telephone and telegraph conununication. 
But we should not forget that this work rests on a foundation laid 
by such pioneers as Maxwell, Hertz, H. A. Lorentz, J. J. Thomson 
and 0. W. Richardson — ^men who conducted their research with- 
out any monetary motive and with httle or no thought to any 
possible future commercial application. Through their efforts 
we came into possession of the electromagnetic theory, which has 
taught us much about the undulatory propagation of energy, 
and the electron theory, which enabled us to explain many a 
baffling phenomenon. It is a glowing compliment to scientific 
research that just those two theories which seemed so abstruse 
and so speculative that hardly anybody believed in them should 
have grown into such valuable commercial assets. The electron 
theory in particular has been of invaluable assistance in the 
development of the audion or three-electrode thermionic tube, 
the device which forms the nucleus of the research and develop- 
ment work that was carried on in efforts to improve our means 
of intelligence communication. 

The audion tube consists of an evacuated vessel containing a 
filament which can be heated by passing a current through it, 
an anode which is usually in the form of a plate or pair of plates 
or a cylinder, and a third electrode, usually in the form of a wire 
grating placed between the filament and the anode. The hot 
filament emits electrons, and these are drawn to the anode or 
plate under the influence of a potential difference between filament 
and plate such as to maintain the plate positive with respect to the 
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filament. The third electrode, commonly referred to as the grid, i 

functions as the controlling electrode and is for the purpose of con- 
trolling the flow of electrons from filament to anode. By applying 
potential variations to the grid the electron current flowing from 
filament to plate can be varied. 

It has been known for many years that hot bodies possess the 
property of imparting a charge to conductors placed in their 
neighborhood. This phenomenon was investigated by Elster and 
Geitel in the eighties of the last century'. They found that if a 
metallic filament was placed in a glass vessel and heated to 
incandescence a plate placed close to the filament inside the 
vessel acquired a positive charge, but when the vessel was ex- 
hausted the charge on the plate became negative. About the same 
time Edison noticed that if a plate be inserted in a carbon fila- 
ment incandescent lamp, a current flowed between the plate and 
the filament when the plate was connected to the positive end of 
the filament but not when the plate was connected to the negative 
end. The direction in which the current appeared to flow was I 

from plate to filament when the former was positive with respect 
to the filament. J. J. Thomson showed in 1899 that the current 
flowing through the space between filament and plate w^as carried 
by electrons. He did this by measuring the ratio of the charge 
to the mass of the particles that appeared to convey the cunent, 
and found a value from which it was to be concluded that these I 

particles were electrons. The mechanism of the emission of the 
electrons from the hot filament was explained by 0. W. Richardson 
in 1901. Richardson made use of a \new that had previously been 
suggested to explain metallic conduction, namely, that the free 
electrons in a metal possess kinetic energy like the molecules of a 
gas. He furthermore assmned that there is a force at the surface ( 

of the filament w’hich tends to hold the electrons within the fila- 
ment, and in order to escape from it the electrons have to do a cer- 
tain amount of work, depending on the value of this force. At 
ordinary' temperatures the energy of the electrons in the substance 
is not sufficient to enable them to overcome this surface force, but 
if the temperature of the filament be raised sufficiently high the 
energy of the electrons increases enough to enable some of them to 
overcome the surface force and escape. According to Richardson, 
therefore, the electrons escape from hot lx)dies solely in virtue 
of their kinetic energy’’. A large number of experiments have been 
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made by various investigators on this phenomenon. These 
experiments not 0013 ^^ verified Richardson’s theory, but also gave 
results that have an important bearing on the operation of the 
thermionic vacuum tube. The study of the emission of electrons 
from a hot filament and their transport to the anode or plate ” 
involves a large number of problems, the solution of which is 
based on the electron theory. The most important developments 
of the thermionic vacuum tube were carried out by men who were 
familiar with this theory, and indeed their knowledge of its funda- 
mental principles contributed in a large measure to the rapidity 
with which the thermionic tube w^as nursed from the stage almost 
of a scientific toy to a very important commercial device. For 
these reasons the first few" chapters of this book are devoted to an 
elementary discussion of the properties of electrons and the 
phenomena encountered in the conduction of electricity by dis- 
lodged charges. The discussion of these phenomena, however, 
has to be elementary and concise in consideration of the great 
amount of material dealing directly with the applications of the 
vacuum tube. In choosing the material for these earlier chapters 
I was guided mainly by my own experiences in my work on the 
development of this type of device. 

When Richardson in 1901 gave an explanation of the mechanism 
of the emission of electrons from hot bodies he made an important 
contribution to science, but there was at that time no thought of 
the practical value that tliis theory was destined to have. It was 
in 1905 that J. A. Fleming conceived the idea of using a thermionic 
valve, that is, an evacuated bulb containing a cold anode and a hot 
filament as a rectifier for the detection of electromagnetic waves. 
At about the same time Wehnelt, who had previously carried out 
investigations on the emission of electrons from hot bodies and had 
produced the oxide-coated filament which bears his name, and 
which gives off electrons much more readily than metallic fila- 
ments, also suggested using a hot cathode device as a rectifier and 
described experiments that he had conducted with such a tube. 
Since electrons are emitted from the hot filament but not from the 
cold anode, such a device has a unilateral conductivity, and can 
therefore be used to rectify alternating currents. Wehnelt’s 
idea in using a hot cathode rectifier was to obtain large currents 
for small potential differences between the electrodes. If, for 
example, a glow discharge is passed through a partially evacuated 
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tube containing cold electrodes the space between the electrodes 
contains both electrons and positive ions. The electrons move to 
the anode while the positive ions move towards the cathode. 
Since the positive ions are large and hea\y compared with the 
electrons they move more slowly than the electrons under the 
influence of the same field. The space in the neighborhood of the 
cathode therefore contains more positive ions than electrons, 
and this causes the establishment of a positive space charge near the 
cathode. This positive space charge is responsible for a large 
part of the voltage drop in such tubes. By using a hot cathode 
which spontaneously emits electrons Wehnelt could neutralize 
the space charge due to the positive ions, because the electrons 
coming from the cathode combine with the positive ions to form 
neutral gas molecules. By this means therefore the voltage drop 
in the tube was greatly decreased. 

If the tube be evacuated to such an extent that there are 
practically no collisions between the electrons and the residual 
gas molecules, the space between cathode and anode contains prac- 
tically only electrons, and therefore there is only a negative space 
charge between the electrodes of the tube. We then have what 
is commonly knowm as a thermionic valve. The characteristics 
of this device are discussed in Chapter IV, while the influence of 
gases in the bulb on the characteristics of the valve is dealt with 
in Chapter V. 

The tubes discussed in the following pages operate under 
conditions that are characterized by the absence of gas. To 
maintain this condition it is necessary to insure that the gas 
pressure is at all times so low that the mean free path of the 
electrons in the residual gas is large compared wdth the distance 
between the electrodes. This requires not only that the gases in 
the space be removed to a sufficient extent, but also that the elec- 
trodes and walls of the vessel be sufficiently freed of occluded gases 
by heating these parts during the process of evacuation. This 
is necessaiy" because the bombardment of the anode by the elec- 
trons and the heating current in the filament during the operation 
of the tube would result in a rise in temperature of the electrodes 
and walls, thus causing the liberation of occluded gases and a con- 
sequent impairment of the vacuum. The extent to which the 
electrodes and walls of the tube must be denuded of gases during 
evacuation depends on the power dissipated in the device during 
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operation. If we are concerned only with electrodes that can be 
heated by passing a current through them we can adopt the prac- 
tice that lamp manufacturers have been following for the last 
twenty or thirty years, viz., passing a current through the elec- 
trodes to raise them to a higher temperature than they attain dur- 
ing operation, and by baking the bulbs in ovens to as high a tem- 
perature as the glass can stand. But thermionic devices of the most 
commonly employed types also contain electrodes (anode and grid) 
which cannot be heated by passing a current through them. 
These electrodes can be heated during evacuation by electron 
bombardment; that is, by passing a thermionic current from 
cathode to anode through the tube. The amount of this current 
and the voltages applied should be higher than the values used 
when the tube is subsequently put in operation. Although these 
tubes operate under the condition that gas has no influence on the 
discharge, the operation of the tube will always be better under- 
stood if the effects of small traces of gases are known. Thes^ 
effects are therefore discussed in Chapter V. 

The thermionic valve (by this we mean a two-electrode ther- 
mionic tube) is still used at the present time as a rectifier of alter- 
nating current, and as such it is a valuable instrument, and is 
capable of performing useful functions. Its operation and some 
of its uses are discussed in Chapter VI. 

As a detector of electromagnetic waves, the valve has no 
commercial value. The device which is used for detecting pur- 
poses is the three-electrode tube which in addition to the anode 
and hot cathode, also contains a grid to control the flow of 
electrons from cathode to anode. The grid was inserted by de 
Forest in 1907, who called the device the Audion and it is the 
insertion of the grid which has made the thermionic tube of such 
great value. Since the flow of electrons from filament to anode 
or plate can be varied by applying potential variations to the 
grid, the circuit in which this tube is used consists of two branches: 
the output circuit connecting the filament to the plate through a 
current or power indicating device and the input circuit connecting 
the filament to the grid through the secondary of a transformer 07 
other means of supplying potential variations to the grid. 

The audion was first used as a radio detector but was sub- 
sequently found to be capable of performing a number of other 
important functions. In fact, the insertion of the grid into 
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the valve resulted in a device of tremendous potentialities — 
one that can justly be placed in the same category with such 
fundamental devices as the steam engine, the dynamo and the 
telephone. 

Since a mere variation in the potential of the grid produces a 
variation in the plate current, it could reasonably be expected 
that more power would be developed in the output circuit than the 
power expended in the input circuit, and this has actually been 
found to be the case. The operation of the tube as an amplifier 
is simpler than its operation as a detector. I have therefore found 
it best first to discuss the manner in which the tube operates as an 
amplifier, reserv^ing its operation as detector for discussion in a 
later chapter. Chapter VII not only describes the amplifier and 
the manner in which it operates and the circuits that can be used, 
but also discusses the characteristics of the three-electrode tube. 

Since the power in the output circuit of the audion tube is 
greater than the power expended in the input, it is possible to 
increase the degree of amplification by feeding back part of the 
energy in the output to the input. If the proportion of the 
energ}^ thus returned to the input chcuit is large enough and the 
phase relations of the currents in the output and input circuits are 
right, the tube can be made to produce sustained oscillations. 
What is usually done is to connect the tube in an oscillation circuit 
having the desired capacity and inductance, and then couple the 
output circuit to the input in such a way that current variations 
in the output circuit cause potential variations to be impressed 
on the grid. There are a great variety of circuits whereby this can 
be accomplished. To make a three-electrode tube produce sus- 
tained oscillations is an extremely simple matter, but to make it 
operate in the most efficient way as an oscillation generator requires 
a knowledge of the various factors that influence its operation 
as such. These matters are discussed in Chapter VIII. 

When the tube is used as an amplifler or oscillation generator 
it is desirable that the characteristic representing the relation 
between the plate current and the potential of the plate or grid ' 
be as nearly linear as possible. On account of the negative space 
charge of the electrons in the space betw^een filament and anode 
the characteristic is not linear, but convex towards the axis of 
voltage. When the applied voltage becomes suf&ciently high to 
attract the electrons over to the plate as fast as they are emitted 
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from the filament, the characteristic curve becomes concave 
towards the voltage axis and finally becomes nearly horizontal, 
thus giving the saturation current. In order to obtain the best 
operation of the tube as an amplifier, it is necessary to straighten 
out the characteristic of the plate circuit. Means whereby this 
can be done are discussed in Chapter VIL The curvature of the 
characteristic causes the shape of the current wave in the output 
to be distorted, and is therefore a very imdesirable feature of the 
audion as an amplifier. On the other hand, the fact that the 
characteristic is curved simply increases the nximber of uses to 
which the audion can be put. Its abihty to detect electromagnetic 
waves lies in the curvature of its characteristic. This also makes 
it possible to use the tube for modulating high frequency waves for 
the purpose of radio or carrier telephony and telegraphy. The 
processes involved in detection and modulation are identical, 
and these are therefore treated together in Chapter IX. 

In Chapter X are described a few miscellaneous applications 
of the thermionic tube. This fist is intended to exemplify the 
manner of applying the principles of the tube and does not make 
any pretense at being complete. It is believed that the number of 
such applications is destined to increase considerably and that the 
tube will become of increasing importance not only in engineering 
practice, but also in university and college laboratories. 

A large number of names have been used to designate the three- 
electrode tjq3e of thermionic tube, such as audion, pliotron, 
triode, thermionic valve, etc. — an impressive array of names 
which certainly attests the importance of this de\dce. To fore- 
stall any possible confusion in the mind of the uninitiated reader 
I ma}’’ say that these names all apply to one and the same thing, 
namely the audion or three-electrode tube discussed in the 
following pages. 

The major portion of the development of the audion has taken 
place in the past eight years, but while the number of applications 
of the tube increases almost daily, we must frankly admit that 
as far as the tube itself is concerned, it was developed to a full 
grown and powerful instrument as early as 1914. The rapid 
development of this device, both in the United States and Europe 
and the popularity it has gamed, are due to a number of factors 
that have concurred to place it in the foreground. One obvious 
reason, of course, is its ability to perform such a large number 
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of ill If, Milt 111 it woncier thiii it has beea referred to 

as vvr^atile tulkinir iKsitle." 

Alii her fuetijr wliieh stiiimlated its development in the 
Ihiiti^d >tates wa> the |>ressinir n(*cessity for a satisfactory system 
of leleplit.jfie coniiiiunicati<.>ii over long distances — a necessity 
w^dcli ri‘>iilted from the rt-cognition of the telephone as a very 
iiiifMjrtiiii! factor ifi the •ntlustrial and commercial development 
Ilf tile country and the fact that the industries of the countiy are 
S 4 *atti:»riHl tjver extensive regions. It was evident to those skilled 
i.ri the art that the sine qiia non of such a system of telephone 
is a device that will amplify telephone currents 
withiiiit iiiii'iairing the quality of the transmitted speech more than 
can Ih^ toliTuted in commercial service. When the audion made 
its a|i|M,^ar:iiiee. tek^phone amplifiers or repeaters had already been 
t»iie of which, the mechanical reiKniter, still gives 
sii!i>f;it.*ti.>ry service on some of tlie long distance lines. But the 
|M)teBtiii.!iiies the audion were immcHiiately recognized by the 
leading telefihone engineers when it came into their hands in 1912. 
As the remix of a far-sighted palky baseil on the recognition of the 
iniiiieiuv of scientific icst^areh on industrial development, the 
fate of this device was placed in the hands of a number of well- 
tiamed research pliysieists and engineers. Its development pro- 
eetdcHl so rapidly tliat the summer of 1914 saw the three-electrode 
tulic* as the nqx^ater on a commercial system of telephone com- 
munication comaxaing New York with j^an Francisco. In order 
to iis4^ tliesc.^ tu!x‘s as nqx^aters on such a long telephone line, it 
staritis to reason that the tulx^s must lx? carefully designed and 
ecirist meted have n<.)t only cliaracteristics of definite prede- 
teniii!.x^fl value, but eharact eristics that remain constant over long 
fx^rioils iff time am.! differ Init little from one tube to another. 
This reqiiiris! a full understanding of the operation of the device, 
soiiietliiiig which was securcil in the comparatively short time 
only as the rt^siilt of a ver>’ intensive and well organized series of 
invocations t.iuriiig the years 1912 to 1914. These investiga- 
tmiis wtTe carrif*d out by the engineers of the American Telephone 
Si,id Tilc^grapli Company, and the Western Electric Company. 
AI,M>ui tlic same time the engineers of the General Electric Com- 
fMiny made a study of the characteristics of thennionic tubes and 
cfiricliei'i ilie world with valualde infonnation regarding them. 

Tlic rcsi.*arc4i and ilevelopmeiit work on the tube during these 
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years resulted in a large number of other uses to which it might 
be applied. Its possibilities in the radio field were recognized, 
and its application to this field resulted in Maich, 1915, in the 
successful transmission of speech by radio from Montauk Point, 
New York, to Wilmington, Delaware. These experiments which 
were undertaken by the American Telephone and Telegraph 
Company, and the Western Electric Company, were continued 
with the cooperation of the U. S. Navy Department and resulted, 
in the fall of 1915, in the successful transmission of speech from 
Arlington, Va., to Paris and Honolulu, a distance in the latter 
case of 5000 miles. 

The need for satisfactory systems of intelligence communica- 
tion in the war zone and the success of the audion tube resulted 
in an industrious development of this device and its applications 
in Europe. Most of the work that was done by the British, the 
French, the Germans, etc., is only coming to fight now after 
peace has been declared. Military necessity forbade the exchange 
of scientific information that can reasonably be expected in times 
of peace. This has caused a great deal of duplication of work, 
and makes it extremely difficult to give recognition to individuals 
for important contributions. However, the matter of crediting 
individual investigators is insignificant in comparison with the 
great benefit that the world has derived from a general recognition 
of the value of scientific research and the many-sided and intensive 
investigations to which this very important and even more prom- 
ising device has been subjected. 
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THERMIONIC YACUUM TUBE 
AND ITS APPLICATIONS 


CHAPTER I 

PROPERTIES OF ELECTRONS 

1. Electron and Corpuscle. The word electron was introduced 
»by Prof. G. Johnstone Stoney in 1891 to denote the natural unit 
of electricity/’ that is, the quantity of electricity which was 
found to be invariably carried by an atom of any univalent ele- 
ment (such as hydrogen) in electrolysis. Stoney did not imply 
that the electron was a small particle of something that carried 
a certain charge — ^the picture often formed of the electron; ac- 
cording to his definition the electron is simply a unit of charge 
and that is all. Corpuscle, on the other hand, is the name given 
by Sir J. J. Thomson to the carriers of electricity shot off from the 
cathodes in vacuum tubes. The researches of Thomson on the 
discharge through vacuum tubes showed that this corpuscle has a- 
negative charge equal to one electron. 

The two terms, electron and corpuscle, are frequently used 
indiscriminately. For this there is some justification, provided 
we understand, as is usually done, by the term electron the natural 
unit of negative electricity, and do not extend its meaning to 
include both positive and negative units as was originally intended 
by Stoney. With this restriction of the word electron there is no 
difference between the electron and Thomson’s corpuscle. The 
corpuscle was found to have a charge equal to the electron and a 
mass which is twts of that of the hydrogen atom. But the indis- 
criminate use of the terms electron and corpuscle is unfortunate, 
because it robs us of a name for the natural unit of charge, irre- 
spective of whether it is negative or positive. This objection is 
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usually overcome by referring to the unit of positive charge as the 
positire electron. This quantity, which has the same absolute 
value as the (negative) electron, is found always to be associated 
with a mass about 1800 times^ that associated with the electron. 
If the mass of the electron should be found to be entirely electro- 
magnetic, then there would be no difference between it and the 
ultimate unit of negative charge. 

In attempting to form a mental picture of the electron it is 
best not to associate in the mind the idea of a small particle 
having definite size and mass, in the ordinary sense, because the 
size and mass of an electron are things about which we must 
speak somewhat reservedly. The electron manifests itself only 
in \drtue of the electric and magnetic fields created by its presence 
in the surrounding medium, but whether or not its mass is 
entirely electromagnetic is as yet an open question. Furthermore, 
the theory of Abraham and Lorentz, for example, leads to the con- 
ception of two masses for the electron, namely, the so-caUed 
transverse and longitudinal masses. As regards the size of the 
electron, although an estimate has been made of what might be 
considered its effective radius by the simple process of integrating 
the energy" of the field, due to the slow-moving electron, it is not 
unlikely that this represents only one size obtained under one 
particular set of conditions. A, discussion of these matters is 
beyond the scope of this book, and we must content ourselves 
with only the most elementaiy explanation of some of the prop- 
erties of electrons, and onl}' insofar as they are needed for under- 
standing the more important phenomena encoimtered in vacuum 
tubes. 

2. Lines of force and tubes of force. When Faraday, 
almost a hundred years ago, found himself in a position to repu- 
diate the hypothesis of the action of forces at a distance, he had 
formed a conception of the nature of force action between elec- 
trically charged bodies which forms the basis of conceptions upon 
which modern physics is built. He pointed out that the electrical 
energ>^ lies in the medium between charged bodies and not in the 
bodies themselves. This conception, which is the parent of the 
electromagnetic theory, has also been of valuable service in the 
development of the electron theory. The motion of the electron 
through the medium, the ether, is somewhat analogous to the 
motion of a sphere through a liquid; the moving sphere sets the 
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surrounding liquid in motion with a velocity proportional to its 
own, so that to move the sphere the surrounding liquid must also 
be set in motion, with the result that the sphere behaves as if 
its mass were increased. The analogy is not complete because 
while the mass of the sphere is apparently increased in virtue of 
its being surrounded by the liquid, the mass of the electron is 
apparently entirely due to the condition of the surrounding 
medium. The analogy would be more nearly complete if the 
sphere were supposed to be practically weightless, such as a tennis 
ball kept completely immersed in a liquid, say by means of a string 
tied to the bottom of the liquid container. If we imagine that the 
string could move freely parallel to itself, then the inertia of the 
ball when moved in a plane perpendicular to the direction of the 
string will be due almost entirely to the motion of the hquid 
surrounding the ball. Such is the case when an electron moves 
in a plane. There is, however, this important difference: the 
moving electron does not drag the ether (that is, the surrounding 
medium) with it, as the ball drags the liquid in which it is im- 
mersed; what is dragged along is a modification of the ether. 
To get an understanding of this it is necessary 'to introduce the 
conception of lines and tubes of force. 

The conception of lines of force was introduced by Faraday 
to form a mental picture of the processes going on in the electric 
field. To him these lines were not mere mathematical abstrac- 
tions. He ascribed to them properties that gave them a real 
physical significance. They tenninate on opposite charges, are 
always in a state of tension, tending to shorten themselves, and are 
mutually repellent. The direction of a line of force at any point 
gives the direction of the field at that point. With the help of these 
properties of lines of force it is possible to obtain an idea of the dis- 
tribution of the intensity of the field surrounding electrically 
charged bodies. 

The idea of tubes of force has been introduced to make the 
method of Faraday metrical rather than merely descriptive. A 
tube of force is obtained by drawing a number of lines of force 
through the boundary of any small closed curve. The lines then 
form a tubular surface which, it can be proved, will never be cut 
by any lines of force, and the extremities of which enclose equal 
and opposite charges. By properly choosing the area of the sur- 
face enclosed by the curve through which the lines are drawm the 
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extremities of the tube can be made to enclo^ umt charge. Such 
a unit tiibB is called a haraday tube. ^Maxwell and J. J. Thomson 
have !iiade an exhaustive study of these tubes of force and expressed 
their properties in liiatheniatical terms. The result that interests 
us here is that a tube of force behaves as though it had inertia, 
so that in ordcT to move a tube work must be done. This explains 
why a charge behaves as if it had mass.^ 

3. Field of the “Stationary Electron.’" The electric field 
suiTOunding a |>oint charge equal to one electron far removed from 
other charges may be represented by lines of force in the manner 
shovm in Fig» L If this charge is at rest the field is a symmetrical 



Fig. 1 


electrostatic field, the lines of force being distributed uniformly 
in radial fashion. This is what may be called the field of the 
stationar}^ electron. Whether the electron actually consists of a 
small charge located at 0, or whether the modification of the ether, 
as represented by Fig. 1, itself constitutes what is known as the 
electron, is as yet an unanswered question. For our present 
purposes it makes no difference which of the two views is the cor- 
rect one, for the following reasons: It is known from elementary 
electrostatics that a charge which is uniformly distributed over the 

^ It mast be remarked that the conception of tubes of forces is used here 
merely to aid in understanding the phenomena. Whether or not tubes of 
force, or even the ether, possess any physical significance is a question. 
Modem developmente seem to indicate that this question must be answered 

m the nepitive. 
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surface of a sphere acts as if the whole charge were concentrated 
at the center of the sphere. Hence, if the isolated electron is only 
a symmetrical radial field with lines of force converging uniformly 
to a mathematical point, we can still look upon the field as being 
due to a charge concentrated at the point, or uniformly distributed 
over the surface of a small sphere whose center is at the point. 
We can therefore treat the electron as though it had definite 
size. When we say that the electronic charge is e we mean 
that the electron constitutes an electric field equivalent to that 
which would be obtained if a charge equal to e were concentrated 
at the center of the field. The intensity E of the field at a dis- 

tance r from the center of the field is then - 5 . The number of 

Faraday tubes passing through unit area at right angles to the 
direction of the tubes can be expressed by 


47r 47rr-‘ 


( 1 ) 


This quantity is often referred to as the electric displacement. 
Maxwell^s displacement current is nothing else but the time varia- 
tion of the density of the Faraday tubes. 

4. Field of the “Moving Electron.” Whenever an electron is in 
motion it is accompanied by a magnetic field. This field is 
created by the motion of the Faraday tubes invariably associated 
with the electron. J. J. Thomson has shown that if 6 be the angle 
between the direction of a Faraday tube and the direction in which 
it is moving at a point P with a velocity v, the motion of the tube 
produces a magnetic force at P equal to 4.7rv sin 6, The direction 
of the magnetic force is at right angles to the tube and the direc- 
tion in which it is moving. Hence, if a charge at 0 (Fig. 2 ) were 
moving in the direction OQ the lines of magnetic force would be 
circles having their centers along OQ, Here w^e have a magnetic 
field produced by the motion of a charge. But an electric current 
always produces a magnetic field. Hence a mo\dng charge and a 
cxirrent have the same effect. It can be shown that a charge e 
moving with a velocity v is equivalent to a current of magnitude 
ve, and if there are n charges the current is nev. This result, 
though seemingly obvious, is very important. We shall have 
occasion to make use of this result in the study of the discharge 
through vacuum tubes. A circuit in which a vacuum tube is 
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inserted consists of two parts: one, the ordinary metaUic circuit, 
and the other, the space between the cathode and the anode 
in the tube. In the tube we have to deal with the motion of 
electrons through space; this constitutes the so-called space 
current.” Problems encountered in this type of circuit are not so 
easily handled as those dealing with ordinary metallic circuits, 
because explanations of electrical phenomena in the latter are 
based on Ohm^s law', W'hereas circuits in which vacuum tubes are 
included do not obey Ohm’s law. The extent of the deviation 
from Ohm’s law in such circuits depends upon the nature of the 
discharge through the tube and the relative values of the impe- 
dance of the tube and that of the metallic circuit. 



6. Mass of the Electron. Let us consider the case of an 
electron moving with uniform speed through the ether in the 
direction OQ (Fig. 2). If the velocity with which the electron 
moves is small compared with that of light the tubes of force will 
be uniformly distributed as in the case of the stationary electron. 
Hence the displacement or density of the Faraday tubes at P is, 

as we have seen above, equal to and therefore the magnetic 
force produced at the point P by the moving electron is 

^ evsind .. 

(la) 

It is known from elementar^^ physics that the energy in unit volume 
of a magnetic field at a point where the magnetic intensity is H 

is Hence the energy of the field at the point P is 

OTT 

sin^ B 
8irr^ 
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Integrating this over the whole space from infinity up to a small 

distance a from 0, the total energy of the field is found to l>e ~ . 

3a 

Now, the kinetic energy of mass m moving with a velocity r is 
^mi^. If the body has a charge e we have to add to this energi,^ 

so that the total energy of the system is 



f2i 


and it therefore appears that the mass of the moving charged body 

is instead of only m\ the mass of the uncharged hotly. 

The second term represents the electromagnetic mass. The 
quantity a is what w^e may term the radius of the electron. This, 
however, does not necessarily mean that the electron is a well- 
defined sphere of radius a; all it means is that where an electron 
manifests itself the modification of the ether is such as would 
exist if a charge e were uniformly distributed over the surface 
of a sphere of radius equal to a. The quantity a merely represents 
one of the limits of integration arbitrarily assumed in summing 
the total magnetic energy in the w’hole space through wiiich the 
electron moves. 

In deriving the above expression for the energy of the moving 
electron, it was assumed that the field of the moving electron 
is the same as that of the stationary electron. This is, however, 
only the case if the electron moves slowly, because %vhen a Faraday 
tube is moved it tends to set itself at right angles to the direction 
of motion. The tubes constituting the electron therefore tend to 
crowd together in a plane perpendicular to the direction of motion 
of the electron. The result is an increase in the inertia or mass 
I of the electron, because more work must l>e done to move a 
Faraday tube parallel to itself than along its own direction, just 
as it is harder to move a log of wood in the water parallel to 
itself than to move it endwise. This increase in the msyss of the 
electron only becomes appreciable when it moves with a speed 
I greater than about one-tenth that of light; for speeds less than 
^ this the expression (2) can be taken to give the mass of the elec- 
tron to a firet approximation, but for higher speeds the deter- 
mination of the mass becomes more complicated. The mass of 
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the elect roil is measured by the ratio of the force to the accelera- 
tion lo which it gives rise. According to the theory of Abraham 
and Lfifentz the electron has two masses: the longitudinal mass, 
wlieii it is aceelerateii in the direction of motion, and the trans- 
versi‘ mass, when it is accelerated perpendicular to the direction 
of iiiotiuo of the electron. If m represents the mass of the slow- 
iiioving electron, then the longitudinal and transverse masses 
Ml and m 2 are given by 



where c is the speed of light. It is seen that as the speed of the 
electron approaches that of liglu, its electromagnetic mass tends 
to !>ecome infinitely large. The transverse mass of the high- 
speed electron for various speeds has been determined by Kauf- 
inann and Biiclierer.^ Their experiments verify the above ex- 
pression for the transverse mass. From this it would seem that 
the mass of the electron is entirely electromagnetic. Later 
developments of the Theoiw of Relativity have rendered this con- 
clusion somewhat questionable, so that there does not seem to be 
definite experimental evidence to indicate that the electronic 
mass is entirely electromagnetic.- 

On the assumption that the mass is entirely electromagnetic 
equation (2) would give the following expression for the simple 
ma-s of the slow-moving electron. 


If the known values of e and m are inserted in this expression 
we find :i vrdue for a which is 2X10”^^ cm. This effective radius 
of tlie slow-moving electron is therefore only about one fifty- 
thousandth of the radius of the hydrogen atom. 

nV. Kaufmanx, Goott. Xachr. Math.-Phys. 1 \ 1 ., p. 143, 1901: p. 291, 
1902, p. 90, HK)3. For later exj>eriments of Kaupm^axn, Ann. d. Phys., 
Vo!. 19, p. 4S7, 1906. A. H. Bucherer, Phys. Zeitschr., Vol. 9, p. 755, 1908. 

® For a discussion of this and allied questions, the reader might refer to 
H. A. L/jREN'TZ, “ The Theory of Electrons ” arid L. Silberstein, “ The 
Theory of Relativity.” 


PROPERTIES OF ELECTRON^ 



6. Effect of Electric Field on the Motion of 

To find the effect of an electric field on an electron is 
tively simple matter as long as the field is uniform. Suppose^ 
have two infinitely large parallel plates OY and QR (Fig. 3) with 
a potential difference V between them, 
and let the electron be projected with 
a velocity vq from the point 0 in the 
direction OQ. On account of the 
electric field between the' plates the 
velocity of the electron will be con- 
tinually increased on its way to Q. 

The kinetic energy of the electron at 
the moment of its leaving 0 is 
if its velocity on reaching Q is z; its 
kinetic energy at Q will be The 

difference in these values of the kinetic 

energy is due to the applied electric field. If E is the intensity 
of the field at a point between the plates, the force acting on the 
electron is Ee and the work done on it is ejEds, where ds is 
an element of the path along OQ. But Eds = dV, the potential 
difference between the ends of the element of path ds. 

Hence 



efEds^Vc=imv^-^mvo^. (4) 

Now, suppose the electron be projected with a velocity vq 
in the direction OP, where OP makes an angle with the direction 
OQ of the field. Since the only force acting is the electric force 
Xe, we have for the equations of motion: 


7=0 1 


Xe = VI- 


fx 

'dP 


( 5 ) 


where m is the mass of the electron, e its cha,rge and X the intensity 
of the field which is supposed to be constant and uniform between 
the plates. The 7 component of the initial velocity is vq sin 0, 
so that 


y = vot sin 


( 6 ) 
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Integrating (5) and inserting the value of t from (6) we get: 


I 

2m V(? sin^ <p 


y cot 4). 


( 7 ) 


This equation gives the point R at which the electron will 
strike the plate QR when the distance x between the plates and the 
intensity of the field are known. If the electron starts from 0 
in the direction OY, <j> is 90° and equation (7) becomes 




( 8 ) 


This equation enables us to calculate the deviation x of an electron 
from its path by an electric field perpendicular to the original 
direction of motion of the electron. 

So far we have assumed that the lines of force between the 
plates are straight. If this is not the case the motion of the 
electron is not easily determined. The case in which the electron 
moves from a straight wire to a plate is one in which the field is 
not uniform. Such cases are frequently met with in the study 
of discharge through vacuum tubes, and the problems involved 
become so diflacult that the desired result is often more easily 
determined empirically. Such is, for example the case with the 
three-electrode thermionic amphfier. The classification of cases 
dealing with electric fields that can be represented by straight 
lines of force and which can be handled mathematically is a purely 
geometrical matter. Such fields are obtained with the following 
structures: (a) Both electrodes are infinitely large parallel 
plates; (b) one electrode is an infinitely long cyhnder and the 
other an infinitely long wire in the axis of the cylinder; (c) both 
electrodes are infinitely long co-axial cyhnders; (d) one electrode 
is a sphere and the other a point in the center of the sphere; (e) 
both electrodes are concentric spheres. It will be recognized that 
in all these cases the fines of electric force are straight. 

7. Effect of Magnetic Field on the Motion of an Electron. 
Now, instead of aq electric field let us apply a magnetic field 
to the moving electron. As was shown above an electron moving 
with a velocity v is equivalent to an electric current i~ve. We 
can therefore directly apply the well-known law connecting the 
mechanical force F exerted by a magnetic field of intensity H on 
a current i] namely, F^yHi, where m is the permeability of the 
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medium. Since we are considering the motion of an electron 
' through space we can put m — 1? so that the force on the electron is 

F==Hev,/. (9) 


This force is at every instant at right angles to both the direction 
of motion of the electron and that of the magnetic field. Thus, 
referring to Fig. 3, if the electron starts in the direction OX and 
the magnetic field be perpendicular to the plane of the paper 
and directed downwards, the electron will be deviated from OX in 
the direction OF'. Now, when the force acting on a body is 
always at right angles to its direction of motion the body must 
describe a circular path, the force being given by 



where r is the radius of curvature. 

( 10 ): 

mv 


Hence, we get from (9) and 
. ( 11 ) 


This equation shows how strong the magnetic field must be to 
make the electron travel in a circle of any desired radius. 

Equation (11) expresses an interesting and useful result. 
We shall mention a few of its applications here. We saw above 
that a moving electron creates a magnetic field whose lines of force 
are circles having their centers along the path of the electron. 
Now consider two electrons moving side by side in the same direc- 
tion. Obviously the magnetic field produced by each must 
exert a mechanical force on the other in the sense explained above. 
A consideration of the directions of these mechanical forces will 
show that the two moving electrons tend to attract each other. 
This result is not contrary to the fundamental law of electrostatics 
that hke charges are repellent. The mutual attraction exerted by 
the electrons is due only to their motion and increases with their 
velocity. If they moved in opposite directions they would repel 
each other. It follows from this that an electron stream in a 
vacuum tube would tend to shrink together if the velocity with 
which the electrons move become sufficiently high, the shrinkage 
increasing with the velocity with which the electrons comprising 
the stream move. In ordinary cases the velocity of the electrons 
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in a vacuum tiilye ^mall I'of the order of a million centimeters 
|'M*r MViiiiti; that the shrinkage of the electron stream due, to the 
reilutaioii in the mutual electrostatic repulsion is inappreciable. 

If the electron source in a vacuum tube is a hot cathode the 
ek^et rolls are emitted from it in ail directions: the electron stream 
nil! therefiire generally spread out as the distance from the 
caihi.«le increase's. This spreading can be prevented by means of a 
magnetic* field applied in a suitable way to the stream. In Fig. 
4 let (’ k* the hot cathode, P an anode and .4 an electrode with 
an a|>ertiire in its center. Let .4 and P be connected and a poten- 
tial difference applied between them and the cathode. Of the 
ek*ctrons laoving away from the cathode some go to A and some 
siiiMjt througii the a|>erture in A and pass on to F, Between C 



and A their vcJocity will l>e continually increased by the electric 
fiedei existing l>etween C and .4, but after passing A they will 
eontuiue to move with the same velocity which they had on 
reaching .4, since *4 and P are at the same potential. If now a 
magnetic field in the <lireetion -4P t>e applied by means of a coil 
as shown in the figure, it will sc^en, by applying the above laws, 
that the c4t*ctroiis will travel along a helical path, the diameter 
of which decreases as the strength of the magnetic field is in- 
creased. In Fig. 5, II represents the direction of the magnetic 
field, F the direction of the force on the electron, and S the path 
1,4 the electron, which is at right angles to F and II. The motion 
due to the force F, wdieii added to the primaiy motion in the 
ilirectic.ui of 11, which the electron has when passing through the 
a |M* ft lire in A. of Fig. 4, rt^sults in the electron deseriliing a helical 
path. If the magnetic field l;>e made sufficiently strong the 
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diameter of the helix can be made so narrow that the electrons 
practically travel in a straight line along the axis of the tube. 

The study of the motion of an electron in a magnetic field 
has been successfully applied to the determination of the mass of 
the electron. Referring to equation (8) it is seen that if we know 
the velocity vq with which an electron moves and determine 
experimentally the extent y to which the electron stream is de- 
flected by an electric field X whose direction is at right angles 
to the direction of motion of the electron, we can calculate the 

value of — . In order to obtain the velocity all that is necessary 
m 

is to apply a magnetic field in such a way as to counterbalance the 
deflection of the electron stream caused by the electric field. Then 
the magnetic force given by equation (9) must be equal to the 
electric force eX, Hence 

i’o=g (12> 

Milhkan has accurately determined the value e of the electronic? 
charge.^ Hence, knowing e and ~ we can obtain the mass m of 

the electron. This value has been found to be 9.01 X 10“^® grm. 

8. The Accelerated Electron. Radiation. We have seen that 
an electron possesses inertia. From this it follows that in order 
to accelerate an electron work must be done on it and if it is 
retarded in its motion it must give up part of its kinetic energy. 
If the inertia of an electron is wholly electromagnetic the work 
done in accelerating it is work done on lines of force. Suppose a 
charge with its connecting lines of force moves through space 
with a uniform velocity. If this charge is suddenly retarded the 
ends of the lines of force terminating- Pn it will be, so to speak, 
jerked backwards. In accordance with the properties of lines 
of force this kink created at the end of the line will not be trans- 
mitted along the whole line instantaneously but will be propagated 
along it with a finite velocity — ^the velocity of light. These kinks 
in the lines are the seat of that part of the energy which the 
electron gives up when retarded. It can be shown that the 
electric and magnetic forces associated with a kinked line are 
more intense than those associated with a straight line. In 

^ R. A. Millikan, The Electron,” University of Chicago Press, 1917. 
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the latter case the electric force at a distance r from the center 

c cc * 

of the electron is — electrostatic units, or — electromagnetic 

units, c being the velocity of light, and the magnetic force that 
given by equation (lo). If, however, an electron be retarded the 
electric and magnetic forces E and If at a point distant r from 
the center of the electron at the moment the kink passes through 
that point are: 

„ ef sin d 1 


ef sin d 


where / is the acceleration and 6 the angle between the r and 
the direction of motion of the electron. E and H are at right 
angles to each other and to the direction of propagation of the 
kink in the line. The energy radiated by the electron is there- 
fore radiated as electromagnetic energ;^^ with the speed of light. 

The total amount of energy radiated by the electron is ^ 

If now such an electromagnetic disturbance passes over an 
electron moving with uniform velocity the electric and magnetic 
fields associated with it will be modified by the intense fields in 
the disturbances and this modification is propagated to the center 
of the moving electron along the lines of force constituting it. 
The result is a change in the motion of the electron. It is seen 
therefore that the energy of a moving electron can be transformed 
in«o radiation energy and vice versa, the transformation always 
taking place when the electron is retarded or accelerated. This 
result is an important agency in the production of dislodged elec- 
trons, that is, electrons in such a state that they can be readily 
utilized for purposes of discharge in vacuum tubes. An electron 
which is bound to an atom of a gas or vapor, or to a substance, 
can be dislodged by passing an electromagnetic disturbance in 
the form of light or X-rays over it, in w’^hich case the energy 
imparted to the electron may be so great that it can overcome 
the forces that bind it to the atom or substance. 

A bound electron can also be dislodged by arresting the 
motion of a high-speed electron in its neighborhood. In this case 
the kinetic energy of the moving electron is first transformed into 
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energy of radiation, part of which is in turn transferred to the 
bound electron. 

9. Relation between Space Charge and Potential Distribution, 

In dealing with the conduction of electricity by dislodged electrons 
or positive ions, it is necessary to consider the effect exerted by 
their presence on the potential distribution between the electrodes. 
The difference between the number of electrons and positive ions 
in unit volume, multiplied by the charge per ion, is usually referred 
to as the space charge or volume density of electrification. 

If, in the space between two electrodes, there are no positive 
ions, and n electrons, and if the charge on the positive ion and the 
electron be eo and e, then the distribution of potential between 
the electrodes can be expressed by 

9^7 , 9 ^ 7 , 3^7 , , 

.... (14) 

where 7 is the potential at a point having the coordinates rr, y 
and z. This equation is known as Poisson^ s equation. It has been 
used extensively in investigations dealing with the conduction of 
electricity through gases and high vacua. 

In applying this equation to the case in which the charges 
are contained between two infinitely large parallel plates, between 
which a potential difference is applied, the lines of force are 
straight and everywhere perpendicular to the plates, so that the 
equipotential surfaces are planes parallel to the plates. The last 
two terms on the left-hand side of equation (14) therefore vanish 
and we get 

d^V 

^~^=47r(n6-~noeo)=47rp, . . . , . (15) 


where p is the volume density of electrification or space charge. 

If there are no free charges between the plates, or if the total 
positive charge in every volume element is equal to the total 


negative charge, we have ne— 710 ^ 0 = 0, and ^ = constant. 


We 


then have the simple case of infinitely large parallel plates at dif- 
ferent potentials, but with no charges between them, in which 
the potential at different points is a linear function of the distance 
X from one plate. For the case of high vacuum tubes in which the 
current is carried almost exclusively by electrons, uq — Q and 
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DISLODGMENT OF ELECTRONS FROM ATOMS OF 
VAPORS AND GASES. IONIZATION 

10. Occurrence of Electrons. In this and the following 
chapter will be discussed the conditions in which electrons 
normally exist and the means whereby they can be brought into 
such a state that they are readily available for discharge in 
vacuum tubes. 

Since all charged bodies attract, or are attracted by, oppositely 
chained or uncharged bodies, it is to be expected that there are 
comparatively few electrons floating around free in nature. 
By far the larger number of electrons exist as the building stones 
of which all matter is built up, and they are held in this condition 
by very strong forces. These forces are due to the positive elec- 
trons in the nuclei of the atoms. Such atomic systems, con- 
jds ting of electrons and positive electrons, are electrically neutral 
and are not affected by an electric field. The fact that the 
conductivity of a gas or vapor is very small is an indication that 
there can only be very few electrons in the gas or vapor that are 
not bound in electrically neutral systems. In the case of con- 
ducting solids the number of electrons that are free, or that can 
imdily be made free by the application of an electric field, is com- 
paratively large, so that such solids are said to be good conduc- 
tors of electricity. But such electrons cannot be said to be dis- 
lodged. They are only available for discharge through conductors 
and not for discharge between conductors separated by a gaseous 
or vacuous medium. For the latter purpose they must be dis- 
lodged not only from the atoms in the substance but also from the 
^bstance itself. 

11. lonizatioii. The process of the production of dislodged 
electrons is known as ionization. In all cases this process involves 
overcoming the forces that hold the electrons in the atoms or in 
the substance. In accordance with the properties of electrons 
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described in the preceding chapter it will be evident that this can 
be done in three ways, viz. : (a) by means of the impact of electrons 
or positive ions on the atoms or substance; (Jb) by means of electro- 
magnetic radiation: (c) by means of heat. The first of these 
three processes gives rise to the phenomenon of delta rays, or 
secondary electron emission, the second gives rise to the so-called 
photoelectric effect, and the third forms the basis of the subject 
of thermionics. The present chapter will be devoted to a dis- 
cussion of the phenomena accompanying the dislodgment of 
electrons from the atoms of vapors and gases, the problems of the 
dislodgment of electrons from solid substances being reseiwed 
for the next chapter. 

12. Constitution of the Atom. Although very little is known 
about the exact nature of the processes going on in an atom when 
its equilibrium is disturbed, there are nevertheless a certain num- 
ber of experimentally determined facts giving rise to theories 
that successfully account for many of the phenomena encountered 
in the ionization of atoms. 

There is very little doubt but that the atom consists of a number 
of electrons grouped around a number of positive electrons. 
The absolute value of the positive electronic charge is the same 
as the electron, but its mass is 1845 times as great. The positive 
electrons in an atom form the atomic nucleus, while tho electrons 
are separated from the nucleus by distances that are large compared 
with their size. For our present purposes it does not matter how 
these mutually repellent positive electrons are held together in 
the nucleus; it is likely that they are held together by electrons 
so that the nucleus reaUy consists of a group of positive and nega- 
tive electrons having a resultant positive charge equal to the sum 
of the electronic charges outside the nucleus. There is reason to 
believe that the electrons grouped around the positive nucelus 
revolve in nearly circular orbits round the nucleus. If the elec- 
trons did not revolve, the force of attraction between them and the 
nucleus would cause them to drop into the nucleus. On the 
other hand, it follows from ordinary mechanics that when an elec- 
tron revolves round a positive nucleus it must be constantly 
accelerated and must therefore be constantly radiating energy. 
In such case a simple system like the hydrogen atom, which con- 
sists of a single positive and one negative electron, would radiate 
all of its energy in such a short time that it really could not exist 
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at all. An attempt to overcome this difficulty has been made by 
Bohr by making an assumption which frankly repudiates New- 
tonian mechanics for atomic systems. Bohr assumes that although 
the electron revolves round the positive nucleus, it does not 
radiate any of its energ\^ as long as it remains at the same distance 
from the nucleus, energy- being only radiated or absorbed when 
this distance is decreased or increased, and this happens only 
when the distance is changed by definite amounts so that the 
energy” is radiated or absorbed in definite quanta. Bohr's atom 
has been successful in explaining and predicting a number of 
phenomena, but although there is an element of truth in it, it is 
still far from the whole truth. We shall therefore not enter into 
any further discussion of it. Suffice it to say that the necessity 
for introducing such assumptions as Bohr's, and the assumption of 
energy radiation by definite quanta, which was originated by 
Planck, seems to indicate that in dealing with atomic systems 
we can apply the Ne^i:onian system of mechanics only when the 
atoms are in a steady but not in a varying state. Since Newtonian 
mechanics was built up on an experimental basis of large-scale 
phenomena, one would not necessarily expect it to give an explana- 
tion of atomic phenomena. 

But apart from the question of the behavior of the electrons 
in the atom, recent experiments have given conclusive evidence 
that the atom consists of a number of electrons held together in 
some configuration by a heavy positive nucleus. The total 
charge of the nucleus is equal to the sum of the charges of the 
electrons, so that the atom is electrically neutral. The total 
positive charge, or the number of electrons, determines the chemi- 
cal nature of the atom. Starting with the lightest known element, 
hydrogen, all the elements with a few slight deviations are obtained, 
in the order of their atomic weights, by successively adding one 
electron and the equivalent positive charge. 

The process of ionization consists in the detachment of one or 
more electrons from the atom, thus leaving the atom positively 
charged. An atom from which one or more electrons have been 
removed is known as a positive ion. If the atoms of a gas be 
ionized and a potential difference be applied between two plates 
immersed in the gas, the positive ions will move, under the in- 
fluence of the electric field, to the negative plate and the electrons 
to the positive plate. If the pressure of the gas is not too low 
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and the speed of the ions or electrons not too high, fche electrons 
that have been detached from the atoms will attract other neutral 
atoms and thus form negative ions, and these will move to the 
positive plate. A negative ion is therefore an atom which has 
more electrons than are necessary to balance the charge due 
to the positive nucleus. 

In order to ionize an atom the forces that hold the electrons 
to the nucleus must be overcome. These forces depend partly 
on the distance between the electron and the positive nucleus. 
Considering the case of an atomic system, consisting of a single 
positive and one negative electron, the mass of the former being 
very much larger than that of the latter, the electron can revolve 
round the positive electron, or escape from it, according as its 
kinetic energy is smaller or greater than its potential energy, and 
in the formation of the system a certain amount of work is done 
by the electrical forces until this equality is attained. This energy 
of formation therefore gives a measure of the work which must be 
done to remove the electron from the nucleus, and will be greater 
the smaller the distance between the electron and the nucleus. 
Secondly, the work necessary to remove the electron depends on the 
number of electrons grouped round the nucleus, and on the con- 
figuration of the system. It can be seen in a general way that if 
there are a number of electrons grouped, for example, in a ring 
round the nucleus, the repulsion exerted by the other electrons 
would make it easier to remove an electron than would be the case 
of a system consisting of only one electron and one positive 
electron. Now, the way in which the electrons are grouped 
depends upon the number of electrons in the atom. If they are 
grouped in rings the heaviest atom that can have all its electrons 
in one ring only is that which contains eight electrons, namely, the 
oxygen atom. Heavier atoms would then have their electrons 
arranged in two rings, still heavier in three rings, and so on. It 
can therefore be seen in a general way that it would require a 
smaller expenditure of energy to detach an electron from an 
oxygen atom than from an atom of hydrogen. 

13. Radiation from Atoms caused by Bombardment of Elec- 
trons. Let us now look into the process of ionization in greater 
detail. Suppose we have a tube containing mercury vapor and 
two electrodes, A and B, one of which is a source of electrons. 
Let a potential difference be applied between the electrodes so that 
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the electrons are driven from the one to the other, say, from A to B. 
On their way these electrons will collide with some of the atoms 
of the vapor, the velocity with which they collide increasing 
on their way in virtue of the electric field between the electrodes. 
If the electrons start with zero velocity from the electrode A, 
their velocity v after having dropped through a potential difference 
V is given by where e is the electronic charge. Now, 

it has been found^ that as long as the electrons strike the atoms 
of the vapor with a velocity which is less than that corresponding 
to a drop through a certain definite voltage, which, in the case of 
mercury, is about 5 volts, they are reflected from the atoms with- 
out any loss of energy. The impact is therefore elastic. If, 
however, the electrons strike the atoms with a velocity greater than 
this value, they lose part or all of their energy, and at the same 
time the atom radiates energy in the form of monochromatic 
light. The frequency v of the light radiated is given by the 
following relation: 

Ve=hv (1) 

where V is the voltage through which the electron has dropped, 
and h is Planck’s constant of action. The product hv has the 
dimensions of energy. The above equation expresses one of the 
most important relations of modern physics. It was not derived 
from the impact experiments of Franck and Hertz just men- 
tioned; these experiments give only one of the experimental 
verifications of the relation. It was originally deduced by Ein- 
stein on the basis of Planck’s quantum theory of radiation. Ein- 
stein’s equation will be more fully discussed when we come to con- 
sider the photo-electric effect. 

The emission of light in the form of monochromatic radiation 
is due to the electron in the atom not acquiring sufficient energy 
from the colliding electron to get out of reach of the forces of 
attraction of the nucleus, and it consequently drops back to its 
original position, thus giving up the energy, in the form of mono- 
chromatic radiation, which it has acquired from the colliding 
electron. The frequency of the light emitted is characteristic 
of the atom and is referred to as characteristic radiation. All 
known atoms have a large number of characteristic frequencies. 

1 Franck and Hertz, Verb. d. D. Phys. Ges., VoL 16, pp. 457 and 512. 
1914. 
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These frequencies form the line spectra observed in the discharge 
through gases and vapors. 

The blue glow observed in vacuum tubes that are not well 
evacuated is due to the impact of electrons on the molecules of the 
residual gas and is the resultant of a large number of character- 
istic frequencies emitted when the electrons in the atoms that are 
displaced by the colliding electrons drop back to their original 
positions of equilibrium. Whenever the blue glow appears some of 
the electrons in the atoms are displaced beyond the forces of attrac- 
tion of the atoms and take part in the current convection through 
the tube. This process of completely detaching electrons from the 
atoms by means of colliding electrons is known as ionization by 
collision. The blue glow in vacuum tubes is therefore always 
an indication that ionization by collision takes place. 

As was explained in the first chapter, an electron can also 
acquire energy from a light wave passing over it. And since 
the energy in a wave and the energy of an electron are related as 
shown by equation (1), it follows that a wave of frequency v can 
produce the same effects explained above that are produced by an 
electron that has dropped through a voltage V, where V and v 
are related by equation (1). 

14. Ionization Voltage and Convergence Frequency. The 

least energy with which an electron must collide with an atom 
in order to completely detach an electron from the atom of any 
gas or vapor is known as the ionization energy of the gas or vapor. 
This amount of energy is usually expressed in terms of the voltage 
through which the electron drops before it collides with the atom, 
and is then referied to as the ionization voltage. The ionization 
voltage is the ionization energy divided by the charge of the elec- 
tron. 

When an electron in the atom is displaced to such an extent 
that the force of attraction of the parent atom just manages 
to pull it back to its original position within the atom, a character- 
istic radiation is emitted whose frequency is known as the converge 
ence frequency. It is the shortest wave length that can be emitted 
by the most loosely-bound electrons in the normal atom. Apply- 
ing equation (1) we can, if we know the convergence frequency, 
compute the ionization voltage. This relation is important be- 
cause it is often easier to obtain the ionization voltage by measur- 
ing the convergence frequency from observation of the line spectra 
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of the gas or vapor than by measuring the ionization voltage 
itself. Direct determinations have been made of the ionization 
voltage of various gases and vapors, but there is reason to believe 
that most of the values obtained are not reliable. The following 
values of the ionization voltage, computed from the convergence 
frequencies, give an idea of the order of magnitude of this important 
quantity. 


Substance. 

jVIercury vapor. . . 

Zinc vapor 

Magnesium vapor 
Calcium vapor . . . 

Helium 

Hydrogen 


Ionization Voltage 
Volts. 

10.4 

9.24 

9.13 

9.96 

29.00 

13.6 


Since an electron can ionize a gas atom after having dropped 
through the ionization voltage of the gas, it follows that in a vac- 
uum tube which contains some residual gas, ionization always 
takes place if the voltage applied between cathode and anode 
exceeds the ionization voltage. Now, it is impossible completely 
to remove the last traces of gases and vapors from a vacuum tube. 
Hence, in thermionic tubes operating on apphed voltages greater 
than those given in the above table some ionization by collision 
always takes place, although the amount of ionization in well- 
evacuated tubes may not be large enough to cause an appreciable 
effect on the operation of fche lube. A discharge which is carried 
entirely by electrons is a pure electron discharge. When the term 
is applied to the discharge through vacuum tubes, as actually 
realized in practice, it does not necessarily mean a discharge which 
is carried entirely by electrons, but one in which the number of 
positive ions formed by collision ionization is so small as not to 
have any appreciable influence on the operation of the tube. 


CHAPTER III 


DISLODGMENT OF ELECTRONS FROM SOLED 
SUBSTANCES 

15. Free Electrons. If a substance contains electrons that are 
not bound bo atoms to form electrically neutral systems, the sub- 
stance must be conducting, because if it were placed in an electric 
field the free electrons would move in the direction of the field 
and thus establish a current in the substance. In order to account 
for the conductivity of metallic substances the assumption has been 
made that metals contain a large number of free electrons. This 
assumption has been questioned. On the other hand, the fact 
that a substance conducts electricity indicates that it must enable 
electrons to pass freely through it under the application of an 
electric field. It is possible that the conductivity of metals is 
due bo the frequency of collision of the atoms of the metal with each 
other. When two atoms colHde there is a chance that an electron 
originally belonging to one of the atoms comes so well within the 
field of force of the other atom that it is attracted with equal 
forces by both atoms, so that the resultant force on the electron 
is very small. The electron would therefore be essentially free 
at that moment and if the metal were placed in an electric field 
by applying a potential difference between its ends, the electron 
would move in the direction of the field. This would, of course, 
leave one of the atoms positively charged, bub its loss would 
immediately be compensated for by electrons coming from the 
source of potential difference. On account of the frequency 
of collisions of the atoms in the metal a large number of electrons 
can thus be set free and made to move along the lines of force of 
an applied field. In the case of gases where the atoms are rela- 
tively far apart, the chance of this happening is very small, so that 
a gas is not a good conductor of electricity. 

16. Force that Holds Electrons in Substance. The electrons 
and atoms of a solid substance, like the atoms of a gas, possess 
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kinetic energy and are in a constant state of motion. Now, 
if the electrons in a substance possess kinetic energy the ques- 
tion arises why do they not escape from the substance. The 
answer to this question is an assumption that there exists 
at the surface of the substance a force which tends to keep 
the electrons in the substance. Being an assumption it is 
necessarily a very unsatisfactory answer. But there is a good 
reason to believe that this assumption, which was made by 0. W. 
Richardson in 1901, is one which did not lead us astray. In fact 
recent developments regarding the structure of the atom lead us 
to believe that such a force which tends to hold electrons in a 
substance must necessarily exist at the surface of the substance, 
and Richardson’s assumption can be explained in a manner 
which is entirely consistent with our physical conceptions. In 
order to escape from the surface of the substance an electron 
must do w^ork in overcoming the force wliich tends to hold it in the 
substance, and this amount of work it does at the expense of its 
own kinetic energy. For all known substances the work which 
an electron must do to escape, and the amount of kinetic energy 
possessed by the electrons in the substances are of such order of 
magnitude that only very few electrons manage to escape at 
ordinary temperatures. By far the larger number of them would 
have to expend more energy than they possess, so that they are 
held within the substance. 

The work which an electron must do to escape from the surface 
of a substance is sometimes referred to as the electron evaporation 
constant.” Generally it is expressed in terms of equivalent volts. 
The evaporation constant w and the equivalent voltage 0 are con- 
nected by the relation 


where e is the electron charge. We shall in the following refer to cj) 
as the electron affinity. This quantity is the most important con- 
stant in thermionics. It determines the thermionic current that 
can be obtained from any particular type of cathode at any desired 
temperature, and is characteristic of the substance used as cathode. 
The smaller (}> is, the larger is the thermionic current that can be 
obtained. It is desirable that cathodes be used in thermionic 
tubes for which is as small as possible, because the power that 
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must be dissipated in the heating of the cathode to obtain a definite 
thermionic current decreases as <^> is decreased. This implies 
economy of operation as well as increased life of the tube, be- 
cause of the lower temperature at which the cathode can be 
operated. The coated type of cathode (Wehnelt cathode) is an 
example of a cathode that has been so treated as to obtain a low 
value of the electron affinity. 

To obtain a better insight into the nature of the electron 
afl5.nity, let us consider an evacuated enclosure divided into two 
parts A and S by a surface S. Let A and B each contain a number 
of electrons and suppose that the electrons in B can pass freely 
through the surface into A, but in passing from A to B they must 
do a certain amount of work w. The electrons in A and B possess 
kinetic energy like the molecules of a gas; they will therefore 
move about at random, continually passing through the surfaced 
in either direction. The steady state will be reached when as many 
electrons pass per second from A to S as from B to A. When this 
state is attained there will be more electrons in A than in B, 
The relation between these numbers is given by Boltzman’s 
equation: 

-il N 

n=Nt kT or w — hT \og-^^ ..... (2) 

where N and n denote the number of electrons per unit volume in 
A and B respectively, T the temperature cf the system, w the work 
which an electron must do to move from A to B and k the gas con- 
stant per electron, sometimes referred to as Boltzmann^s constant. 
This constant k is two-thirds of the average kinetic energy which 
an electron possesses at a temperature of 1° absolute and is equal 
to 1.36X10“^® erg. 

We can now replace the part A within our enclosure by a metal, 
so that the surface 8 is the surface of the metal. The replacement 
is entirely in accordance with our fundamental assumption that in 
escaping from the metal an electron must do a certain definite 
amount of work. The number of electrons immediately outside 
the surface of the metal will then be related to the number inside 
the metal by the above equation (2). It is seen then that the 
number n that escape from the metal depend upon the two factors 
T and and that this number increases as the temperature of the 
system is increased or as w is decreased. Moreover, it is seen 
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that, smce both T and w appear in the exponent of e, a small 
change in either of them causes a considerable change in the 
number of electrons that escape from the metal. If, on the other 
hand, both T and w be kept constant, the number which escapes 
increases as the number of electrons N in the metal is increased. 
This increase is, however, not nearly as effective as that occasioned 
by a decrease in w. These considerations show the importance 
of the constant w. Its influence on the phenomena encountered 
in the thermionic discharges goes even further than this, as we 
shall now proceed to show. ? 

17. Contact Electromotive Force. The advent of galvanic 
electricity was the discovery by Volta, over a hundred years ago, 
that when two pieces of different metals were placed in contact 
and then separated they acquire electric charges. If the two 
pieces of different metals were placed in an electrolyte and joined 
by a wire outside the electrolyte a current is established in the 
circuit so formed. The nature of this force which drives elec- 
tricity round the circuit and is known as contact electromotive 
force was never understood until recently. It was only in the last 
two decades that it was shown conclusively, mainly by O. W. 
Richardson and P. Debije, that the contact electromotive force 
is an intrinsic property of metals and is determined by the electron 
evaporation constant w. The connection between the contact 
E.M.F. and the evaporation constant w can be gathered from the 
following. Since an electron must do work in escaping through 
the surface of a metal, it foUows that two points, one outside of 
the surface and the other inside, must be at different potentials. 
This difference of potential is given by equation (1). Now suppose 
we have two slabs of different material, such as copper and zinc. 
Let them be connected by a copper wire as shown in Fig. 6, and let 
the number of electrons per unit volume in the copper and zinc 
be, respectively, Ni and N 2 - Since the two pieces of metal are 
metallically connected all points in the metallic circuit must b# 
at the same potential, except for a very small potential difference 
which occurs at the junction AB of the two metals. Let the 
circuit be grounded, so that it can be considered to be at zero 
potential. Let the work which an electron must do to escape from 
the copper slab be wu so that in moving from the metal to a point 
just outside the surface its potential changes from zero to a value 
Fi, say. Let the corresponding values for the zinc slab be W 2 
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and F 2 , and let us see how much work must be done in moving 
an electron from a point in the copper through the space to a point 
inside the zinc. In moving through the surface of the copper an 
amount of work, wi^ must be done by the electron. In moving 
from here to a point just outside the zinc surface it does an amount 
of work equal to {Vi-'V<2)e, where e is the charge of the electron, 
and in moving through the surface of the zinc slab the work done 
is — 1 ^ 2 . The total amount of work done is therefore 

“T ( Fi — ^2)6 — W2* 


Cu 2n 



Fig. 6. 

Now, since the number of ele(%dns per unit volume in the copper 
and the zinc is iVi and ^ 2 , respectively, we have by equation (2) : 

^ LT . Ni.W2-Wi 

JS2 e 

kT Ni 

The term — log ^ gives rise to the small E.M.F. set up at the 

junction of the metals and accounts for the Peltier effect. 
It is so small in comparison with the other terms in equation (3) 
that it can be neglected. Hence, referring to equation (1), it 
follows that 

Fi — V2 = 4>i — <t>2 (4) 

The difference Fi — F 2 is called the contact potential difference 
between the two metals, and, as is seen from equation (4), it is 
equal to the difference between the electron affinities of the metals. 
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18. Measurement of Contact E.M.F. That this difference of 
potential actually exists between the two metals can be shown in 
the following way: Suppose the circuit be cut at a place C, and 
the two ends connected to the quadrants of a quadrant electrom- 
eter. Let us connect one of the plates (say, the copper plate) 
and the corresponding pair of quadrants to ground, while the other 
side of the system remains insulated. The system constituted by 
the plates Cu and Zn, and the quadrants, has a definite electro- 
static capacity depending on the distance between the plates. 
If the plates first be placed close together and then jerked apart, 
the capacity of the system will change, and if a potential differ- 
ence exists between the plates the electrometer will show a deflec- 
tion. If the potential difference is P and the deflection di, the 
sensitivity of the measuring system is given by 



Now, instead of directly grounding the copper plate, let it 
be connected to ground through a battery which maintains it at 
a constant potential y, so that the potential difference between the 
two plates is P + y. If the plates are now placed the same distance 
apart as they were initially in the first operation, and then again 
pulled apart to the same extent as before, the electrometer will 
show a different deflection ^2, and the sensitivity of the measuring 
system is now given by 

c_ ^2 

p+y* 

Equating these two expressions for the sensitivity, the contact 
potential difference P between the two plates is: 

p = y- Al ■ 
d2~~d{ 


We shall see later that the contact potential difference, and 
hence also the electron affinity, depends very much on the nature 
of the surface of the substance. It can be modified very appre- 
ciably by gas occluded in the surface. The notable effect of gas 
. has led some to believe that the contact potential difference is not 
an intrinsic property of metals but is occasioned entirely by the 


ELECTRONS FROM SOLID SUBSTANCES-^ f>2^ 



ii'i 

5 " 


presence of gas. There is, however, no doubt but tha^ contacj^ "^ . 
potential difference must exist between metals in'thfeijb^f^i^®" * 
able vacuum, and that it is determined by the ele©iM:kjffijaii^"^ 

A film of gas on the surface of the substance can increase or 
decrease the electron affinity and so change the contact potential 
difference between it and another substance. It will be shown 


later that this also produces a change in the thermionic current 
obtainable from the substance. Thus, when hydrogen is occluded 
in the surface of platinum the work which an electron must do to 
escape from the surface of the platinum is decreased, while 
oxygen occluded in the surface of calcium increases it. 

The following table gives the electron affinities for a number 
of substances/ expressed in volts: 


Tungsten 

. .. 4.52 

Zinc 

.... 3.4 

Platinum 

... 4.4 

Thorium 

.... 3.4 

Tantalum 

... 4.3 

Aluminium 

.... 3.0 

Molybdenum. . . . 

... 4.3 

Magnesium 

.... 2.7 

Carbon 

... 4.1 

Titanium. 

.... 2.4 

Silver 

... 4.1 

'' Lithium 

.... 2.35 

Copper 

... 4.0 

Sodium 

.... 1.82 

Bismuth 

... 3.7 

Mercury 

.... 4.4 

Tin 

... 3.8 

Calcium 

.... 3.4 

Iron 

... 3,7 




The difference between any two of these values gives the con- 
tact potential difference between the corresponding substances. 

We sha.U see that the contact potential difference plays an 
important part in thermionic amplifiers and detectors of electro- 
magnetic waves that are so designed as to operate on small plate 
voltages. 

The values of electron affinities given in the above table are 
of such order of magnitude that under normal conditions only very 
few of the electrons in the substance possess sufficient kinetic 
energy to enable them to escape by overcoming the force of attrac- 
tion at the surface. In order to make use of electrons for the 
purpose of discharge through vacuum tubes they must first be 
dislodged from the parent substance. 

We shall now proceed to a discussion of the agencies whereby 

1 Most of these are averaged values compiled by Langmuir (Trans. Am. 
Electro-chem. Soc., Vol. 29, p. 166, 1916) from measurements of Richard- 
son, Millikan, Henning, Langmuir, and others. 
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the dislodgment of the electrons can be effected. As was stated 
in Section (11) these agencies are: (1) heat; (2) electromagnetic 
radiation, and (3) impact of electrons. These agencies form the 
basis of the subjects of Thermionics, Phofco-electricity and Second- 
ary Electron Emission, respectively. 

19. Elements of Thermionics. The first of these agencies 
which is the most important for our immediate purposes has been 
known' for a considerable time. In fact, it has been known for over 
one hundred years that when a metal is brought into a state of 
incandescence the air in its neighborhood becomes a conductor of 
electricity. The phenomenon was studied in detail by Elster 
and Geitel during the years of 1882-1889. They found that 
when a metallic filament was placed near a plate the latter acquired 
a charge when the filament was heated to incandescence. At red 
heat the plate acquired a positive charge, but when the tempera- 
ture of the filament was raised to white heat the plate charged up 

negatively. If the filament and plate 
were placed in an enclosure which could 
be evacuated, the tendency for the plate 
to charge up negatively was increased. 

This effect also came to the notice 
of Edison in 1883. He noticed that if 
a metallic plate be inserted in the 
vacuous space of an incandescent lamp 
and this conductor be connected to the 
positive end of the filament, a current 
was estabhshed in the shunt circuit so 
formed, namely, the circuit PEG (Fig. 
7). But if the plate was connected to 
the negative end of the filament, the 
galvanometer showed no deflection. A 
study of this effect, which is sometimes 
called the Edison Effect was made 
by J. A. Fleming in 1896,^ but the true 
nature of the phenomenon was not 
understood until the work of J. J. Thomson and 0. W. Richardson. 
In 1899, the former showed ^ that the phenomenon was the result 
of negative electricity given off from the hot filament in the form 

^ J. A. Fleming, Phila. Mag., VoL 42, p, 52, 1896. 

2 J. J. Thomson, Phil. Mag., Vol. 48, p. 547, 1899. 
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of electrons. This explained, for example, why in the Edison 
effect a current was observed to flow through the galvanometer 
(?. When the plate was connected to the positive end of the 
filament, the filament had a negative potential with respect to the 
plate, and the electrons given off by the filament were driven to 
the plate. Since the time of Thomson's experiment there has been 
no doubt in the minds of physicists that the carriers of electricity 
from the filament are electrons, but the mechanism of the emission 
of these electrons from the hot filament was not known until 
0. W. Richardson ^ showed, in 1901, that the electrons are emitted 
solely in virtue of their kinetic energy and need no chemical reac- 
tion at the surface of the filament. This result of Richardson^s 
work was the first definite expression of what may be termed a 
pure electron emission. 

Richardson^s theory was based on an assumption that had 
previously been made and successfully applied, that the electrons 
in a metal, wliich are free to move under the influence of an 
electric field, behave like the molecules of a gas, that is, they 
have velocities distributed according to MaxwelPs law. It was 
stated in Section 16 that these electrons are held in the substance 
by a force existing at the surface of the substance. There is still 
some speculation regarding the exact nature of this force which 
seems to be closely related to the structure of the atoms or mole- 
cules of the substance. At ordinary atmospheric temperatures 
very few electrons possess sufficient kinetic energy to overcome 
this force. The number escaping at such temperatures is there- 
fore extremely small. According to MaxwelFs law of velocity 
distribution some electrons will at one moment have zero velocity, 
others again will have extremely high velocities, while the majority 
will possess velocities ranging between these two extreme values. 
Only the few electrons with the very high velocities will be able to 
escape through the surface. The energy w which an electron must 
expend to overcome the force of attraction at the surface is related 
to the number of electrons per cubic centimeter inside and 
outside the surface by equation (2). From this equation it is seen 
that as the temperature is raised the number n of electrons outside 
the surface increases. Now, in vacuum tubes we are not so much 
concerned with the relative number of electrons inside and outside 

1 0. W. Richardson, Proc. Camb. Phil. Soc., Vol. 11, p. 286, 1901. Phil. 
Trans. Roy. Soc., Vol. 11, p. 497, 1903. 
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of the surface in the state of equilibrium as with the rate at which 
they escape when they are carried away as fast as they are emitted. 
This can be ascertained by applying a potential difference between 
the body which emits the electrons and a conductor placed in its 
neighborhood. It ■wiU be understood in the following that this 
potential difference is always high enough to draw all the electrons 
away as fast as they are emitted. Applying the principles of the 
kinetic theory of gases it can be shown that, to an approximation 
which is sufficiently close for our purposes, the number n' of elec- 
trons that pass per unit time through unit area of the surface from 
the inside is given by: 

■ (5) 

where m is the mass of the electron, and n is the number of elec- 
trons per cubic centimeter outside the surface. 

This number of electrons can be obtained in terms of the 
number N per cubic centimeter inside the surface by combining 
the relation (5) with equation (2). Thus: 


n' is the number of electrons that would move per second to a 
conductor which is charged positively and placed in the neighbor- 
hood of the emitting substance. If e be the electronic charge, 
then n'e is the saturation current per square centimeter surface 


of the emitting substance, or 

L = ( 6 )' 

or 

6 

Is = AT^H t ( 7 ) 


The constant 6 in this equation is a temperature and is ex- 
pressed in absolute (Kelvin) degrees. It is, however, more con- 
venient to use the equivalent constant <^> expressed in volts. The 
relation between 0 and h is as follows: From equations (6) and (7) 
w=kbj and from equation (1) w = (j>ej where is expressed in elec- 
trostatic units, or 


^ ZOOw 
9 = 


volts. 



e 


• (8) 
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Now k is the gas constant for one electron and is equal to 
1.36X10“^®, while e is the electronic charge in electrostatic 
units. Hence 


ZOOkb 


e 


volts, 


i.e., 


</> = 8.6XlO-^6volts. 


(9) 


The constant (j) is the electron affinity, values of which for a 
number of substances are given in the table on p. 29. It can 
be determined experimentally with a simple device consisting of 
a filament of the substance to be investigated and an anode placed 
in its neighborhood, the structure being enclosed in a vessel 
which can be evacuated to such an extent that the residual gas 



Fig. 8. 

has no appreciable influence on the discharge. (The influence 
of gas will be considered in a later chapter.) Care must be 
taken that the voltage applied between the filament and the 
anode is so high that any further increase in the voltage does not 
appreciably increase the current. The current obtained under 
these conditions is then the saturation current given by equation 
(7). If the current is observed for different values of the filament 
temperature a curve is obtained such as that shown in Fig. 8. 
In order to evaluate the constant & or <^) we can take logarithms 
of equation (7). Thus: 

logio/s-§logior=logioA-‘-^^^. . . . (10) 
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By plotting the expression on the left-hand side against 

a straight line is obtained the slope of which gives h. We shall 
have occasion to return to this equation when we come to con- 
sider efficiency problems connected with the thermionic vacuum 
tube. 

It may be remarked here that the constant h can also be 
determined by photo-electric means. The relation between 
photo-electric and thermionic phenomena will become apparent 
when we come to consider the photo-electric effect. 

20. Influence of Surface Conditions on Electron Affinity. 
By applying the theory of images Debije ^ has shown that it is 
easier for an electron to escape from a sharp point than from a 
smooth flat smface. The theory of images involves a purely 
mathematical process that tells us little or nothing about the 
nature of the processes going on when a electron escapes from a 
surface and can be applied only to that part of the process when 
the electron is so far away from the surface that molecular irregu- 
larities in the surface can be neglected. We can nevertheless 
obtain an indication of the manner in which the configuration of 
the surface affects the electron emission, if we comply with the 
conditions that govern the application of the theory of images. 
■^ This theory states that the force of attraction between a charged 
body and a conductor can be determined by assuming that the 
force is the same as if the conductor were replaced by another 
charge which is, in respect to size, shape and position, the optical 
image of the first charge reflected in the surface of the conductor, 
but is of opposite sign. Thus a charge — e at a distance x from a 
plane surface would produce an image +e at a distance x behind 
the surface. The force of attraction between the charge —e 

and the plane surface is therefore and the work that must 

be done to remove the charge from a distance xo from the surface 
to infinity is: 



which, when expressed in equivalent volts becomes: 


(^>1 = 


3Q0e 

4a:o' 


^ P. Debije, Aim. d. Phys., Vol. 32, p. 465, 1910. 
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the condition being that the distance a:o is large compared with 
molecular dimensions. 

The quantity wi does not represent the total amount of 
work which an electron must do to escape from a plane surface. 
There is still to be added the work W2 done in moving from the 
interior of the conductor through the interface and up to the point 
distant xo from it. Schottky ^ and Langmuir ^ have made cer- 
tain assximptions regarding the force of attraction within this 
region which lead to the result that the work W2 is equal to wi, 

SO that the total amount of work done is Since the nature of 

2x0 

the force very close to and inside the surface is not known and 



Fig. 9. 


probably depends very materially on the molecular structure of 
the material of the conductor,^ we shall confine our considerations 
to the force at distances which are large compared with the 
molecular diameters, and proceed to compute the corresponding 
part wij of the work which an electron must do to escape from a 
curved surface of radius r. 

Let the surface be convex toward the electron (Fig. 9 ). Let 
the electron -e be at a distance a and its image +ei at a distance 
ai from the center of curvature of the surface. Then 


aai = 
r_ei 

a e ’ 


( 12 ) 


1 W. Schottky, Phys. Zeitsch., Vol. 15, p. 872, 1914. 

*1. Langmuir, Trans. Am. Electrochem. Soc., Vol. 29, p 163 1916 
® J. Frenckel, pm. Mag., Vol. 33, p. 297, 1917. ' 
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Now the force of attraction between — e and -fei is: 


— eei 

^ (a— ai)2' 


( 13 ; 


From equations (12) and the geometry of the system, we have, if 
X be the distance of the electron from the surface: 


a — x+T 


Ul = 


x+r' 


Substituting these values for ei, a and ai in (13) the force of 
attraction becomes: 




(14) 


This equation holds for values of x greater than xo, where xo 
is large compared with molecular dimensions. The work which an 
electron must do to move away from the point xo is obtained by 
integrating equation (14) between the limits x = xo and x= oo . 
The integration gives: 


w I 


Xo x^ 
4xo\ 2r4:r^ 



. . (15) 


If we take the radius of curvature of the surface so large that 
Xo is small compared with it we can write equation (15) in the 
form: 

• • • ' 

The equivalent potential in volts is: 

*'■-="*>( 4 - 5 )™“^ ' 


This shows that the work of escape of an electron from a curved 
surface of radius r is less than that from a plane surface by an 

amount equal to — . It also shows that if the surface is irregulaj 
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contact potential differences must exist between the protru- 
sions and the hollows. These potential differences are very 
small, but if irregularities are close to one another the resulting 
electrostatic fields may be very large. Thus, if we consider a 
protrusion and a hollow adjacent to it, each being regarded as 
spherical surfaces having a radius of curvature of the order of 10"® 
cm., it follows that the electrostatic field tending to drive electrons 
from the protrusion to the hollow may be of the order of several 
thousand volts per centimeter. This would necessitate very 
high plate potentials to overcome these fields and pull all the 
emitted electrons over to the anode. 

This result is obtained by the simple application of the theory 
of images, which unfortunately does not tell us much about the 
physical processes involved. A similar effect is to be expected 
when the surface of the cathode contains impurities having 
electron affinities which are different from that of the material 
of the cathode itself. Langmuir ^ has ascribed the lack of satu- 
ration shown by tungsten filaments contaminated with thorium 
to the local fields at the surface of the filament, due to the differ- 
ence between the electron affinities of thorium and tungsten. 
When the surface of the filament consisted either of pure tungsten 
or pure thorium the saturation curve was substantially parallel 
to the voltage axis. But when the surface was a mixture of tung- 
sten and thorium the thermionic current continually increased 
with the applied voltage. 

The oxide-coated cathode is an example of a cathode which 
generally has an irregular surface. It is obtained by coating a 
platinum wire or ribbon ^ with oxides of the alkaline earths. The 
coated filament has a much lower electron aflfinity and therefore 
a higher thermionic efldciency than the metals used as sources of 
thermionic current. Its surface, however, is rough and possibly 
is not uniformly active thermionically. These filaments do not 
give such well-defined saturation currents as metallic filaments 
do. Lack of well-defined saturation currents is generally not a 
disadvantage in thermionic tubes. It is, in fact, sometimes a 
distinct advantage, as will become evident from the considerations 
given in the following chapters. 

1 Paper read at Chicago meeting of Am. Phys. Spc., December, 1919. 

2 A. Wehnelt, Ann. d. Phys., Vol. 4, 425, 1904. Nicolson & Hull, U. S. 
Pat. 1209324, Brit. Pat. 17580, 1915. 
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21. Photo-electric Effect. The process of the dislodgment of 
electrons from solid !)oclies by means of electromagnetic radiation 
brings into play the same forces that attend the emission of 
electrons from hot bodies, and furnishes valuable evidence to show 
the generality of that characteristic constant of solids which plays 
such an important part in the operation of thermionic vacuum 
tui>es. namely, the electron affinity. 

In 1887 Hertz observed that when a spark gap was illmninated 
with ultra-violet light the discharge passed more readily than 
when the electrodes were in the dark. Soon after this Hallwachs 
discovered that the incidence of ultra-violet light on a zinc plate 
caused it to become charged positively, or when the plate was 
first charged to a negative potential and then insulated it lost its 
negative charge when exposed to the light. This has since been 
found to be a general property of all conductors and could be ex- 
plained in the light of the electron theory. The energy of the light 
wave' striking the substance stimulates the electrons in the atoms 
of the substance. They thus acquire sufficient energy to overcome 
the force of attraction at the surface of the substance and escape 
with a velocity w^hich depends upon the energy in the light wave 
and the amount of energy they must expend to overcome the 
surface force. Thus, if the amount of energy acquired by the 
electron in the substance from the light is W and the work which 
the electron must do to overcome the surface force is w, then it 
escapes from the substance with a kinetic energy. 

( 18 ) 

where v is the velocity of escape and m the mass of the electron. 
It will l>e understood that of the electrons in the substance those 
that happen to be near to the surface have to overcome only the 
surface force, w^hile those that are further in the interior wffil have 
to do an extra amount of wmrk in forcing their way out. We 
can therefore expect electrons to be emitted by the light with 
velocities ranging from zero to a definite maximum value. This 
maximum value expressed in volts is the electron affinity. We 
shall in the following consider only those electrons that have 
this maximum velocity, and equation (18) w^fll be understood to 
refer to these maximmn values. If a plate is placed in front 
of the electron emitting substance or cathode, the emitted electrons 
can be driven back to the cathode by the application of a potential 
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difference between it and the anode. If the electron emerges from 
the surface with a velocity v it will be capable of moving- against 
an electric field until it has spent its kinetic energy ^mv^, where 
m is the mass of the electron. If the maximum voltage against 
which the electron can move in virtue of its own kinetic energy 
is 7, then Ve — ^mv^. The velocity of an electron is commonly 
expressed in terms of the voltage V, instead of centimeters per 
second. Equation (18) can then be written 


Ve=^W'-w 


(19) 


where e is the electronic charge. 

This voltage can be determined with the arrangement shown 
in Fig. 10. A is the photo-electric cathode which can be illu- 
minated with ultra-violet light, and B is the anode. By means of 


B 


A 


0 



mill 

- 1 - 

lilHl 


t 


Fig. 10 . 

the potentiometer shown the voltage between A and B can be 
adjusted to any desired value tending to drive the electrons in the 
direction B to A, Unless this voltage exceeds a definite amount 
the electrons emitted from A under the influence of the light will 
travel all the way across to B in virtue of the velocity with which 
they are emitted, and the resulting current established in the 
circuit can be measured with a current-measuring device. 
If we now measure the current for increasing values of the voltage 
7, the current decreases until the voltage is large enough to return 
all the emitted electrons to the cathode before they can reach the 
anode. By plotting the photo-current against the voltage 7 
a curve is obtained such as that shown in Fig. 11. The voltage 
is reckoned negative when the receiving plate B is negative with 
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respect to the emitting plate A. The point at which the curve 
cuts the voltage axis gives the maximum velocity with which the 
electrons are emitted from the cathode. 

Experiment has shown the remarkable result that the maximum 
velocity of emission is independent of the temperature of the 
cathode. The maximum velocity of photo-electric emission is 
furthermore independent of the intensity of the light with which 
the cathode is illuminated. If the intensity of the light is in- 
creased only the number of electrons emitted increases but their 
velocity stays the same, provided that by changing the intensity 
of the light we do not at the same time change its quality, that 



Fig. 11. 

is, its wave length distribution. The frequency of the incident 
light is the only factor that influences the velocity of emission 
when dealing with one substance. For the same light frequency 
and different substances, the emission velocity depends upon 
the electron affinity of the substances. Millikan^ has shown 
that if the maximum voltage necessary to keep the emitted elec- 
trons from reaching the anode be plotted against the frequency 
of the fight the linear relation shown in Fig. 12 is obtained 
Thus: 

^•T Jl/V /.y 

r=--c', (20) 

where h ]s & constant and v the frequency of the light falling 
on the cathode. Referring to equations (18) and (19) it is seen 
1 R. A. Millikan, Phys. Rev., Vol. 7, p. 355, 1916. 
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that W, the energy acquired from the light by the electron in the 

w 

substance is equal to hv, and the constant C is equal to — . This 

extremely important experimental result shows that hght energy 
can be expressed by the product of the frequency of the light and a 
constant. Indeed, Millikan found that this constant is the same 
as Planck^s constant of action. Furthermore, C has actually been 
found to be equal to the electron affinity We therefore have 
as the fundamental photo-electric equation: 

Ve = kv-<l>e (21) 

This equation was originally deduced theoretically by Einstein ^ 
on an assumption that he has since abandoned. But Millikan’s ex- 



periments have shown that this equation holds with a high degree 
of accuracy and have placed beyond doubt the correctness of this 
very simple expression for the hght energy necessary to dislodge 
an electron. 

So far we have considered only the voltage apphed between 
the plates A and B. This is, however, not the only voltage that 
affects the motion of the electrons. There remains to be con- 
sidered the contact potential difference between the plates, which 
is equal to the difference between the electron affinities of the two 
plates. This potential difference, which can be measured by the 
method explained in Section 18, must be added to the applied 
voltage. 

^ A. Einstein, Ann. d. Phys. (4) Vol. 20, p. 199, 1905. 
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Referring now to Fig. 12, it is seen that there is a definite 
frequency vq of the light at which the voltage necessary to drive 
the electrons back becomes zero. This means that for frequencies 
lower than this value no electrons escape at all. Putting F = 0 
in equation (21) we get: 

vo=^4> ( 22 ) 

This limiting frequency, commonly referred to as the photo- 
electric long wavelength limit is a fundamental property of solids, 
and, is equal to a constant multiplied by the electron affinity — 
the same constant that plays such an important part in the emission 
of electrons from hot filaments in the thermionic vacuum tube. 

The quantities h and e are universal constants, that is, their 
values are independent of the matter under investigation and the 
conditions of the experiments. Their values are A = 6.55X10“^’' 
erg. sec., and e =4.77X10“^^ E.S. units. 

22. Control of Space Current by Means of an Auxiliary or 
Third Electrode. A convenient and what has proved to be a very 
valuable means of varying a space current is obtained by placing 
a third electrode in the neighborhood of the cathode and applying 
potential variations to it. This scheme was used by de Forest 
to control the electron discharge in his audion detector in 1£07.^ 
He later gave the auxiliary electrode the form of a wire gauze or 
grid placed in the path of the discharge between cathode and 
anode.2 About the same time von Baeyer ^ also used an auxiliary 
electrode to control a thermionic current from a hot filament. 
In von Baeyer’s arrangement the anode was a cylinder and the 
cathode a wire placed along its axis. The third electrode was a 
wire gauze bent into the form of a cylinder and placed between 
cathode and anode. A similar scheme was also used by Lenard ^ 
in 1902 in connection with photo-electric experiments. It is 
hardly necessary to say that the insertion of the grid has made the 
audion a device of immense practical importance and enabled it 
to perform functions that would otherwise have been impossible. 

1 Lee de Forest, U. S. Patent No. 841387, 1907. 

- Lee de Forest, U. S. Patent No. 879532, 1908. 

2 0. VON Baeyer, Verb. d. D. Phys. Ges., Vol. 7, p. 109, 1908. 

^ P. Lenard, Ann. d. Phys., Vol. 8, p. 149, 1902. 
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The quantitative effect of the third electrode was first given 
by the author.^ The nature of this effect can be understood 
from the following: In Fig. 13 F is the cathode, P the anode 
and G the auxiliary electrode, which may be in the form of a wire 
grid or gauze. The battery Ep maintains the anode at- a positive 
potential with respect to F, while G can be given 'any desired 
negative potential by means of the battery Eg. The positive 
potential on P has the effect of drawing the electrons through the 
grid to P, whereas the negative potential on the grid tends to 
drive them back to the cathode, and by increasing Eg a value 
can be reached for which all the emitted electrons are returned 
to the cathode. Eg therefore takes the place of V in the arrange- 



ment shown in Fig. 10. But there is this difference that while in 
Fig. 10 the electric field between the plates is due only to applied 
voltage y and the contact potential difference between the plates, 
in the present case there is a third factor which influences the fleld 
between the cathode and grid, namely, the potential difference 
due to the battery Ep. Thus, if Eg is zero and the contact potential 
difference between F and GP be supposed for the present to be 
also zero, then the electric field between F and G is not zero but 
has a definite value depending upon the structural parameters of 
the device and the potential difference between P on the one hand 
and F and G on the other. (P and G are now supposed to be 
metallically connected.) This is due to the fact that the poten- 
tial of P causes a stray field to act through the openings of the 
grid. If the potential difference between P and FG be equal to 
^ H. J. VAN DER Bijl, Verb. d. D. Phys. Ges., Vol. 15, p. 338, 1913. 
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Ep the field at a |xjint near F is equivalent to the field that would 

Fp 

be sustained at that point if a potential difference equal to — !.:>e 

applied directly Ijetween the cathode A and a plane coincident 
with that of the pyid. For the usual connection in which the 
plate P is ixjsitive the direction of this field is such as to draw 
eieetroiis away from the cathode. But it does not draw the elec- 
trons to the gridy as w’ouid l>e the case if a potential difference were 
applied directly l>etw'een the grid and catiiode; it tends to draw 
electrons to the anode through the openings of the grid. 

Besides this stray field there is also the contact potential 
difference K between F and GP, Hence, if A' be reckoned positive 
w’hen it tends to draw electrons awaj' from the cathode, and if the 
niaxinium velocity of emission, expressed in volts, of the electrons 
lilx^rated from the cathode }>e then in order to drive all the 
emitted electrons back to the cathode we must apply between 
cathode and grid a potential difference equal to 

E,=-^+€, ( 23 ) 

where e = A+ F. This expression can be regarded as the effective 
voltage when the potential difference between grid and cathode 
is zero. If this potential difference be made equal to Eg the 
effective voltage U^eomes 

j+E,+e ( 24 ) 

In this expression Ep and Eg are the potentials of the anode and 
grid with respect to that of the cathode, which can l>e regarded 
as the zero of potential. Hence, W’hen Eg is varied the potential 
difference betw'een grid and plate also changes. When I first 
established this linear stray field relation in 1913, I expressed 
the result by the equation 

( 25 ) 

where r is the potential difference betw’een cathode and grid and V 
that betw'een grid and anode. I also stated that k is a constant 
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depending on the grid and d the distance between grid and anode. 
In testing this relation the grid remained grounded while the 
potential of the cathode was varied. This made it possible to 
keep the potential difference V between grid and anode nearly 
constant while varjdng the potential difference between cathode 
and grid. The accuracy with which equation (25) was found 
to hold is sho^m by Fig. 14.^ In the case of the lower curve the 



distance d between grid and anode w'as 6.7 mm., while the 
upper curv’^e was obtained with d=2,o mm. If, instead of plot- 
ting T" as abscissiB, we plot the two curv^es coincide. 

(L^ 

It can readily be seen that if we substitute —Egioi v and Ep, 
the potential of the anode with respect to the cathode for F, the 

^ Loc. cit., p. 339. 
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potential of the anode with respect to the grid, then (24) 
give the same result provided that 


and 


I have since verified this relationship between 
structural parameters of the tube on the basis of an extens 
of experiments carried out in the research laboratori< 
Western Electric Company, and have also expressed k in 
the mesh of the grid and the diameter of the grid wiir 
Chapter VII, p. 231.) 

The constant ju is a very important constant of tjl 
electrode tube and, as will be shown later, expresses the 
voltage ampUfication obtainable. 

• Expression (24) or (25) can be regarded as the fun< 
relationship of the three-electrode vacuum tube. The e 
the circuit FPA (Fig. 13) is obviously a function of the <3; 
(24). Hence, if the potential of the cathode be uxi 
constant, the fundamental expression for the current in 
electrode tube is 

I=f{^+E.+ ,) 

where Ep and E^? are the potentials of the anode and | 
respect to that of the cathode. We shall have occasion 
extensive use of this relationship in dealing with tl: 
electrode thermionic tube. 

It will be shown later that a device hke that shown i 
and whose current-voltage characteristic can be expir* 
the function (26) can be used as amplifier, radio detecto,] 
tion generator, etc. 

A device which depends for its current on the em 
electrons by photo-electric means is not as suitable i 
purposes as thermionic devices, because photo-electric 
are generally very small and the emission of electrons 
is much more practical than emission under the influence o 
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23. Secondary Electron Emission. Delta Rays. We now 

come to a consideration of the third agency whereby electrons 
can be dislodged from substances, viz., by the impact of 
electrons. 

When electrons are made to impinge on a metallic plate they 
give rise to the radiation of X-rays. These X-rays comprise a 
general X-radiation superimposed upon which there is under 
certain conditions a so-called characteristic radiation. The same 
effects are produced when the plate is exposed to X-rays. The 
frequency of the characteristic radiation is closely related to the 
atomic properties of the substance from which it originates, and 
is not produced unless the velocity of the impinging electrons, 
which we shall call the primary electrons, exceeds a certain definite 
value. When the characteristic radiation is produced there is 
also a copious emission of electrons from the plate. These elec- 
trons are, of course, returned to the plate by the potential differ- 
ence between it and the cathode from which the primary electrons 
proceed, and in order to measure them a special circuit arrange- 
ment, such as will be described below must be used. Every 
metal possesses a number of characteristic frequencies and although 
in general X-rays have so far been investigated extensively only 
at high frequencies — at voltages corresponding to several thousand 
volts, they are also produced by low velocity electrons. Dember ^ 
has, for example, produced X-rays and measured their effect at a 
voltage as low as 17 volts. These rays are so soft that they can- 
not penetrate the walls of the containing vessel. Their effects 
must therefore be studied inside the vessel. Likewise in the case 
of the secondary electron emission it is not necessary for the pri- 
mary electrons to strike the electrode with high velocities. 

The impact voltage at which secondary electrons are emitted 
depends on the nature of the surface of the emitting electrode. 
The phenomenon of secondary electron emission, which is some- 
times referred to as “ Delta rays shows this important property 
that as the velocity of the primary electrons is increased the num- 
ber of secondary electrons emitted per impinging electron increases. 
In fact, if the applied voltage, i.e., the velocity with which the 
primary electrons strike the emitting electrode, be increased to a, 
sufficiently high value one primary electron can expel as many as 
twenty secondary electrons. 

^ H. Dember, Verb. d. D. Phys. Ges., Vol. 15, p. 560, 1913. 
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The presence of secondary electrons can easily be demon- 
strated by means of the circuit arrangement shown in Fig. 15. 
The plate P is kept at a constant positive potential with respect to 
the filament F by the battery E. When no potential difference 
exists between filament and grid G, the current in the circuit FGA. 
is very small, because practically aU the -electrons emitted from the 
filament are drawn through the openings of the grid and thrown 
on to the plate. If now the potential of the grid (positive with 
respect to the filament) be increased the current to the grid ^ at 
first increases, as shown by the part OA in the curve in Fig. 16. 
When the grid potential reaches a certain value the current, as 
indicated by the ammeter A (Fig. 15) begins to decrease, drops 




down to zero at B and then flows in the reversed direction. The 
explanation for this is that while the potential difference between 
filament and grid is small, the electrons that strike the grid enter 
it, but as the positive grid potential is increased the electrons on 
striking the grid emit so-called secondary electrons from it 
and these are drawn to the plate which is maintained by the bat- 
tery P at a positive potential with respect to the grid. The net 
current as indicated by the ammeter A is the sum of electrons 
entering the grid and those leaving it. When the velocity with, 
which the electrons strike the grid increases beyond a certain 
value, one primary electron can knock out more than one second- 
ary electron from the grid, and the current in the circuit FGA 
reverses. When the positive grid potential is increased to such an 

^ The direction of current is here, as throughout the following, taken to 
mean the direction in which electrons move. 
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extent that the grid becomes positive with respect to the plate, 
the secondary electrons are no longer drawn away to the plate, 
but are driven back to the grid so that the reversed current in the 
grid circuit again decreases, as shown at C (Fig. 16), and finally 
assumes the original direction.^ 

Considering now the current as indicated by the ammeter A 
and the voltage between filament and grid, we see that over the 
region ABC (Fig. 16), the current decreases as the voltage increases. 
The part of the curve ABC therefore represents a negative resist- 
ance characteristic. It will be shown later that a device which 
possesses a negative resistance can function as an amplifier and a 
generator of continuous oscillations. 

1 A. W. Hull, Phys. Rev., Vol. 7, p. 1, 1916; Proc. I. R. E., Vol. 5, p. 5, 
1918. 


CHAPTER IV 

PHYSICS OF THE THERMIONIC VAIVE 


24. Current-voltage Characteristic of the Thermionic 
In discussing the elements of theniii(>ni(.‘H \v(^ oi 

saturation current, that is, the current obtaimul from a (‘ 
at any desired temperature by applying a volta.g(' \vhi(‘h is t 
that all the electrons emitted from th(‘ (‘a.i.hod(‘ a,r<‘ tlrawi 
to the anode. For all values of the applicnl voltage^ gre^atr 
the minimum value necessary to secure this, tlu^ (‘unx^nt h 
pendent of the voltage.^ The saturation curnad. is imp 
in telling us what the maximum curnvnt is that can ob 
from a cathode of given area at a given tcmi)eratnre. In opc 
thermionic devices as amplifiers, detectors, etc., w(^ mak(^ 
the variation in current with variation in apj)li(Hl voltage*, 
conditions under which the saturation current is obt.aine 
therefore, unsuitable for these purposes. In this chapter "v 
discussed the phenomena encountered when the appliexl v 
is not high enough to draw all the emittcxl (dectrons away i 
anode as fast as they are emitted from the (;athod(^ 

Let us consider a simple thermionic (kwice consisting 
cathode which can be heated to any desinul t(unp(*rature ai 
anode placed at a convenient distance from it, both being pla< 
a vessel which is evacuated to such an extent that the re^ 
gas plays no appreciable part in the current conveedvion bet 
cathode and anode. We shall for the present suppose tha 
cathode is a plane equipotential surface, and the anode a ; 
parallel to the cathode. If the cathode be maintained at a de 
temperature Ti and the current to the anode be observe* 

^ In practice it is found that this is seldom strictly true. The (;i 
usually increases somewhat with the voltage, but not nearly as fast ; 
the lower voltages. If the applied voltage is raised to exeeasive value 
can be liberated from the electrodes and then the current may again in< 
rapidly with increase in the plate voltage. (See Chapter V.) 
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various values of the volta,ge applied between the cathode and 
anode, a curve OAi of Fig. 17 is obtained. Any increase in the 
voltage beyond the value given by Ai causes practically no further 
increase in the current and we get the part AiBi. In practice 



this line is seldom horizontal but usually slopes upward. This 
part of the curve corresponds to the condition when all the emitted 
electrons are drawn to the anode as fast as they are emitted from 
the cathode. The corresponding current is, therefore, the satura- 



tion current. If the temperatme of the cathode be increased to 
T 2 the curve OA 2 B 2 will be obtained. If these values of the 
saturation current be plotted against the corresponding tempera- 
tures of the cathode, the curve shown in Fig. 18 will be obtained, 
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the relation being given by Richardson^s equation (equation (7), 
Chapter III). 

The fact that a finite, and sometimes a considerable, voltage is 
needed to obtain the saturation cmrent, shows that the current 
is limited by some means that is equivalent to a resistance. The 
current through a piece of wire is in a sense limited because, if 
the wire is of finite length, i.e., if it has a finite resistance, a finite 
potential difference must be appHed to the ends of the wire to 
give a finite current. A device which obeys Ohm^s law gives, of 
course, a hnear relation between current and voltage, that is, when 
the voltages and corresponding currents are plotted on rectangular 
coordinates the result is a straight line passing through the origin, 
and the reason why the line does not coincide with the ordinate 
axis is because the wire has a finite resistance which limits the 
current. In the passage of current through a gas, the gas itself 
resists the flow of current, the resistance being partly due to the 
collisions of the carriers with the gas molecules. In a thermionic 
vacuum tube, however, this resistive medium is removed, because 
the vacuum is so high that the gas contributes practically nothing 
to the current convection through the tube. 

If there were nothing to limit the current in a vacuum tube, the 
current would increase very rapidly with the applied voltage. 
This is, however, not the case; there are factors that have a very 
pronounced influence in limiting the current in a vacuum tube in 
such a way as to give a characteristic somewhat like that shown 
in Fig. 17. 

One of these factors is the repeUing effect of electrons in the 
space between cathode and anode on other electrons coming from 
the cathode. This is due to the volume density of electrification 
or space charge of the electrons in the space. Whenever current 
is carried by dislodged charges, their space charge must be 
taken into consideration. Thus, in the conduction of electricity 
through gases the fundamental equations always contain or involve 
the space charge equation, or Poisson's equation which was given 
on page 15, Chapter I. In conduction through gases we have 
to deal with the more general case where both positive and negative 
charges are present. The resultant space charge is the difference 
between that of the negative and that of the positive carriers, 
and since the positives or negatives generally do not move with the 
same speed, the problem is generally complicated. In the ther- 
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mionic vacuum tube, on the other hand, we have to deal only with 
electrons, and therefore encounter in space charge a specific and 
comparatively simple manifestation of a general phenomenon 
always met with in convection of current by dislodged charges. 
The limitation of current by space charge when the current is 
carried only by electrons was noticed in the early experiments of 
Lenard, Stoletow and von Schweidler on the photo-electric effect. 
In these experiments the effect was very small on account of the 
smallness of the currents encountered in photo-electric phenomena. 

In 1907 Soddy ^ made use of the property of metallic oxides 
discovered by Wehnelt ^ in 1904, namely, that they emit electrons 
copiously when heated. Soddy found that if the vacuum was made 
high by the vaporization of calcium, the thermionic current sud- 
denly decreased to a small fraction of its value at the higher pres- 
sure. Soddy thought that this meant that Wehnelt cathodes 
became inactive in very high vacuum. An explanation of what 
Soddy had observed was given by 0. W. Richardson and J. E. 
Lilienfeld.^ The latter pointed out more specifically that the 
vacuum produced in Soddy’s experiment by the vaporization of 
calcium resulted in the condition where the number of electrons 
carrying the current became large compared with the number of 
gas molecules in the path of the discharge. The number of 
positive ions formed by collision ionization of the electrons with 
the gas molecules became negligibly small, so that there was es- 
tablished a negative space charge due to the electrons and this 
reduced the current flow observed by Soddy. 

We shall see later that the current in thermionic tubes is limited 
not only by space charge of the electrons but by other factors as 
well. For the present we shall consider only this factor, this being 
the simplest of the current limiting factors, and later explain how 
other effects contribute to give the current voltage characteristics 
of the thermionic tube. 

The limitation of current by space charge can be demonstrated 
in a qualitative manner as follows: Let a definite voltage Ei be 
applied between cathode and anode. We shall for the present 
assume that the cathode is an equipotential surface. If now the 

^ Soddy, Nature, Nov., 1907, p. 53. 

2 Wehnelt, Ann. d. Phys., Vol. 14, p. 425, 1904. 

3 O. W. Richardson, Nature, Jan., 1908, p. 197; J. E. Lilienpeld, Phys. 
Zeitschr., Vol. 9, p. 193, 1908 
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curreiit to the anode be observed as a function of the temperatur© 
of the cathode, the current will at first increase until it reaches a 
value indicated by Ci (Fig. 18). Any further increase in cathode 
temperature causes no further increase in the current, and the 
part CiDi of the curve is obtained. The current given by CiDi is 
frequently referred to as the temperature saturation current,'" 
and the condition characterized by this lack of increase of current 
with increase of cathode temperature as teTri'perature saturation • 
The reason why under these conditions the current does not in- 
crease along C 1 C 2 C 3 as would be expected from Richardson's 
equation is because at cathode temperatures greater than that cor- 
responding to Cl, so many electrons are emitted that the resulting 
volume density of their charge causes all other emitted electrons 
to be repelled, and these return to the cathode. The apphed 
voltage El is then not high enough to draw all the emitted electrons 
away to the anode. If now the voltage be increased to E 2 the 
current increases, since more electrons are now drawn away from 
the supply at the cathode, the full space charge effect being 
maintained by fewer electrons being compelled to return to the 
cathode. From Fig. 18 it is seen that with the voltage E 2 the 
cathode must be raised to a minimum temperature corresponding 
to C 2 before the full spac . charge effect can manifest itself. It is 
seen, then, that the higher the applied voltage, the higher must 
be the cathode temperature to obtain the full space charge effect. 
It is also seen that the part OC of Fig. 18 corresponds to the part 
AB of Fig. 17, and CD of Fig. 18 to OA of Fig. 17. The saturation 
current is obtained when the apphed voltage is so high that a 
variation of voltage does not cause any appreciable variation in 
current, while the condition under which the thermionic tube 
operates, as a voltage operating device, is characterized by the 
condition that the cathode temperature is so high that the current 
does not vary appreciably with variation in cathode temperature. 

25. Current-voltage Relation for Infinite Parallel Plates. To 
get an understanding of the quantitative effect on the current 
by the space charge of the electrons, it may be weU first to consider 
the ideal and simple case that results when we neglect the com- 
plicating factors encountered in practice and then consider the 
modifications introduced by these factors. In deriving the equa- 
tions for this simple case, we shall therefore assume that the elec- 
trodes are infinitely large parallel plates, capable of being main- 
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tained at any desired temperature-. Both electrodes will be 
assumed to be equipotential surfaces. The cathode will be mains, 
tained at a high temperature, the anode remaining cold. It 
follows from Richardson's theory that the hot plate will emit 
electrons, the emission being the result of the kinetic energy of 
the electrons becoming sufficiently high to overcome the surface 
force that tends to hold the electrons within the cathode. It will 
be recognized that the energy and distribution of energy of the 
electrons play an important part in the mechanism of electron 
emission. A derivation of the relation between current and 
voltage, which takes into consideration the energy distribution 
between the electrons, is quite complicated. J. J. Thomson ^ 
has given the equations resulting from the assumption that the 
electrons all emerge with one initial velocity. In 1911, C. D. 
Child ^ gave the full solution, based on the assumption that the 
initial velocity of emission is zero. 

Langmuir 3 of the General Electric Company and Schottky^ 
also published derivations of the space charge equation and made 
a careful investigation of some of the phenomena observed in 
thermionic tubes. 

We shall now derive Child's equation, making the same assump- 
tions, and then consider the modifica^ms introduced by a con- 
sideration of the factors neglected in the simple derivation, and 
more particularly how these factdfe dontribute to produce the 
type of current-voltage characteristic generally obtained in prac- 
tical thermionic tubes. We shall therefore assume that both 
cathode and anode are equipotential parallel surfaces of infinite 
extent, and that the electrons emerge from the hot cathode with 
zero velocity. The cathode C and anode P (Fig. 19) will be sup- 
posed to be in an enclosure in which a perfect vacuum is main- 
tained. The degree of vacuum necessary to approximate this per- 
fection will be discussed in the next chapter. 

The cathode C can be raised to any desired temperature. Let 
the anode P be raised to a potential Fi, while the cathode remains 
grounded. As long as the temperature of C is so low that practi- 
cally no electrons are emitted, the potential gradient between the 

1 J, J. Thomson, Conduction of Electricity through Gases, 2d Ed., p. 223. 

2 C. D. Child, Phys. Rev. V'ol. 32, p. 498, 1911. 

5 1. Langmuik, Phys. Rev., (2), Vol. 2, p. 450, 1913. 

4 ScHOTTKY, Jahrb. d. Radioaktivitat u. Elektronik. Vol. 12, p. 147, 1915« 
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plates is practically constant so that the potential distribution is a 
linear function of X, the distance from the plate C, and can be 
represented by a straight line OP, But this is no longer the case 
when C emits electrons. These electrons are pulled over to P by 
the applied electric field and their presence in the space between 
C and P modifies the potential distribution. In Section 9 it was 
shown that if the plates C and P are infinitely large so that the 



Fig. 19. 

lines of force are straight the potential V at any point distant x 
from C is given by 

(PV 

• . . ( 1 ) 

where p is the volinne density of the charge. Now p is itself a 
function of x. Thus 

(PV 

-^=4x/(a:) (2) 

The relation between the potential V and the distance x cannot be 
obtained unless the form of the function x is known. We know 
that the density of electrons near C is greater than near P. It 
can therefore be seen in a general way that because of the presence 
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of the electrons the potential distribution curve will be some- 
what of the nature shown by OAP (Fig. 19) . The potential gradi- 
ent at the cathode is still positive, but if the temperature of the 
cathode be now raised until the potential difference applied 
between C and P is not high enough to draw all the emitted 
electrons away from Ci and if it is assumed that the electrons 
are emitted from C with zero velocity, the potential distribution 
curve takes a shape somewhat like OBP, which has a horizontal 
tangent at 0. This means that the potential gradient at 0 is zero. 
Any further increase in the number of emitted electrons would 
tend to depress the curve at 0 below the horizontal line OX, 
This would be equivalent to establishing a negative potential 
gradient at the cathode, which would tend to return the emitted 
electrons to the cathode. 

The assumption that the electrons emerge from the cathode 
with zero velocity does not lead to a correct description of the true 
state of matters. The electrons are actually emitted with finite 
velocities which are distributed according to MaxwelFs distribu- 
tion law. This law forms the basis of Richardson^s equation. 
In actual practice the finite velocities with which the electrons 
are emitted from C cause the potential distribution curve to be 
depressed slightly below the axis OX so that there actually exists 
at the cathode a slight negative potential gradient. This will be 
discussed more fully below. For the present we shall assume 
that the electrons start from the cathode with zero velocity. The 
velocity they acquire on their way to the anode P is then due en- 
tirely to the potential difference between C and P. The kinetic 
energy of an electron at a point distant x from C, i.e., where the 
potential is F, is given by 


^mv^ = Ve ( 3 ) 

This is obtained from equation (4) Chapter I, by putting the initial 
velocity i;o = 0. 

It was shown in Section 4 that if p is the number of electrons 
per cubic centimeter multiplied by the electronic charge, that is, 
if p is the volume density of electricity or space charge, the motion 
of the electrons constitutes a current per square centimeter given 
by: 

i=pv (4) 
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where v is the velocity. Both p and v are functions of the distance 
from the cathode C, but the product pv is constant, since the num- 
ber of electrons passing per second through unit area perpendicu- 
lar to the direction, of the electric field, that is, the current i must 
be the same for all points between cathode and anode. 

The quantities p and v in the above equations (1), (3) and (4), 
are unknown functions of r, and can be eliminated from these 
equations. This gives: 

( 5 ) 

The integration of this equation gives 




where Vq is the potential of the cathode and the potential 

gradient at the cathode. Now, the potential of the cathode is 
supposed to be zero, and since the initial velocity of emission of the 
electrons is assumed to be zero, the limiting condition for full 

space charge is that =0. Hence (6) becomes 




Integrating this and putting as limits ^’=0 for x=0 and V=E 
for x=d, the distance between the plates, we obtain the equation 
of the current as a function of E and d, namely: 

^ Qtt \m d^ 

This is the so-called f-power equation first derived by Child, which 
gives the relation between the voltage and current carried by 
dislodged charges of one sign only. 

By putting the value of — in (8) and writing A for the area 

OTlf 

of the cathode the current can be expressed by 

A VH 

7 = 2.33X10-6^, (9) 
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where ^ is the current in amperes, d the distance between the plates 
in centimeters 8i.nd V the potential difference between the plates in 
volts. 

It will be noticed that the space charge equation gives the cur- 
rent in terms of only the applied voltage and the geometry of the 
device. The space charge current does not depend, as in the case 
of the saturation current, upon the temperature or electron* affinity 
of the cathode. On the other hand the saturation current is 
independent of the distance between cathode and anode, except 
that if this distance be made smaller the saturation current would 
be obtained at a lower minimum voltage. Referring to the curve 
OAiBi (Fig. 17), it will be seen that the space charge equation 
gives the current for values of the voltage less than that corre- 
sponding to Ai. If the distance between cathode and anode be 
decreased the curve obtained would be OHBi. 

26. Quantitative Relation for Concentric Cylinders. Ther- 
mionic tubes are frequently made in the form in which the anode 
is a cylinder and the cathode a wire stretched along its axis. The 
quantitative relation for the characteristic of such a device was 
published by Langmuir ^ by making the assumptions that both 
cathode and anode are infinitely long, and both are equipotential 
surfaces. Here, also, the electrons are assumed to emerge from 
the cathode with zero velocity. In the next section it will be 
shown what modifications must be made in order to make the 
results conform more nearly with practical conditions. 

The equation (3), for the velocity of the electrons, can be 
applied directly to this case.. The differential equation for the 
potential distribution, however, now takes the forai 

|;(r5)=4xpr, (10) 

where r is the distance from the cathode, and the equation for the 
current becomes 

i—2'Krpv, ( 11 ) 

where i is the current per unit length. 

These equations and equation (3) can be combined to give: 

d^V , dF . 

^ dr^ dr \eV' 

^ I. Langmuir^ loc. cit., p. 457. 


( 12 ) 
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Putting V=E, the potential difference between cathode and 
anode, when r is the radius of the cathode, the solution of this 
equation can be expressed in the form: 


2 j2e 

* 9 \ m ’ 


( 13 ) 


T 

where /3 is a constant which is determined by the ratio - of the radii 

0 / 

T 

of the anode and the filament. The relation between ^ and ~ 

a 

is given in the following table taken from Langmuir^s paper. 


TABLE I 


r 

a 


r 

a 

,32 

1,00 

0.000 

5.0 

0.775 

1,25 

0.045 

6.0 

0.818 

1,50 

0.116 

7.0 

0.867 

1.75 

0.200 

8.0 

0.902 

2.00 

0.275 

9.0 

0.925 

2.50 

0.405 

10.0 

0.940 

3.00 

0.512 

15.0 

0.978 

4.00 

0.665 

00 

1.000 


It is seen that for most practical cases /3 can be put equal to 
unity. If this is done and the length of the filament be put 
equal to Z, equation (13) may be written: 



m r 


(13a) 


Substituting the value of — and reducing i to amperes, V to volts 
and the radius r to centimeters, equation (13a) becomes 

14.65X10-6. .... (14) 

where I is the length of the filament in centimeters. 

The only difference between equations (9) and (14), besides 
the numerical value of the constant, is that in the case of plane 
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parallel electrodes the current varies inversely as the square of 
the distance d between the electrodes, whereas in the case of the 
cylindrical structui-e the current varies inversely as the first 
power of the radius r of the anode. This is an important propert y 
when considering the design of thermionic tubes with very small 
electrostatic capacity, such as is required when operating at 
extremely high frequencies. 

27. Influence of Initial Velocities. The two main assumptions 
underlying the derivation of equations (8) and (13) are that the 
electrons emerge from the cathode with zero velocities and ihat 



the cathode is an equipotential surface. Let us first see how the 
conditions are altered when we do not ignore the effect of llu* 
initial velocities. 

By assuming zero initial velocities, the condition is obtained 
that the potential gradient at the cathode is zero. This means 
that the potential distribution curve OBP, shown in Fig. 19, has 
a horizontal tangent at 0. The resulting equation (8) states that 
the current varies as the -|-power of the applied voltage for all 
voltages up to that necessary to give the saturation current. 
This characteristic is shown in Fig. 20. The part, OAB rc'ijn^scints 
the current that is limited only by the space charge of the elect rons 
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in the space between cathode and anode. At B the applied voltage 
becomes large enough to pull all the electrons to the anode as fast 
as they are emitted from the cathode. The part BC represents 
the saturation current. 

The effect of the initial velocities can be understood by referring 
to Fig. 21. Suppose the anode were insulated and connected to a 



Fig. 21. 


pair of quadrants of an electrometer. If the cathode be raised 
to a high temperature, the anode would acquire a negative charge 
which can be measured with the electrometer. Obviously in this 
case the potential at all points between cathode and anode must 
be negative and the potential distribution can be represented by a 
curve such as the curve a of Fig. 21. In this diagram, as in Fig. 
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19, the abscissse represent distances from the cathode, and the 
ordinates the potentials with respect to that of the cathode which 
we shall take as zero. The anode will charge up negatively until 
the potential to which it rises is so high that the field at all points 
between anode and cathode is sufficiently strong to prevent any- 
more electrons from reaching the anode under their own kinetic 
energy of emission. If the anode now be connected to the cathode 
through a battery which maintains the anode at a small positive 
potential, the potential distribution can be represented by the 
curve b of Fig. 21. This curve shows that the potential gradient 
is stiU negative at the cathode, but in passing from cathode to 
anode the gradient passes through zero at a distance x from the 
cathode and then becomes positive. The negative gradient at 
distances less than x is due to the space charge of the electrons and 
the fact that the energy of emission enables the electrons to move 
against a negative potential gradient. If the anode potential be 
increased the distance x of minimum potential shortens until the 
potential distribution finally takes the shape given by curve d. 
In this case x is practically zero, so that the potential gradient 
vanishes at the cathode. When this condition is reached we have 
the case corresponding to the point B of Fig. 20. If the plate 
potential be increased still further the potential distribution 
straightens out still more (curve e) and the current obtained is the 
saturation current. 

Now, it is the condition represented by the potential distribu- 
tion curve d that was assumed in the derivation of the |-power 
equation. But this is the condition obtaining when the space 
current just becomes equal to the saturation current. It is 
therefore to be expected that on account of the initial velocities, 
Child’s f-power equation would hold, strictly speaking, only for 
currents approximating the saturation current. 

The explanation given here for the influence of the initial 
velocities of the emitted electrons is based on the solution of the 
problem furnished me by T. C. Fry, who also computed the dis- 
tance X of the minimum potential for cases approximating the 
conditions met with in practice. The values of x depend on the 
distance between the electrodes and the potentials applied to the 
anode.^ 

^ The effect of the initial velocities has also been studied by W. Schottky 
(Phys. Zeitschr., Vol. 15, 1914), P. S. Epstein (Deutsch Phy.s, Gcsell. Verb. 
21, p. 85-99, 1919) and others. 
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The eiTeet ui the initial velocities on the sha|>e of the Ciirnad- 
voltai^e characteristic i< tli^iiionstrateti in Fig. 22, wiiia'e tlie 
logarithms of the currents are plotted against the logarithiiis 
of tile |:K>tential diiierences applied !,>etween anode am! catlifide. 
The characteristic shown in Fig. 20 gives on the logarithmic plot 
a straight line AB having a slope effual to -J. On account of the 
initial veIocitic‘s. the logarithmic plot takes the fonn givc ‘11 l)y the 
line <'lK xhv -Iojk^ tif which a])proximates § at the upper part. 

28, Effect cf Voltage Drop in the Filament. In |)rarT!ec‘ tlic^ 
cathode is neve*:* an e(|ui{X>tential surface, but takes the fonn of a 



filament which is reinlered incandescent hy passing a current 
through it. There is consequently established a voltage tlrop in 
the filament tvhich causes a marked deviation from the 'o-|K)wer 
equation. This deviation is in an opposite sense to that due to the 
initial velocities. 

The equation for the characteristic resulting from a considera- 
tion of the effect of the v(.)ltage drop in the filament was given by 
W. Wilson.^ This derivation is also based on the assuiiiption that 
the initial velocities can be neglected. 

^ Paper read at the Philadelphia meeting of the American Physi<*a! Sexaety, 
Dec., 1914. 
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Let ii> consider a stiaicture in which the filament is a single 
wire stretched alc.aig the axis of a cylindrical anode and let the nega- 
tive teniiiiial of tlie filament be grounded so that we may regard 
its iioteiiiiai as zc/ro. Let the potential drop in the filament, due 
to the lieating current, be Er and let the potential of an intemie- 
diate jKiint at a distance x from the negative end be V, If I be 
the length of the filament we have for constant current in it: 


r 

Ef 1‘ 


(15) 


If E lx? the potential difference between the anode and the negative 
end of the filament, the potential difference between the anode and 
a tx)iiit of tile filament which is at a |)otentiai V is 


E-y = E-^E/j, 

and this is zero when 

x=eS ( 16 : 

This means that current will only flow from the length x of the 
filament given by (16) since all points of the filament beyond x 
are positive with respect to the anode. 

Since a very small length dx of the filament can be regarded 
as an equipotential surface, the current can be taken to vaiy" as 
the f-|X)wer of the |X)tential difference between the anode and the 
point X, if we neglect the factors such as the initial velocities, 
which cause a deviation from the simple f-power equation. The 
potential difference betw’cen the anode and the point x of the fila- 

nient is E —E/j. Hence if Ai be the current from the element 

dx of the filament, we get by equation (13a) 

In order to obtain the total current, we have to integrate over 
the length of the filament from which the electrons flow to the 
anode. We have to distinguish two cases: (a) When the voltage 
E Indween tiu* anomie and the negative end of the filament is less 
than the voltage drop Ej in the filament, due to the heating cur- 
rent, and {b) when E is greater than E/, 
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^ E^:,Ef. Here the imegntiiuii i.- lu 1h.‘ |■M.Tfo^lled over 
|i:ir! X ef the filament given by eqiiatkni ( I6j. Thus 


Tills gives 




(lx. 


2 2 2.' I 

‘ ' li\ 77 * A ' ' « . fl7) 

• ;y i^\m rtf 


When E is expressed in vults and / in anifx^res, we may write 
this equation: 


i = 5.86 X 10"^''-“ E^ 2 
rtf 


. ( 18 ) 


Coniparing this constant of proportionality K with C in equation 
1 14 ) it will be seen that 

C^%EjK (ISu) 

Equation 118) shows that as long as the potential difference 
lietween the anode and tiie negative end of the filament is less 
than the voltage drop in the filament, the anode current varies 
as the i-power of the anoile potential. E.xcept for the fact that 
here the iiniitatiu!! of current by the voltage drop in the filament 
has been taken care of, this equation is subject to the same limita- 
tions as the |-fx>wer equations which were derived on the assump- 
tion that the cathode is an equipotential surface. 

Cme ib) E^Ef. In this ease electrons flow from the w^hole 
surface of the filament to the anode. Hence the current is: 


wliicii gives: 
where 


4o\ m rtf rEf 


. ( 19 ) 


I = length of the filament; 
r = radius of the cylindrical anode ; 
£/= voltage drop in the filament. 
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Equation (1.9) may be c^xpanded into the more cfmvenient form: 




4 E 2i\E 






. (19a) 


where C = 14.65 X the same constant as appears in the 
r ' 

equation (14). 

The lower signs in the series of (19a) pertain to the case in which 
the potential of the anode is reckoned with respect to the positive 
instead of the negative end of the filament. 



Fig. 23. 

This series converges so rapidly that for all values of the anode 
potential greater than twice the voltage drop in the filament we can 
write for the current with close approximation. 

7 = CF/»|^l=F||^j (20) 

In deriving these equations, the length of the filament (and that 
of the cylindrical anode) were put equal to a finite value L Strictly 
speaking I should be infiniteh' long so that the distortion of the 
field at the ends of the anode can be neglected. This condition 
can be realized in practice with a device shown schematically in 
Fig. 23. 

The anode AA is in the form of a cylinder and the filament is 
stretched along its axis. In order to insure straight lines of 
force the guard rings RR' are placed on either side of AA, the 
filament extending beyond the ends of the anode. The anode 
and guard rin^ are electrically connected but the galvanometer G 
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is inserted as indicated in the diagram, so that it registers only the 
electron current flowing to the anode. The effective length of the 
filament is then equal to the length of the anode. 

The general effect of the voltage drop in the filament when the 
plate is connected to the negative end of the filament, is to make 
the space current smaller because the average potential difference 
between the filament and the plate is smaller than that between 
the negative end of the filament and the plate, this being the 
potential difference that is ordinarily measured with a voltmeter. 
The general effect is shown by the curve OD of Fig. 20. The curve 
OAB represents the theoretical curve in accordance with the simple 
f-power equation, and the part AB represents the ideal saturation 
current which is supposed to be independent of the applied 
voltage. The characteristic which is ordinarily observed is indi- 
cated by ODE. For the present we shall consider only the lower 
part OD of this characteristic. The deviation at voltages greater 
Than the voltage corresponding to the point D is due to the limita- 
tion of the current by the electron emission from the filament and 
will be discussed in the next section. The line OAB is computed 
from the f-power equation (14), the constant C being put equal 
to 50X10"® amperes. If we assume that the voltage drop in the 
filament is 10 volts, then referring to equation (18a), we find the 
constant K becomes equal to 2X 10"®. With the help of equations 
(18) and (19) we can then compute the current as a function of the 
potential differences E between filament and plate, by putting 
Ef= 10. The values so computed give the curve OD of Fig. 20. 
The percentage deviation of this curve from the theroretical 
curve OA is quite considerable at the lower voltages. It wiU be 
explained in the next chapter that it is desirable to so design 
thermionic tubes that the saturation current is obtained at the 
smallest possible voltage. In practice the voltage necessary 
for saturation seldom exceeds a few hundred volts. Fig. 24 
represents two experimental curves plotted on the logarithmic 
scale and obtained in such a way that in the one case (curve 2) 
the voltage drop in the fi0.ament was effective and in the other 
(curve I) it was eliminated. To eliminate the effect of the 
voltage drop in the filament we can, as has been done in taking 
these curves, resort to a scheme used by von Baeyer^ in 1909, 
which consists in connecting the ends of the filament and the 
^ 0. VON Baeyer, Phys. Zeits., Vol. 10, p. 168, 1909. 
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plate through a commutator which is so arranged that the filament 
current and the plate voltage are appHed alternatively for short 
intervals of time, the plate voltage being appHed only while the 
filament voltage is cut off. If the alternations are frequent 
enough, the filament does not get a chance to cool off markedly 
during the time that the filament current is cut off. In this way 
the plate current is measured only while there is no voltage drop 
in the filament. 



The dotted line in Fig. 24 is drawn to have a slope equal to f . 
For the higher voltages curve 1 is probably close to the theoretical 
line, but at the lower voltages it bends to the left on account of the 
initial velocities of the emitted electrons. Curve 2 plainly shows 
the effect of the voltage drop in the filament; it deviates every- 
where to the right of the theoretical hne. Hence, the effect of 
the voltage drop in the filament is opposite to the effect caused by 
the initial velocities. While the latter causes the logarithmic 
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plot of the characteristic to deviate to the left from the f-line, the 
voltage drop in the filament causes not only a deviation to the right 
but also a lateral shift of the whole curve to the right. These 
two effects sometimes contribute to give a better f logarithmic 
line than is to be expected from theoretical considerations only, 
because their effects are opposite and tend to neutralize each other. 
This is especially the case when the filament is operated at a very 
high temperature, because the higher the temperature of the 
filament, the greater will, of course, be the effect of the initial 
velocities. 

As far as the lower part of the characteristics of thermionic 
valves is concerned, it follows, therefore, that the current is limited 
not only by space charge but by the initial velocities of emission of 
electrons and by the voltage drop in the filament as well. If we 
consider the whole characteristic over which it is sometimes 
operated, we find that the current is also limited by another fac- 
tor which we will now proceed to explain. 

29. Iiifluenceof Limitatioii of Current by Thennionic Emission. 
If we consider the characteristics as actually obtained in practice, 
we find that on the upper parts they deviate even more from the 
theoretical line than the lower part. Referring, for example, to Fig. 
20, the curve ODE represents more nearly what is actually obtained 
with thermionic tubes, which is quite different from the theoretical 
curve OAB. As we proceed up the characteristic from the lower 
voltage values, we find that the curve deviates from the theoretical 
curve on account of the voltage drop in the filament, but as we 
proceed higher up the characteristic the curve bends over gradually 
toward saturation. The two things to be noticed are that this 
transition region between the lower part and the saturation part 
of the characteristic generally starts at comparatively low voltages 
and, secondly, the saturation current itself usually increases gradu- 
ally up to very high voltages instead of becoming flat, as indicated 
by AB. This deviation, which is shown by the part DE, Fig. 20, 
is due to the fact that in the neighborhood of D the voltage 
approaches values at which the current begins to be limited by 
electron emission. The gradual bending of the curve and the 
length of this transition region depend on the surface conditions 
of the cathode the voltage drop in the filament and on the shape of 
the anode. With the Wehnelt cathode the transition part of the 
curve is generally much longer than wth Tungsten cathode. 
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Furthermore, if the anode is in the form of a wire or a small plate, 
the transition part is also longer than when the anode is, for ex- 
ample, a cylinder surrounding the cathode placed along its axis. 

The transition part of the characteristic can best be seen from 
diagrams in which are plotted a number of characteristics obtained 
with the same tube but with different filament temperatures 
such as shown, for example, in Fig. 25. Taking, for example, the 
lowest one of these curves, we see that the transition part sets in 
at A. In the second curve, it sets in at S, and so on. 

Generally speaking, practical thermionic devices operate over 
the part of the characteristic indicated by ODE of Fig. 20. This 
part we can refer to as the infra-saturation part or the operating 
part of the characteristic. From the above explanations it follows 
that over this operating part of the characteristic the current is 
limited by space charge, initial velocities of emission, the voltage 
drop in the filament and by thermionic emission. There is another 
factor which limits the current on the lower voltages, namely, 
the formation of heavy negative carriers when a small amount 
of gas is present in the tube. This will be discussed more fully 
in the next chapter. In the case of the three-electrode tube 
which contains a grid inserted between the filament and the plate, 
the current is further limited by the grid (see Chapter VII). All 
these current limiting factors contribute to the production of a 
characteristic which is curved and which does not obey a simple 
power law when taken over the whole infra-saturation or operating 
range of the characteristic. The logarithmic plot of the character- 
istic is steepest at the lower voltages where the slope may be as 
high as 2J. As the voltage increases the slope of the logarithmic 
plot decreases until finally it becomes less than unity when satura- 
tion is approached. 

When dealing with certain small parts of the characteristic, 
we can advantageously apply a simple power law. Thus, in the 
case of a tube containing a grid, we operate the tube as an amplifier 
generally over a range on the lower part of the characteristic where 
the relation between current and voltage can be expressed as a 
simple quadratic relation (see Chapter VII). Wlien using the 
three-electrode tube as an oscillation-generator, on the other hand, 
we use the whole characteristic ranging all the way up to saturation 
voltages. 

In order to obtain a rough indication of the maximum current 
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that can be passed through the tube, we can apply the simple 
f-power equation in special cases. Thus, if the anode is a cylinder 
and the cathode stretched along its axis, the application of equation 



Fig* 25. 


(14) will give an approximate indication of the maximum current 
that can be passed through the tube at voltages approximating 
to the saturation voltage. 
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The application of the |-power equation to the approximate 
determination of the current at the saturation voltage, is not based 
on the consideration in Section 27 where it was shown that theo- 
retically the f-power equation holds for an equipotential cathode 
at voltages approximating the saturation voltage, because the 
limitation of current by electron emission which makes itself felt 
even on the lower part of the characteristic, causes quite a marked 
deviation from the theoretical curve, so that the f-power equa- 
tion can be used only to give a very rough indication of the 
maximum current. 

It is not to be concluded that since the initial velocities and 
the voltage drop in the filament both exert effects which become 
proportionately smaller as the voltage increases, an agreement with 
the f-power law can be demonstrated if the upper part of the char- 
acteristic gives a slope equal to f . The fact of the matter is that 
on account of the voltage drop in the filament the slope of the 
characteristic well below the saturation part is greater than f 
and on the saturation part itself it is less than unity and sometimes 
almost zero. Since the slope changes actually from the high 
value to the low value, there must, of course, be a region where 
the characteristic has a slope equal to f . But, in this region 
the current is limited not only by space charge but by the voltage 
drop in the filament and by thermionic emission from the filament 
as well. This effect can readily be seen by plotting the curves 
shown in Fig. 25 on the logarithmic scale, as is shown in Fig. 26c 
It will be seen that each of these curves has a slope equal to f 
over a more or less restricted region. The three different curves 
give three different lines each having a slope equal to f. This 
would mean that tliis one tube obeys three different f-power 
equations which is, of course, impossible. For the f-power 
equation to be obeyed, it is not only necessary that the logarith- 
mic plot give a line, the slope of which is f , but that line must, of 
course, also have a definite intercept on the voltage axis which 
gives the constant of proportionality of the f-power equation. 

30. Effect of the Curvature of the Characteristic. In the pre- 
vious section it was explained how a number of factors contribute 
to limiting the current in such a way as to produce a characteristic 
which is curved. Of these factors the space charge of the electrons 
in the space between filament and anode is responsible for the fact 
that the characterictic curves upwards. The limitation of current 
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by electron emission, on the other hand, causes the characteristic 
gradually to bend over to the right. The fact that the characteristic 
is curved is a very great disadvantage in a large number of uses 
to which the tube is applied. As will be explained later, it causes 
the tube to distort when it is used as an amplifier. When the tube 
is used as an oscillation-generator, the curvature of the character- 



Fig. 26. 

tic is also a disadvantage in that it makes the solution of the 
problem of the oscillator so much more difficult. In fact, the full 
solution for the curved characteristic has not yet been given. 
On the other hand, when the tube is used as a modulator or detector 
of high frequency oscillations the curvature of the characteristic 
is actually made use of. In considering the applications of the 
thermionic tube, we shall first deal with those for which it is desir- 
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able to have a straight characteristic and then consider the applica- 
tions which make use of the curvature of the characteristic. 

Whatever has been explained here with reference to the simple 
two-electrode valve applies in a general way and with certain 
qualifications also to the much more important type of thermionic 
device, the three-electrode tube which contains a grid between the 
filament and the plate. 

31. Energy Dissipation at the Anode. When a thermionic 
tube is in operation its anode becomes heated to an extent de- 
pending on the size and nature of its surface and on the voltage 
and current at which the tube is operated. If v be the velocity 
with which an electron strikes the anode, the energy converted into 
heat at the anode is ^mv^. If the number of electrons striking the 
anode per second is n the power dissipated is 

^nmv^ = neE = IE 

where I is the current through the tube and E the voltage between 
anode and cathode. The temperature of the anode will rise until 
the rate at which energy is transferred to it by the bombarding 
electrons becomes equal to the rate at which it is radiated from it. 
If A be the area of the anode and e its thermal emissivity, the 
energy radiated per second can be given approximately by the 
Stefan-Boltzmann equation: 

P^keA(T^-To^), (21) 

[ 

where T is the temperature of the anode in Kelvin degrees and 
To that of its surroundings. The radiation constant k is the power 
radiated by 1 cm.^ of a perfect black body at a temperature of 
1° K, its surroundings being at absolute zero of temperature. 

For tungsten Langmuir ^ finds the following equation instead 
of the above equation (21): 

P=12.54A(^j (22) 

When equilibrium is established the power radiated is equal 
to the kinetic energy of the bombarding electrons converted per 
second into heat. The term To^ in equation (21) can generally 
be neglected, when the anode temperature is high and we obtain 
II. Langmuir, Phys. Rev., VoL 34, p. 401, IP] 2, 
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the following relation between the power dissipation at the anode 
and the temperature to which it rises: 

EI = keAT-^ (23) 

The constant e has its maximum value unity when the surface 
has the full radiating power of a black body. A shiny surface does 
not radiate as well as a dull black or dark surface, and is therefore 
not as suitable for use in high power tubes. Furthermore, the 
power radiated depends upon the area of the anode. 

These factors have to be considered in the design of power 
tubes. The area of the anode must be so proportioned with respect 
to the product El that its temperature does not rise beyond a 
certain value depending upon the nature of the anode and the 
extent to which it has been denuded of gas during evacuation of 
the tube. 

If the anode temperature becomes too high three deleterious 
effects can come into play: 

• (a) It can cause the liberation of gas and so make the discharge 
depart from a pure electron discharge. This impairs the operation 
of the tube and often, when it does happen, causes the tube to blow 
out on account of the increase in current due to ionization and the 
consequent increase in power dissipation at the anode. Such 
impairment is often only transient since the gas is usually cleaned 
up by the hot filament. (See Chapter V.) 

(6) It causes a volatilization of the anode resulting in the 
formation of a metallic deposit on the bulb (‘^ blackening of the 
bulb Unless the parts where the lead-in wires are sealed in 
are shielded the metallic deposit impairs the insulation between 
the wires which must in most cases be very good. 

(c) It can cause the emission of electrons from the anode. 
This is generally not so serious in the case of a three-electrode 
tube, consisting of filament, grid and anode because there usually 
exists a strong electric field between the grid and the anode which 
tends to return to the anode aU electrons emitted from it. But 
in the case of a valve, that is, a tube containing only cathode and 
anode, care must be taken that emission of electrons from the 
anode does not take place, because if it did, the tube would not 
rectify completely. 

32. Efficiency of the Cathode. The efficiency of a thermionic 
cathode is determined by two factors: its life, and the maximum 
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thermionic current obtainable for a given amount of power ex- 
pended in maintaining it at the desired temperature. The satura- 
tion current, i.e., the maximum obtainable current, depends upon 
the area of the cathode, its temperature and its electron af&nity. 
(Equation 7, Chapter III.) The power necessary to maintain the 
cathode at a definite temperature depends upon its area, its tem- 
perature and its thermal emissivity (equation 23). By comparing 
these two equations it will be seen that the saturation current in- 
creases more rapidly with the temperature than does the power. 
Hence the saturation current per unit power increases with the 
temperature. The relation between these quantities is shown in 
the following table which gives the values for tungsten compiled 
from a paper by Dushman.^ The second column gives the power 
in watts per cm.^ necessary to maintain the tungsten cathode at 
the temperature given in the first column, and the third column 
gives the saturation thermionic current in milliamperes per cm.^ 
of cathode surface. The numbers given under s in the last column 
are obtained by dividing Is by p and can be taken as the thermionic 
efficiency of tungsten expressed in milliamperes per watt. 

TABLE II 


T 

Kelvin Degrees. 

p 

Watts per Cm^. 

i 

1 Mils per Cm. 2 . 

s 

Mils per Watt. 

1000 

0.9 

1.2X10-11 

1.25X10-11 

1500 

6.9 

6X10-4 

8.7X10-S 

1800 

16.4 

3X10-1 

1.8X10-2 

2000 

26.9 

4.2 

1.6X10-1 

2100 

34* 

15.1 

4.5X10-1 

2200 

43* 

48.3 

1.12 

2300 

53* 

137.7 

2.6 

2400 

65* 

364.8 

5.6 

2500 

77.5 

891.0 

11.5 

2600 

90* 

2044 

22.7 


* Obtained by interpolation. 


For temperatures above 1800° K. the relation between the 
thermionic efficiency s and the power p per cm.^ expended in 


1 S. Bushman, G. E. Rev., Vol. 18, 156, 1915. 
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luu^ting the filament can be expressed with a sufficient degree oi 
accuracy by the simple equation 

o „ o . • . . . (24) 


where C and n are constants. 

From this it follows also that for the operating range of tem- 
peratures above 1800° K., we can instead of equation (7), Chapter 
III, use the simpler equation 


4 = (25) 

For tungsten the constants n and C have the values, ?i=4.13 
and 0=1.812X10"“'^ when «s‘ is expressed in milliamperes pen 
watt, p in watts per cm.^ and i in milliamperes per cm.^ 

The important quantity is In designing tubes it is not 
always necessaiy to know the temperature of the cathode. Instead 
of the temperature we can use the quantity 2>, bticausc, after all, 
we are interested only in the power tiiat must be expemded in heat- 
ing the filament to obtain the desired thermionic current. This 
power should not be made too high as this would decrease the life 
of the filament. If the desired life is known, we can, from a relation 
between the life and the power p dissipated per cm.^ of the fila- 
ment, detennine the value of p at winch the filament must be 
operated. From the power that the tube is required to give in 
its plate circuit and the pennissible voltage between filament and 
plate the saturation current can be determined. With the help 
of a table such as the above the required area of the filament can 
then be obtained. Once this area is known the length and diam- 
eter of the filament can be determined from its resistivity at the 
operating temperature. The length and diameter can, of course, 
be proportional to suit the voltage or current at which it is desired 
to operate the filament. 

The most important of the factor that influences the thermionic 
efficiency of a filament is its electron affinity, i.e., the work which 
an electron must do to escape from the filament. A glance at 
the following table will show the enormous extent to which this 
constant can influence the saturation current. This table also 
gives an indication of the manner in which the saturation current 
is increased by increasing the temperature of the filament. The 
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figures given in the table are only relative, and were computed 
from the equation 


1 r 1] ^1 ^ .4343X10® 

log/,--~log r^log A — Cjy, . . . (26) 

where A was put equal to 10’’. This is the logarithm equivalent 
of Richardson’s equation of thermionic emission. (See equations 
(9) and (10), Chapter III.) 


TABLE III 


Temperature 
of Cathode. 

Saturation Current in Amperes per Cm.^ of Cathode 
Surface. 




0=2 Volts. 

0=3 Volts. 

0=4 Volts. 

' 

0 = 5 volts. 

'’K. 

1000 

25X10-3 

2X10-’ 

2X10-'2 

2X10-" 

1500 

72 

3X10"2 

13X10-“ 

6X10“» 

2000 

4X103 

12 

36X10-“ 

1.1X10“^ 

2500 

4.6X10^ 

43 

4.2 

4X10-2 


If we take two filaments having different values of electron 
affinity, but both filaments having the same area and thermal 
emissivity, place them in identical tubes and dissipate the same 
power in them, they would give the current voltage curves OAiBi 
and OA 2 B 2 (Fig. 27) where 4^2 is less than 41 , If it is not necessary 
for the filament to give a greater saturation current than that given 
by AiBi the filament with the smaller value of 4 still offers a great 
advantage because in such case we could operate the filament at a 
lower temperature. The power saved in lowering the temperature 
could then be used in increasing the length of the filament. This 
would increase the total space current and the characteristic 
would take the form OHB\. It will be shown later that the 
steepness of the characteristic is a veiy important factor 
in determining the efficiency of thermionic amplifiers, detectors, 
etc. The curve OH is therefore more suitable than OAi, 

It IS to be seen, therefore, that it is very desirable to use a 
filament with as low an electron affinity as -possible. This is 
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obtained in the Wehnelt ^ cathode, which consists of a platinum 
filament coated with an oxide of the alkaline earths. 

The type of filament used in Western Electric tubes is the 
result of efforts to reduce the electron affinity. A comparison of 



table II for tungsten filaments with tiui following, which gives the 
valuers for a tyix’; of Western Electric filament,^ shows the relative 
thennionic (efficiencies of the two types. 


TABLE IV 


V 

Watts per Cm^. 

h 

Mila per Cm-. 

V 

Mils per Watt. 

4 

11 

2.7 

5 

35 

7 

6 

80 

13 

7 

1()0 

23 

8 

300 

37.5 

9 

5(K) 

55.5 

10 

750 

75 


1 A. Wehnelt, Ann. d. Phys., Vol. 14, p. 125, 1904. 

2 From measurements of C. J. Davisson. 
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The values for p, s and Is given in this table also obey equations 
(24) and (25) but the constants n and C for this filament have the 
values: n = 3.59 and C = 2. 148X10“^. 

It is on account of the high thermionic efficiency that the 
oxide-coated platinum filament can be operated at such low tem- 
peratures. These filaments should never be heated above a reddish 
yellow (which corresponds approximately to p = 8 to 9 watts per 
craP), whereas a tungsten filament can be heated to brilliancy. 

The experimental verificaton of Richardson’s equation for 
the Wehnelt type of filament presents greater difficulties than in 
the case of pure metallic filaments. For metallic filaments this 
equation was verified by Richardson in 1903/ and subsequently 
by several others. Accurate determinations of Richardson’s 
constants for tungsten, molybdenum and other metals were made 
in the laboratories of the General Electric Company. The earliest 
experiments that were made to determine the electron affinity 
for oxide-coated filaments were those of Wehnelt.^ Richardson’s 
equation has been fully verified for oxide-coated filaments by 
investigations carried on in the research laboratories of the 
Western Electric Company. Some of this work is described 
by H. D. Arnold.'*^ 

The coated type of filament has nov/ been used by the Western 
Electric Company since 1913, and has been in commercial use in 
the telephone repeater tubes of the Bell Telephone System since 
1914. This filament is sufficiently constant in its behavior to meet 
the very rigid requirements called for by its use on the long dis- 
tance telephone lines. 

It consists of a core of platinum-iridium (6 per cent iridium 
with other impurities found in commercial platinum-iridium) 
covered with the oxides of barium and strontium. These oxides 
are applied alternately and after each application the filament is 
momentarily raised to a temperature of about 1000° C. The 
whole process consists of sixteen such applications,. After that 
the filament is baked at about 1200° C. for two hours. If the 

40. W. Richardson, Trans. Roy. Soc., Vol. A-201, p. 497, 1903. 

2 A. Wehnelt, Ann. d. Phys., Vol. 14, p. 425, 1904. For a full discussion 
of these and similar experiments, see O. W. Richardson, The Emission of 
Electricity from Hot Bodies ” (Longmans, London). 

2 H. D. Arnold, paper read at the Chicago meeting of the American 
Physical Society, October, 1919, 
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filament is not exposed to moisture or carbon dioxide it does not 
deteriorate. If kept in vacuum containers they show no deterio- 
ration over a period of several years. The tubes containing these 
filaments are completely intorchangeal)le even in repeater circuits 
where the requirements arc^ held within vmy (dose limits. 



Fig. 28 . 

The investigation on the thermionic efficiency of the filaments 
was simplified by a coordinate system devised by Dr. C. J. Davis- 
son, in which the abscissae represent power supplied to the fila- 
ment, and the ordinates the thennionic emission. The abscissae of 
this system are curved, the coordinate lines being so proportioned 
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that if the emission of the filament satisfies Richardson’s equation, 
and the thermal radiation the Stefan-Boltzmann law, the relation 
between the thennionic emission and the power supplied to the 
filament when plotted on this chart is a straight line. Such a 
chart is shown in Fig. 28. The lines represent the average ther- 
mionic emission for a large number of different filaments. These 
filaments all have the same area, namely, 95 sq. mm. The further 
the line lies to the left, the greater is the thermionic efficiency. 
Each line shows the percentage of tubes that have a higher ther- 
mionic emission than that indicated by the line. For most pur- 
poses it is necessary only to insure that the thermionic emission 
is greater than a certain value. The thermionic efficiency is 


obtained by dividing the ordinates by the abscissse 



The broken lines represent the lines of constant thermionic 
efficiency, the corresponding thermionic efficiencies indicated on 
this line being expressed in milliamperes per watt. The normal 
power dissipated in this standard coated filament is from 8 to 9 
watts per square centimeter. From this it is seen that the 
efficiency of these filaments range from about 10 to 100 milli- 
amperes per watt. 


The constants of Richardson’s equation can 

be detennined directly from these lines. 

The following table gives the constants a and 5 of Richardson’s 
equation for a number of different substances. The values for 
the Western Electric oxide-coated filament were obtained by C. J. 
Davisson from measurements covering about 4000 filaments.^ 
The values for the other substances given in the table are taken 
from a paper by Langmuir.^ 


TABLE V 


1 

1 

Substance. 

1 

A 

Amps/Cm^. 

b 

Kelvin Degrees. 

Oxide coat (W. E. Standard). 
Tungsten 

(8-24) XIO^ 
2.36X10^ 
2.0X10« 
1.12X10" 
2.1X10" 

(1.94-2.38) X 104 
5.25X104 

3.9 X104 

5.0X104 

5.0X104 

Thorium 

Tantalum 

Molybdenum 



^ H. D. Arnold, loc. cit. 

^ 1. Langmuir, Trans. Am. Electrochem. Soc., Vol. 29, p. 138, 1916. 
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The thermionic efficiency is detcmiincd mainly by b; the smaller 
b the greater the efficiency. 

To obtain the electron affinity <?5) the equation = 

(Chapter III, (equation (9)) can be used. 

33. Life of a Vacuum Tube. Thc^ life of a tubc^ is determined 
mainly by two factors: 

(a) There is tilways a small amount of ionization by collision 
even in highly evacuated tubes. The positive ions so foimed 
bombard the filament and this causes excjessivo local heating. 
In the three-electrode type of tul)c the grid acts as a partial 
screen to positive ion Ixanbardment. The electric fiedd in the 
region bedweem grid and plate is usually mucli greatc^r than between 
grid and fiUunent. Most of the ionization, therefore, takes place 
betweem grid and plate and a large p(vrc(mtago of the resulting 
positive ions go to tlie grid instead of to the filament, since the grid 
is always n(‘gative with resi)ect to the plate. 

(b) Tlie rate at whi(;h the filament volatilizcis increases with 
its temixn-ature. In the case of the metallic filaments, the vola- 
tilization causes th(‘, filament gradually to get thinner and so in- 
creases its r(‘sistanc-e. If the filanuuit is op(n*ated at const, ant 
voltage this will caus(^ a rcxluction in tlu^ luxating curremt, and the 
conseepumt lowering of the temperatinx^ lowers the thennionic 
emission as w(dl as the thermioni(‘, (dlicuency. If the filament is 
operatcid at c.onstant current the voltag(^ increases, resulting in an 
increases of th<i temperature of the filament. This shortens the 
lif(^ of the filainent. Whether the filanumt be opcu'ated at constant 
voltage or constant current, both effects arc^ undesirable and must 
be taken into consideration in estimating the lif(i of tlie filament. 

The life of a metallic filament (lei)ends also on its diameter.^ 
A 5-mil tungsten filament operated at a temperature of 24()()® K. 
has a life of about 4000 hours, while the 10-mil filament operated 
at 2500° K. has a life of nearly 3000 hours. The thicker the 
filament the longer the life for the same operating temperature. 
Or, the same length of life can be obtained by operating the 
thicker filament at a higher tmnperaturc and so obtain a greater 
thermionic emission, as well as a higher thermionic efficiency, 
since the thennionic efficiency increases with the temperature. 

The following table taken from Bushman’s paper gives an 
idea of the effect of the diameter of the filament on its life: 

1 S. Dushman, General Electric Review, Vol. 18, p. 15G, 11)15. 
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TABLE VI 


Filament 
Diameter, Mils 

1 1 

Safe Temperature 
(Life >2000 Hrs.). 

Is per 

Cm. length. 

Watts per 

Cm. Length. 

5 

2475 

30 

3.1 

7 

2500 

50 

4.6 

10 

2550 

100 

7.2 

15 ’ 

2575 

200 

11.3 


By safe temperature '' here is meant a temperature which 
is low enough to insure a life of at least 2000 hours. The quanti- 
ties given in the third column give the thermionic emission per 
centimeter length of filament at the corresponding temperature, 
and the fourth column gives the power that must be expended in 
maintaining a centimeter length of the filament at that tempera- 
ture. The thermionic efficiency can be obtained by dividing the 
values in the third column by those in the fourth. It is seen that 
the thermionic efficiency of the 15-mil filament is almost twice 
that of the 5-mil filament when both are operated at such tempera- 
tures as to give approximately the same life. 

The coated type of filament retains a constant resistance 
throughout its life, because the heating current in this filament 
is carried mainly by the core, while what evaporates is mostly the 
coating. The nearing of the end of this filament is indicated by 
an increase in the temperature over sections of its length. These 
are commonly referred to as “ bright spots.’’ This warning is a 
desirable and important feature, especially where the tube is used 
as a telephone repeater, because it makes possible a timely replace' 
ment of the tube without interrupting the service. 

Tubes containing the standard Western Electric filament 
have a life of several thousand hours, which depends, of course, 
upon the temperature at which the filament is operated. Such 
tubes have been operated in the laboratory for 20,000 hours con- 
tinuously, during which period the thermionic current remained 
practically constant. 


CHAPTER V 


INFLUENCE OF GAS ON THE DISCHARGE 

The discussion given in the previous chapter and the current 
volt^igc relations that were obtained were l)as(Hl on the assumption 
that the residual gas in the device has a negligibly small injfliuence 
on the discharge. It now remains to show under what conditions 
this assumption is justified and how these conditions can be realized 
in practice. It is imi)ortant to know what are the sources of gas 
in thermionic tubes; how the gas influences the discharge and how 
the d(‘,leterious effects of gas can be eliminated. 

Th(‘re are two primupal ways in which the presence of gas in a 
themuonic tube can affect the discharge. Firstly, gas in contact 
with the surface of a cathode can change the thermionic emission 
from the cathode and so change the saturation current, i.e., the 
total current obtainable from it at a definite tem])erature. This 
effect may be referred to as the surface effect. Secondly, the pres- 
ence of gas in the space between cathode and anode will, if the 
velocity of the electrons coming from the cathode exceeds a certain 
small value, depending on the nat\ire of the gas, give rise to the 
phenomenon of ionization by collision. This can be referred to as 
the volume effect 

34. Volume Effect of Gas. Ionization by Collision. In order 
to explain the effect of ionization by collision on the discharge, we 
shall assume that we have a characteristic corresponding to that 
obtained in a perfect vacuum and then see how this characteristic 
is changed when gas to a sufficiently high pressure is introduced 
into the tube. We shall also assume that the gas which is intro- 
duced is entirely neutral as regards the surface effect; that is, 
it is of such a nature that its coming in contact with the surface 
of the cathode does not change the electron emission from the 
cathode. In passing from cathode to anode, some of the electrons 
collide with the molecules of the gas and if they strike the mole- 
cules with a velocity exceeding a definite minimum amount ioniza- 
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tion by collision sets in. The voltage through which an electron 
must drop to acquire this minimum velocity is called the ioniza- 
tion voltage, values of which are given on page 22. 

If the voltage between cathode and anode is slightly greater 
than the ionization voltage, then, if an electron collides with a gas 
molecule just before reaching the anode, ionization will result, but a 
collision in the space nearer to the cathode will not result in ioniza- 
tion. In the latter case the electron may be reflected without 
any loss of energy from the molecule with which it colhdes, or it 
may lose part or all of its energy, this energy being transferred 
to the molecule, or it may combine with the molecule, thus forming 
a heavy negative carrier. It can readily be seen that if the voltage 
between cathode and anode be increased, collision of the electrons 
with molecules nearer to the cathode may result in ionization,- and 
if the voltage just exceeds twice the ionization voltage, an electron 
which collides after having dropped through the ionization 
voltage in moving from the cathode, thus producing ionization, 
stands a chance of ionizing another molecule with which it may 
happen to collide just before reaching the anode. For low volt- 
ages, therefore, it is to be expected that the amount of ionization 
would increase with the applied voltage. 

In practice we do not deal with a single electron moving from 
cathode to anode but with a stream of electrons, and under such 
conditions it is generally found that ionization sets in at applied 
voltages less than the ionization voltage. It is, for example, 
possible to maintain an arc in a gas or vapor by the application 
of a voltage which is not as great as the ionization voltage of the 
gas or vapor. This is because it takes a smaller amount of energy 
to disturb the equilibrium of an atom than it does to completely 
detach an electron from an atom. Once the equilibrium of an 
atom has been disturbed the potential energy of the atomic 
system is increased by an amount equal to the energy given up to 
the atom by the colliding electron. Such an atom is more easily 
ionized than the normal atom and therefore the potential differ- 
ence through which any electron must drop in order to ionize this 
atom is less than the ionization voltage of the normal atom.^ 

The amount of ionization depends also on the pressure of the 
gas. The pressure of the gas may be so low that the electron does 
not strike a molecule at all in its flight from cathode to anode. On 
1 H. J. VAN DER Bijl, Phys. Rev., Vol. 10, p. 546, 1917. 
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the other hand, the pressxire may l)c so hip;h that the (dectron 
collides before it has acquired sufficient (nu^r^y to ionize, llui 
amount of ionization produced in this case d(‘p(‘nds on wlietlun* or 
not the gas is such that the collisions an^ (dasti(‘.. If tlu^y are 
elastic the electrons will rebound from the motaadc^s without, losing 
their energy and may then striker tlu^ lu^xt. inolc^taiU^s with a gr(‘at(T 
amount of energy than tlu^ first. If the collisions ar(^ iiudastic 
the electrons lose some or all of tluur erun’gy on colliding, but the 
energy which is transferred t.o t.lu^ mokauik's is again radiatcnl from 
them in the form of light, which ca,uses ])hoto-(‘k'(d.ri(j tdTecds 
in the tube, resulting in a further dislodgment- of (‘lectrons. 

36. Mean Free Path of Electrons in Gases. The* chaiu^e that 
an electron has of colliding with a gas mok‘(;uk‘ in its passages from 
cathode to anode depends on the nu^an fn^' path of t he ekadrons in 
the gas and upon the distance between (aithodc* and anode. The 
mean free path is the averag(‘, dist<anc(^ through which an electron 
can move freely without colliding with gas mok‘(nil(^H. Th(^ 
following table gives an idea of the nature of this nni)ortant quan- 
tity. The first column gives the number N of (had rons, out of a 
total of 100 starting from the cathode, that (*.an mov(i fnudy through 
the distance d given in the second column of tlu^ table. Tlu^ 
numbers in the second column arc expressed in fractions of the 
mean free path L. 


N 

(1 

L 

99 

0.01 

98 

0.02 

90 

O.l 

82 

0.2 

78 

0.25 

72 

0.333 

(>l 

1 0.5 

37 

1. 

14 

2 

5 

3 

2 

4 

1 

4.6 


This table snows that if the distance between cathode and 
anode is equal to the mean free path, only 37 per cent of the 



IXFLVEXCK i>F (F\S OX THE 'H Mit,F 

electrons starting from the ealh<Mlt* will .‘-trike tiie 
having encount(‘r(‘(i mol(‘(*uIes nn tlu'ir way, aiet flu i tl.r 

(listan(‘.e tx^twcHai (‘athodc^ ami anude tu the mean idee leifh 
increased th(‘ numhtn- of eollisiims iian'eases. ^ Hi th*- *alsi ,i h.ie J 
if the pressure is S(^ low that tlu* na‘an fna* path e fm.* * *1 - 
distance hetwtam eathod(‘ ami aiHMka otd> I f^ r e. ni f ise 
electrons will collid<‘ Ixdon* n*aehing ih<» :ui«wie. 

The mean fnx^ path incn*us<‘s as tlie gas pree^uie i derrra . i. 
in fact, it is invers(dy pr<»|M>rt tonal to the pre’^-ui*' *d the ga If 
also depends upon th(* siz(* of the moleeiiles. Hue’ it e^ i !* a 

hydrogen than for oxygtm. r<»ns«*c|ueiitly, sinet* :m rh-».-Ui*n 
much smalh^r than a gas na^letmle, tla* imam free |»aih *4 eh * !ie.h - 
in gases is greattu* than the tuean fna* path of ihr ga* m»»lrryh ^ 
themselves. In order to obtain the nu*an free p:i!!i of eh 
in the gas from the mean fre«‘ path of the gas ifjuii euh-^ m eln g , < 
itself, we must multiply hy the factor 4\ 2- If r.^ hip m* oj 
free path of the gas mohxailt^s at atmo>pheiir pie - nr* 7e.ii mm 
of Hg), then the mean free patli of eleetiouH in that ga% a! ;i po 
sure p is: 

/- 7(i():- -Iv 2^'. . , I 

r 

where p is given in tuillimcdm-s of Hg, 

The mea,n fnx^ path for most of fh<* eomimm ga i-. r i!,i 

tables of physit^al (‘onstants.* 

The mean fnx^ path of a gas or vapor ean be obfaiiied if iIh 
coefficient of viscosity is known, d’lie eoellic-ienf of \ee^ri!^ j. 
given by the etpiaiion 

7} .3 1 pci , ; “g . 

where 

of viseijsify; 
p — density of gas; 
c= nu^an mohamlar vehieify; 

L = meun fnx^ path; 

the quantities beinf!; reduced to utniusplicih- t.n-Mii.- \.,tt . < f . 
pressure P is Kivcni by 

h>'-^ I 

'■IP ■ ■ 

\ p 

iSec, for example, “ PhjWl ami ( ■li.-mical t i,,n». P-, i, u , 

Kaye and T. IL Laby. 


90 


THERMIONIC VACUUM TUHE 


The mean free path for any gas for which the coc^fficuent of 
viscosity is known can be obtained readily from tlic^ known mean 
free path and coefficient of viscosity of sonui otlu^r gas. For 
example, from equations (2) and (3) we obt-ain 


L- 


.3lV3/> 


(4) 


and therefore if L 2 is the known moan hvx patli of one gas at atmos- 
pheric pressure, the mean free path Li for tlm otluT gits at the 
same pressure is given by 

Li 

L2 


i V2\ pi 


(r>) 


where Mi and M 2 are the molecular wtaghl s of tlu^ t wo gMs^^s (con- 
sidered. The mean free path of the (^(‘(‘.trons in tlui gas at somcc 
other pressure can then be obtained from (ajuation (1). 

36. Ionization at Low Pressures. TIh^ applit^ation of the 
theory of ionization by collision when th(‘ pncssunc is of stu‘.h ord(cr 
of magnitude that the mean free path is large* (u>mpar(*(i to t h<* dis- 
tance between the electrodes is shnider than wluai the umm fn*e 
path is of the same order as, or less than, tlu^ (‘l(cctrod(^ distance. 
The relation between ionization current and t.lu* i)r(*ssur(* is also 
simpler. Let us consider the case in which tlu* pn^ssure of t in* gas 
in the tube is so low that the mean free path is large* compansi 
with the distance between cathode and anodes If p is the* pres- 
sure in millimeters of Hg and N the nuiulxu' of gas moI(*cuIes fna* 
cubic centimeter at atmospheric pressure, the number of mole- 

pN 

cules per cubic centimeter S.t the pressure p is „ ‘ 

(i)0 

Let us suppose that cathode and anode are l)oth in the fonn of 
infinitely large parallel plates, and let the num])er of electrons 
moving away from 1 square centimeter of cathode surface p(*r 
second be ni. In moving from cathode to anode somc^ of these 
electrons will collide with the gas rnolecuh^s. If the* voltage 
between cathode and anode be so high that (*very (U)llision results 
in ionization, the number of positive ions fonned will 1)(* equal 
to the number of collisions, and since the tneari fnx* i)ath is large 
compared with the electrode distance, the chanca* of an electron 
colliding more than once on its way to the anode will lx* extremely 
small. We can therefore imagine the molecules in the space 
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projected on ilw plane of the niuxle un<l (anupuh^ the ratio 
of the area covca-cxl hy th(‘ inol(‘eul(*s to an^a of the anode, lliia 
will then be proportional to tlu^ ratio of the j>ositiv(‘ hniH fonned 
by collision to the* number of electrons moving; from cathode* to 

anode. Now, tlu* cross-.s(*ctional area fonned l>y the* im^Ie- 

i bi) 


cules is 


TTl'^pN 

760 


wluuH* r is tlie moksnilar radivis. 


Hence, if fa* 


the nnml)er of positive ions r(‘sulting from collisions in a ctdiiiun 
1 square centiimd.er in cross-sca'tion, and m tin* numlaT of elec« 
trons moving to the anod(* jwv sec'ond from I scpian* centimeter 
of cathod(‘ surfaci*, \vv have* 

a 2 I TtrpX 
71 \ k 7tU) 


or 


7(U)/; //-» 

n7'-X 71 C 


rtb 


where k is a constnnit which !>ecom(‘s unity if all the na^hsmles in 
the path of the (‘lectron stnnim an* ioniztsl. 

The pressure p of tlu* gas is th(*n*f(»re din*ctly propeuiiona! 
to the ratio of positive* ions to (di*ctrons. Hus linear relation has 
been observed expcuimentally by (). K. liucklc*y * atid an the basis 
of this simple n‘latK>nship h(‘pl(*sign(*d a t!ienuioni<’ gauge for the 
measurement of pressun*H Inflow about H) mm. of Hg. This 
gauge is descrilxsl in ('hapttT X, page 375. 

37. Effects of Ionization by Collision. Wh<*n ionization takes 
place, the chara(d(u*istic can lu* intimmccsl in the following ways: 

' (a) The splitting of tlu* gas moI<*cuh‘s by luanbardmcait (»f 
the electrons, in their passage* from cathode* to amnle*, re*sults in 
the prcxluction of more elislodg<*d chargers so that the* e*tirre*nt is 
increased. This incre^ase* in curre*nt is small unde*r the* conditieuw 
prevailing in most t.lumnionic tubes. Thus, if the* prc'SHun* in the? 
tulxj is 0.1 micron,^ the increase in curremt due to this (*ause alone 
is less than 1 p(*r cemt. 

(b) The positive ions resulting from the* collisions move* 
toward the cathode and since the* total Hpa(*(* charge is the* di{T«»r»- 
ence between that due to the ele<5tre)ns anei tliat ehu* to the* |K)sitivi* 
ions, the presence of the positive ions naturally re*<luc(‘s the* total 

^0. E. Buckl(*y, Proc. National Academy of Reienre*, Vol. 2, p. fKi, 191C. 

^ 1 micron « 10”'"^ mm. of Hg. 
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space charp;e, and this causes an increase in the current. The 
extent to which the space charge of tlie positive ions can rcnlncx^ 
the negative space charge of the electrons (h'pends on the minilxn' 
of positive ions coinpared with the number of ek'ctrons in tlu^ space 
at any particular time. It depends, therefore, on tlu^ speed with 
which the positive ions move toward tiu^ cathode; th(‘ lowcu- the 
speed the greater will be the density of tlu^ ])oslt iv(^ ions. ''I'lius 
when the tul)e contains oxygen the nxluctton in t h(^ nt‘gat iv(^ spa(‘e 
charge is greater than would b(^ tlu^ (‘.as(‘ if th(‘ tulx^ contaimxl 
hydrogen at such a pressure that the number of ])osit iv(‘ ions formed 
is the same, Ixuauxse the oxygen ions are heavi(‘r and mov(^ more 
slowly than t.he hydrogen ions. 

(c) The positive ions can, under certain conditions, combine 
with the electrons at the surface of the cath()d(‘ and so fonn a- laytu* 
of gas on it. This results in a surface elTect which will l)e (explained 
in Section 39. 

(d) There is still another way in which ionization by collision 
can affect tlui operation of the tulx^. If thci voltages l)(dw(xui 
cathode and anode is sufficiently high, tlu^ Ixunbardnumt of th(i 
cathode by the positive ions causes an abnormal heatiiig of the 
cathode. This increases the saturation (‘urnmt l)(‘cause of tlu^ 
increase in the temperature of the cathodes. Th(n*e may also bc^ a 
direct emission of electrons from the cathode under tlu^ bombard- 
ment of its surface by the positive ions. The undue luxating causcxl 
by the bombardment wears away the cathode and has a very 
deleterious effect on the life of the tube. 

(e) When the velocity of the electrons is l(\ss than t-he value 
necessary to cause ionization by collision, tlui el(x;trons attract 
the neutral gas molecules and so form luMivy negativ(i (*4irri(u\s. 
The ease with which this fonnation of ru^gative (carriers t^akes place 
depends on the nature of the gas. Siu^h gases as argon and mer- 
cury vapor do not readily form negative carriers, while hydrogiui 
and oxygen comlxinc with electrons more easily. The <iffect of 
this negative carrier fonnation is to counteract thci rtxluction in 
the negative space charge occasioned by the heavy positive ions 
formed by collision ionization. The positive ions are atoms of thc^ 
gas from which one or more electrons have been removed. The 
ions therefore have very nearly the same weight as the gas atoms. 
The negative carriers, on the other hand, may consist of an atom 
or molecule to which has been attached an electron. It is also 
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possible that the attra<‘tion Ix^twec^n an (‘leetron aiul tlie neutral 
gas niol(xnik\s can n^sult in th(‘ formation of t‘lustc‘r.s e<msi>!iiig 
of more than oiU‘ mokanhe lu*kl tog(‘th(T by tin* elect ron. I1it*se 
negative carriers, tlu‘n‘for(\, move as slowly as, and somtUinies iimre 
slowly than, tlie positive^ ions and eonsecimnitly havt» a n*!:itively 
gn^at efTect in (a)unt<‘ra(»ting the t(‘n(km('y of th(‘ }K>sitiv(* knis to 
reclucu^ the n(‘gativ(* spac(‘ charge^ of tlu^ (‘ha^t rons. 

38. Influence of Ionization on the Infra-Saturation Part of the 
Characteristic. To (‘onfiiUMmr attention to tins part of the char- 
acteristic*, let us assunu* that the tube etmtains gas whk’h has no 
efTect on tlu* c*k‘etron affiriity of the cathodes in otlier wonis, it 
has no (dTex't in either nxiueing or increasing the saftiratiem eurnaif 
obtainable from tin* hlatutait at any dtdinitc* temiH*rattire. This 
condition can lx* r(‘aliz<‘d, for examf)l<% with a tulx* (xmtaining a 
tungstcai cathode* and imaamry VH{w>r IxTause* meaaairy va|x)r is 
neutral as r(*gar<ls the* electron emission fn>m tungsttaid be! 
us supjKKse that we meaisun* tlu* eurnmt vtdtage n‘lation f>f a tube 
containing a tungsteai <*atho(k‘ an<l a tungst(*n anode, and to whiedt 
is attached an app<*ndix (’ontaining mereury which (’an lx* main- 
tained at any desinxi teanjMU’uturc* thus maintaining tlu* pn‘ssure 
of the mercury vapor at any d<‘sir(*d valu<*. It is, of cotirse. ia be 
undershxHl that all otht*r gasc‘s and vapors havt* Ixxui driven mil 
of the electrod(*s ami the walls of the* V(‘sseL It will lx* ai>pre- 
ciated that by doing this we do not simul atj* tlie eonditiems ol>« v 
taming in practical tlu^rmionk* tulx^s, Ixx’ause* the* gase*s reanaining 
in the practmal tulH‘H seklom, if evcT, contain meremry va|Kir, but 
do comprise those gas(*s that we an* (*x<*luding from the* ecxixai" 
ment at present imd(‘r cemsiderutiem. kor such an e*x|x*nmen! 
it is dcxsirable to use a vapor which can lx* maintainexi at any 
pressure by k(*c*ping tlu? punmt substance* at the* e*orr(*s|K>neiiiig 
temixiraturc*. 

Let us first suppose the apixaidix containing the* nu*nmry is 
immerseid in liejuid air. ruder sue‘h e?onditi<ms the* eharae*te*risfic 
will b(i that eihtaimxl in a high vacuum, 'rium, to st uely tlu* e!T<x*t 
of the mereniry vapor in in<*n‘asing the* mrnnii on tlu* infra-satura- 
tion part of the? characterist ie* we* earn, insteaiel of using lie|uid air, 
maintain the mercury at either lem|K?rature*s by dip|)ing the* mer- 
cury tube into frex*zing mixtureas eir wat<‘r baths. A set of Mich 
characteristics is she>wn in Fig. 29. 'Flu* charaei eristic murki*d 
^Irving Langmuir, Phynik. Zeitsch., VoL 15, p. 5Ili, liiif. 
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No. 1 was obtained with the mercury tulxi immersed in liquid air. 
The other characteristics were obtained with the mercurj' at 
temperatures ranging from —7.5° Cl. to 10° (1. The tenqxu'at urc's 
below 0° C. were obtained by keeping the tube containing tlie 



Anode VolH 


mercury immersed in ice and salt freezing mixtures. Th(‘ following 
table shows the temperatures of tlui mercuiy and the pr(‘ssur(‘s of 
the mercury vapor corresponding to the set of characteristics 
shown in Fig. 29. 

TABLE Vn 
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and to Fig. 29, it will be seen that as the pressures of nu^rrury 
vapor is increased the current voltage curve beconu\s and 

steeper. When the pressure rises to a value of 0.5 of ii ini<Tort, 
the current shows a rather sudden increases at aiiout 3:1 volfn 
(curve 6). Below this pressure there is no suddcai inenaisi^ in 
current on the infra-saturation part. For a still higlu^r pn‘HHure of 
the mercury vapor, about 2 microns or more, (nirn^iif 

increases sharply at about 15 to 20 volts, as indicates! by the 
dotted curve in Fig. 29. 

At these pressures of the mercury vapor, th(^ formation of 
the positive ions by collision of the elect-rons with tla^ mertniry 
molecules neutralizes the space charge of tlu^. m^gativc* (‘leetrons 
so that the current that can flow through th(^ tube timlergoes a 
considerable increase. For this neutralization of tin* m^gative 
space charge it is necessaiy, firstly, that the ])ot(‘ntial <!ilT(»renee 
between cathode and anode be high enough to ciixm* a considt‘ra!4<» 
amount of positive ionization. In the cas(‘ of m(‘r(‘ury vii|KU% 
this voltage is of the order of 5 volts or le.ss. H(‘(‘ondly, it is neces- 
sary that the number of positive ions fonmul by collision grt%Ht 
compared with the number of negative canhu's fornusl !>y com- 
bination of the electrons with the ncmtral mole(‘uh‘s. dhe for- 
mation of heavy negative carriers accounts at k^ast |)artly for tla^ 
fact that the negative space charge does not b(‘come nmjtralized 
until the voltage becomes considerably great.(‘r tlian the voltagi* 
through which the electrons must drop to ])ro(luc(‘ ioruzation by 
collision. Thus, the current does not increas(^ suddeady until the 
filament-plate voltage reaches about 15 volts or mor(% althougli 
actually a considerable amount of ionization by (’(dlisinn taki‘s 
place at much lower voltages. The reason why th(‘ {‘urnmt <lees 
not increase when ionization takes place at thesc^ low vtdtages is 
because a relatively large number of negaiivtt carri<‘rs an^ h^rincd 
by the combination of electrons with the neutral gas m<d(H*uIev. 
and these negative carriers tend to neutralizes thc‘ spa(‘e charge tif 
the positive ions. Another factor which tends to c(»unhn’act i\w 
reduction of the space charge of the electrons is th(‘ r(*(*omi»ina» 
tion of the positive and negative charges. 

The extent to which the current is incnaista! by ioiuzation 
by collision depends of course not only on tlu^ pri^ssurt* u{ the gas 
vapor, but also on the distance between cathodes and anode. Tfie 
important quantity that determines the amount of collision ioniza- 
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tion is the ratio of the mean free path of the elec^trons in the 
or vapor to the electrode distance. Since thc^ Ijressures corre- 
sponding to the curves shown in Fig. 29 are known, wc^ cjan from 
these curves find the ratio of the mean free path to th(‘ (^h^ctrode 
distance for the maximum pressure at which is no sudden 

change in the characteristic due to the presence of th(‘ gas. These 
curves show that this maximum pressure of m(u*<nn*y vapor is about 
0.4/x for the tube with which they were obtaiiuaL 

Now, the effects as shown by these curv(‘s an^ miu^lii greater 
for mercury vapor than for the gases that commonly nunain as 
residual gases in thermionic tubes. In onk^r to g{‘t. an imlication 
of the extent to which the other gases increase th(» (uirnait, on the 
infra-saturation part of the characteristic, W(^ hav(» to distinguish 
between mercury vapor and such gases in tlnxu^ r(^sp(^(ds: Firstly, 
mercury molecules are very heavy compared to t-lu‘ moIcHUiles of 
the ordinary gases, such as hydrogen, oxygen and nitrogcm, and, 
therefore, have a greater effect in reducing th(^ negative* space 
charge. Secondly, the mean free path of (decdroiis in nuu*cury 
vapor seems to be considerably less than the m(*aii free path of elec- 
trons in the common gases. Thirdly, such gas(\s as oxygen and 
hydrogen show a greater tendency to form lu^gative carriers 
by combining with electrons than mercury vapor. It is also 
possible that the rate of recombination of the positive* ions with 
electrons is different for different gases. 

In attempting to obtain an indication of the minimum valuci of 
the ratio of mean free path to the electrode distance* ne(!(‘ssary to 
give a characteristic which on the infra-saturation |)art is not 
influenced to a disturbing extent by the presence of gase^s other 
than mercury vapor, the differences mentioned above* must be con- 
sidered. Little is known with regard to tlie differemee in the 
coefficient of recombination or the rate of formation of negative 
carriers in different gases and vapors. Wc can, however, obtain 
some indication of the maximum allowable pressure of such gases 
as hydrogen and oxygen by considering only the vc^locity of the 
ions and the mean free path of the electrons in t.he gas. 

Suppose that the minimum value of the ratio of mean free path 
to electrode distance for mercury has been detennined from a set 
of curves like that shown in Fig. 29. The extent t o which posit ive 
ions reduce the negative space charge depends upon the vcdocity 
of the ions in the electric field, due to the potential difference 
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between anode and cathode and is inversely proix>rtiorHtl to it. 
Thus, if h is the mean free path of the electrons in niercury vajsir 
at the maximum permissible pressure, and d the distance Ix'twtaui 

the electrodes, then the ratio of ^ for any other gas is 



where Mi and M are the molecular weights of mercury and the gas 
considered, and vi and v are the corresponding velocities of their 
ions under the same electro-static fichl. '^lak<‘, for (•xanipl<’. tin* 
case of hydrogen and mercury vapoi-, sinc(^ tla^ molecular weight 
of hydrogen is 2 and that of mercury 2(K), tJu^ iK‘rmissil)h‘ ratio of 
mean free path to electrode distance is onc^-tenth as great for 
hydrogen as it is for mercury. This docs not., how(‘V<‘r, mean that 
when the tube contains hydrogen the prcs.sur(> cun lx* ttai times as 
high as when it contains mercury vaiwr; it. can, in fact, 1 m* still 
higher because the mean free path of ek'ctrons in hydr<igen is 
greater than that of electrons in mercury vax>or id. tin* ssune pi-es- 
sure. The relation between the pressure tmd nnam frc't* psith is 
shown by equation (1). If L and L\ be the imaui fr(*e jait hs of the 
gas and of mercury vapor at atmospheric pressure*, and / ami h 
the corresponding mean free paths at the pressures p and pi, 
then we have 

V _Ll\ 

Ti LiT 


Substituting the value of from equation (7), wc* obtain: 

b 


iMi 

Pi Li^M' 


(H) 


From this equation the maximum allowiihh* pre.ssur<* p for !in_\* 
gas can be obtained from the maximum idlowahle pre.ssure for 
mercury vapor. In the case of hydrogen, for exiimiih*, we latvc* 
L=18.5X10“® cm. at atmospheric pressure. Li, thi* m(*!iti fn*(* 
path of mercury vapor at atmospheric pressure*, (*an 1m* tiikt'n 
to be about 6X10~® cm.^ If these values 1 m; ins(‘rf<*d in etiu.-i- 

*If the mean free path of mercury vapor is computeil from oiitiatitm i.''.) 
by putting its coefficient of viscosity equal to KWXIO"* (ligurc given bv 
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tion (8) we fin^l that if the tul)e coiiiainw liy(lr()g:(^n the inaxeniini 
allowable pressure is about thirty tinu^s as higli as wlien the 
tube contains luercuiy. When the tulx^ (Contains oxygen or 
nitrogen the pressure can be about four times as liigli as in th(‘ case 
of mercury vapor. 

For the practical operation of thennionic (levi(‘(ss it is ne(5(\ssary 
that the current over the operating ranges should not show (U'ratic 
changes. It will be apparent from the pre^vious discussions that 
the pressure necessaiy to sc^aire a discharges that- is not appnauably 
influenced by gas is of such an order of magnitude^ tlnit it can 
readily be obtained. But it is important, also to maintain th(‘ 
pressure constant enough to prevemt any a])pr(‘ciabl(^ (diangc^s in 
the effects of ionization on the charact(uist ic. '"Fo securer t his tlu^ 
electrodes and walls of the vessel must b(^ frcHnl of gas to such an 
extent that the heating of these parts during the opc'ration of 
the tubes does not cause the evolution of enough gas to l)ring 
aboxit such pressure changes. Tlu^ characd-cnistic on 

which the great majority of tluuinionic devicans opcu’ate is the 
infra-saturation part that we have discuss(Hl in th(^ pr(‘.vious pages. 
The effect of gas on the saturation part of the characteristic will 
be discussed in the following section. 

39. Effect of Gas on the Electron Emission. Surface Effect. 
It was shown in section 19 that the relation bed wenm thc^ satura- 
tion thermionic current and the temperature of the cathode can 
be expressed by Richardson's equation: 

h 

where A is a constant depending on the numbeu' of electrons per 
cubic centimeter of the cathode, b a nuuisure of the work which 
an electron must do to escape from the cathode, and T the tem- 
perature of the cathode in absolute Kelvin dcigrees. If the vacuum 
in the tube is supposed to be perfect and the electrodes entirely 
void of gas, the constants A and h of the al)ove equation have 
definite fixed values that are detennined only by the nature of the 
cathode. Richardson's equation holds for any hot cathode and is 

Kaye and Laby) it is found to be 3.5X10”® cm. at atmospheric liressure. 
This value of the viscosity coefficient is obtained by extrapolation and possibly 
involves a considerable error. It is likely that the value 6X10”® cm. for the 
mean free path of mercury vapor is more nearly correct. 
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not dependent on the structural dimensions of Ihc^ devh^Oj it hejng 
understood that the thermionic curnuit /.? is ilic* enirront omaij^otl 
from unit area of the cathode surface when tlu^ pot cudial difTi^reiiw 
between cathode and anode is high enough to draw all tin* t*mittt*d 
electrons to the anode as fast as they are emitted from tin* eatlmde. 
It follows then that if the cathode contains impllritic^s, Riehard- 
son^s equation must still hold but the constants A and h will have 
different values. From the nature of tlu^ (H|uation it is seen 
that while the current changes in proportion to a change in A, 
a small change in b causes a veiy consid(‘ral)lt‘ (‘hang(* in the 
current. It has been known for a long tinu^ that small tran‘s of 
gas occluded in the cathode can cause largi* cliangcs in the ther- 
mionic emission. FI. A. Wilson^ has found, for (‘xnm|>Ie. that 
when a platinum wire is frcuMl of the hydrogtm o(‘(‘ludc*d in it, 
the thermionic current drops to a v(u*y small fraction of the valm* 
obtained from a platinum wire not so treated. J. J, ddiomson 
and 0. W. Richardson have pointed out that, tlu^ of tlu* gas 
occluded in the surface of the cathod(^ is to chang<‘ tlie woik 
necessary to detach an electron from tlu^ catluKle*, that is. !e 
change the constant b in Richardson's cuiuation and so product* 
relatively very large changes in the thermionitt (uirrent. 'rhus, 
if 6 = 5X10^ (0=4.3, sec equation (9), Chapter III) and the 
temperature of the cathode is 2()(K)° K., an incr<*as<‘ in h of 2h 
per cent can decrease the current to approxiniat(*ly silo its 
original value. Such changes can readily he prodma^d by very 
small quantities of gas coming in contaid, with tin* cathotlt*. 11ie 
amount of gas that is necessary to prodiua* gnait change.^ in fht* 
saturation part of the characteristic is oft(ai so small that its 
presence does not noticeably affect the infra-saturation par! tif 
the characteristic. This is shown, for examjih*, in Irig. :i(). 11a* 
curves shown in this figure were obtained with a bulb containing 
two tungsten filaments, one of which was used as cathotii* and fhi* 
other as anode. The bulb was not baked during the proctw nf 
evacuation, so that a small trace of gas and wat(*r vapor remained 
in the tube. It is seen from cuiwc 1 that tla^ pressure of f!e* 
residual gas was not sufficient to cause any apprcadalde increa r 
m the current on the lower or operating part of the* (Imnieier* 

^ H. A. Wilson, Phil. Trans., VoL 202, p. 243, HK)3, 

909 '^^* Conduction of Electricity thmugh (Impn/* 2d Kd., n. 
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istic. As the voltage and current were increased, however, the 
heating of the bulb by the energy dissipated in the tube caused 
the liberation of a sufficient amount of gas to give the irregular 
curve, as evidenced at voltages higher than about 200 volts. The 
readings were obtained in the order indicated by the arrow. Curve 
2 was obtained while the whole tube remained immersed in liquid 
air. It therefore represents the high vacuum characteristic. 



The reduction in the electron emission caused by the presence 
of gas generally becomes more pronounced when ionization takes 
place, because this has the effect of directing the flow of gas towards 
the filament. When the gas is not ionized the electric field has no 
effect on the motion of its molecules, and the chance of their 
striking the surface of the filament is determined by .he laws of 
the kinetic theory of gases applicable at low pressures. When 
ionization by collision takes place, however, the molecules in the 
space between cathode and anode become positive ions which are 
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directed by the electric field towards the cathode where they 
recombine with the electrons into neutral gas molecules. When 
they recombine before reaching the cathode the resulting neutral 
molecules or atoms have an increased momentum in the direction 
of the cathode, due to the momentum acquired in the electric 
field while they were ions. Ionization by collision therefore causes 
more gas molecules to come in contact with the surface of the 
cathode. It has been found, for example, that the receiver type 
of three-electrode tubes, containing oxide-coated filaments and 
that are evacuated sufficiently well to operate very satisfactorily 
as amplifiers, may still contain a sufficient amount of gas to 
paralyze the tubes when operated as oscillation generators. (See 
Chapters VIII and IX.) When the tube is used as an amplifier 
most of the ionization of the gas takes place between the grid 
and the anode, and since the grid is negative with respect to the 
anode, the positive ions formed by collision ionization in this region 
are attracted to the grid. On the other hand, when the tube 
operates as an oscillation generator, the grid is subject to large 
potential variations, so that in this case positive ions are also 
formed in the space between filament and grid. These positive 
ions move to the filament and there combine with the electrons 
to form neutral molecules. If the gas remaining in the tube is of 
such a nature as to decrease the electron emission when coming 
in contact with the surface of the filament, this effect can easily 
become so large that the space current is reduced to practically 
zero. This accounts for the phenomenon that has been observed 
that a tube will start to oscillate and after a time, ranging from 
a fraction of a second to several seconds, the space current will 
drop to zero and the tube become inoperative. The normal 
condition of the tube can be restored readily by heating the 
filament to a higher temperature so as to drive off the gas. Gen- 
erally it will recover automatically after a period of time depend- 
ing upon the temperature of the filament. This period may range 
from a fraction of a second to several seconds or even minutes. 
The best way to prevent this paralysis of the tube is to evacuate 
it more thoroughly. 

Langmuir^ has made extensive investigations on the effects 
of gas on electron emission from tungsten filaments. Langmuir 

1 1. Langmuir, Phys. Rev., Vol. 2, p. 450, 1913; Phys. Zeitschr., VoL 15, 
p. 516, 1914 
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finds that argon, inercur^’' vapor and hydrogen have no direct 
effect on the emission of electrons from’ tungsten, but water vapor 
has a ver^" large effect. 

Pure drv’- nitrogen has been found by Langmuir to have no 
appreciable direct effect in reducing the electron emission when 
the amount of nitrogen left in the tube is so small that there is no 
appreciable ionization of the nitrogen molecules. But when the 
voltage is raised so high that ionization becomes appreciable the 
nitrogen ions can bombard the filament with sufficient velocity 
to combine with the tungsten. This causes a decrease in the 
electron emission from the txmgsten. The higher the velocity with 
W'hich the nitrogen ions strike the tungsten filament the greater 
seems to be the effect on the electron emission, so that in the 
presence of nitrogen the current at first increases in the manner 
shown in the characteristics of most thermionic devices, and then 
suddenly starts to decrease when the voltage is still further 
increased. Hence, instead of getting a curve which, for voltages 
higher than the saturation voltage, becomes substantially parallel 
to the voltage axis, the curve obtained at these voltages has a 
negative slope. 

40. Influence of Occluded Gases. From the explanations 
given in Section 38 it follow’s that the influence of ionization by 
collision of the residual gases in a tube on the infra-saturation part 
of the characteristic is generally not disturbing for pressures 
lower than of the order of one-tenth to one micron. Such a pres- 
sure is easily obtained. Hence, as far as removing the gas in the 
space of the tube is concerned, there w^ould be no difficulty in 
obtaining a sufficiently high vacuum to realize what may be called 
a “ pure electron discharge.” What is necessary, however, is to 
maintain the vacuum in the tube 'while it is in operation, and it is 
therefore necessary not merely to remove the gas from the volume 
of the tube, but also to free the electrodes and walls of the vessel of 
occluded gases to a sufficient extent. If the electrodes of a device 
remain cold during operation the occluded gases are not liberated 
very readily, but when the electrodes become hot during the opera- 
tion the occluded gases are liberated. In all vacuum devices 
using hot electrodes it is therefore necessary previously to free the 
electrodes of gases. An incandescent lamp is such a device and 
therefore it has always been common practice, in evacuating 
incandescent lamps, to heat the bulbs and raise the filaments to 
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abnormally high incandescence during the evacuating process. 
In thermionic devices usually only the filament is such that 
it can be heated during evacuation by passing a current through 
it. The other electrodes are heated by applying a positive poten- 
tial to them which is sufficiently high to enable the electrodes to 
rise to high temperatures by the bombardment of the electrons 
coming from the hot filament. 

The extent to which the electrodes and walls of the vessel must 
be freed of gas depends on the temperature to which these parts 
of the tube rise during operation. If, for example, a tube is 
designed to operate on voltages ranging, say, from 15 to 50 volts, 
such as is the case with the type of tube commonly used as detector 
and amplifier in radio-receiving stations, it is not necessary to 
evacuate the tube so well that it can also operate satisfactorily 
at much higher 'voltages. Such a tube while operating satis- 
factorily as a pure electron discharge device over the operating 
voltages stated above, may undergo a sufficient hberation of 
gas from electrodes to spoil the tube when the voltage is raised to, 
say, 100 volts or more. Tubes that are to operate on higher volt- 
ages and currents must have their electrodes more thoroughly 
freed of gas during the process of evacuation. 

The way in which the characteristic is influenced by the liber- 
ation of gas when a tube is subjected to voltages higher than those 
for which it is designed is shown in Fig. 31. These curves were 
obtained with a standard Western Electric VTl tube. It contains 
an oxide-coated filament and is designed to operate on voltages 
not higher than 100 volts. If the voltage is raised much beyond 
this value the electrodes become hot enough to liberate some of the 
gas occluded in them, and the amount of gas liberated increases 
as the potential difference between filament and plate is raised. 
This increases the amount of ionization by collision and causes 
the filament to be bombarded by the positive ions. The bom- 
bardment of the filament raises its temperature and increases the 
space current over the value that it would have if there were no 
positive ion bombardment. When the voltage becomes high 
enough the current increases rapidly. Such a rapid increase in 
the current is shown in the case of curve 1 (Fig. 31) to take place 
at about 400 volts, and in the case of curve 2 at about 300 volts. 
Tungsten filaments do not seem to be so sensitive to positive 
ion bombardment. It sometimes happens that the gas liberated 
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from the electrodes has a very pronounced effect in reducing the 
electron emission from the cathode and then the current instead 
of increasing may decrease at the higher voltages. 

If the voltage is raised to an excessive amount so much gas 
may be liberated as to spoil the tube permanently. On the other 
hand, the gas liberated can be cleaned up by the hot filament 
so that the tube automatically restores itself. This is especially 
the case with tungsten filaments. 



If the amount of gas liberated by applying an over-voltage is 
not excessive the tube will behave Hke a high vacuum tube on the 
lower or operating part of the characteristic, even after the gas 
has been liberated at the voltages corresponding to the saturation 
part. This is shown, for example, by Fig. 32, which represents 
a curve also obtained with a FTl tube. When the voltage was 
raised to about 250 or 300 volts, the current began to increase 
rapidly, as shown by the continuous line. The broken line 
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shows the currents obtained for decreasing voltage after the voltage 
had been raised to about 340 volts. It will be seen that on the 
upper part of the characteristic the currents obtained for de- 
creasing voltages differ considerably from those obtained for 
increasing voltages. On the infra-saturation part of the charac- 
teristic, however, the two curves coincide very well, showing that 
the amount of gas in the tube is not sufficient to cause any appre- 
ciable deviation for voltages lower than about 100 volts. 

Thermionic tubes as they are used to-day perform a large 
number of different functions, most of which require that the char- 
acteristic be steady and reproducible. This is, for example, the 



case where the tube is used as a telephone repeater. In order to 
insure this the procedure commonly adopted in practice is to 
apply a potential for about a minute or so, to the plate, which 
is higher than the normal operating voltages, and then test the 
tube to see if it performs properly the function for which it is 
designed. This test is commonly referred to as the over- 
voltage test.’^ If the tube is not sufiiciently well evacuated the 
gas is liberated from the electrodes during the time that the over- 
voltage is applied. If the tube still functions properly after the 
application of the over-voltage, it means that the amount of gas 
liberated was not suflSicient to have any deleterious effect on the 
operating part of the characteristic, The difference between the 
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over-voltage to be used in this test and the highest normal operating 
voltage depends on the margin of safety that it is desired to secure. 

41. Ionization at High Pressures. The ionization phenomena 
encountered in thermionic tubes belong to a class where the mean 
free path of the electrons in the gas is generally great compared 
with the distance betw^een the electrodes. The phenomena 
resulting from the discharge at such pressures that the mean 
free path is smaller than the distance between the electrodes are 
more complicated and show the effect of cumulative ionization. 

In order to show this in an elementary way let us 
consider what happens when the mean free path is 
o'x I so small that in passing from cathode to anode an 
electron has a chance of colliding several times with 
gas molecules. Let the number of electrons start- 
ing from the cathode be no, and let the number of 
electrons formed by colhsion ionization in travers- 
ing a distance x from the cathode be n. (See Fig. 
33.) The total number of electrons arriving at a 
plane distant x from the cathode is then 
Fig. 33. If each electron in moving through unit distance 
can dislodge a other electrons by collision, the 
number dislodged in a region of thickness dx at a distance x 
from the cathode will be* 

dn~ {nQ-\-n)adx, 

To find the total number N arriving at the anode, we have to in- 
tegrate this equation between the limits of n = 0 when x = 0, 
and ^ 0 +^=^^ when x=d, the distance between cathode and 
anode. This gives: 

N=noe^^ 

This equation shows that the number of electrons reaching the 
anode, and therefore also the current through the tube, increases 
with increasing distance d between cathode and anode. This 
is in marked contrast to the discharge in high vacuum thermionic 
tubes in which, as was shown in the previous chapter, the satura- 
tion current is independent of the distance between cathode and 
anode, while the infra-saturation current decreases as the distance 
between cathode and anode is increased. 



INFLUENCE OF GAS ON THE DISCHARGE 


107 


42. Difference between Gas-free Discharge and Arc Discharge. 

There are other important differences between these two different 
types of discharge. The mercury arc is an example of a practical 
device which depends for its operation on ionization by collision, 
the gaseous medium being mercury vapor in equilibrium with the 
hquid mercury used as cathode. In a device containing a consider- 
able amount of gas and cold electrodes the discharge will not pass 
unless the apphed voltage be made so high that the few electrons 
in the space can cause a small initial ionization. The positive 
ions so formed bombard the cathode and give up sufficient energy 
to the cathode to enable the electrons to overcome the force of 
attraction at the surface of the cathode and so escape from it. 
The discharge may also be started, as is done in the mercury arc, 
by bringing the cathode in contact with an auxiliary electrode 
and then striking the arc by separating them. This furnishes 
the initial ionization necessary to start the discharge. Thus, 
while electrons are hberated from the cathode in the pure electron 
device simply by external heating of the cathode such as passing 
a heating current through it, in the gas-fiUed tube the electrons 
are hberated by bombardment of positive ions and also by photo- 
electric effects in the tube. 

The positive ions formed by coUision ionization move toward 
the cathode and the electrons toward the anode. There is, thus, 
a predominance of positive space charge in the neighborhood 
of the cathode and a predominance of negative space charge near 
the anode. When the conditions are such that an arc discharge 
passes, the total space charge is small compared with that in the 
gas-free tube, where the space charge is negative only and has a 
maximum value near the cathode. The resistance of the arc is 
therefore lower than that of a gas-free tube. In order to maintain 
an arc steady it is necessary to connect it in series with an external 
resistance. The gas-free tube, on the other hand, does not need 
an external resistance to stabilize the discharge. On account of 
the frequent colhsions in an arc there is also a great deal of recom- 
bination and this causes a pronounced blue glow in the tube. 
The gas-free tube, on the other hand, shows no blue glow. If a 
blue glow does accidentally appear, it is because the tube has been 
over-taxed and it may cause the tube to become inoperative. 

Another important difference between a pure electron discharge 
and an arc discharge is that the latter has a falling characterise 
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tic that is, its relation between current and voltage is given 
by a eurve such as AB (Fig. 34). The gas-free device, on the other 
hand, has a characteristic similar to OC, The difference between 
tubes containing these characteristics becomes apparent when we 
consider the corresponding a-c. resistances. The a-c. resist- 
ance for small current or voltage variations at any definite voltage 

is given by the reciprocal of 
the slope of the characteristic 
at a point corresponding to 
that voltage. Since the slope 
of the curve AB negative, 
the arc has a negative resist- 
ance, while the resistance of 
a gas-free tube is positive. 

It is the negative resist- 
ance of the arc which enables 
it to produce sustained oscil- 
lations. It will be shown in 
Chapter VIII that a device 
containing only two electrodes 
can only produce sustained oscillations if it has a negative 
resistance or a falling characteristic. The principle involved in 
the production of sustained oscillations by the audion or three- 
electrode thermionic tube is entirely different and depends on the 
controlling action of the grid on the electron flow from filament 
to anode. 



CHAPTER VI 


RECTIFICATION OF CURRENTS BY THE THERMIONIC 

VALVE 

43. Conditions for Rectification. Let us consider a device 
on which can be impressed a simple harmonic voltage and let the 
current through the de^ce be any function f(e) of the voltage, 
This function can always be expressed in a Fourier series, thus: 

n ^ n 

f(e)= I Q+2an sin. nx+lbn COS nx, . . . . (1) 

1 1 

where Jo, ccn and bn are constants. 

The summation terms of this series are simple harmonic 
functions, and will therefore vanish when integrated over a com- 
plete period. On the other hand Jo, being a constant, will be 
independent of such integration and can be measured with a d. c. 
measuring instrument. Hence, provided that Jo be not zero, 
the function f{e) will be such that the device will rectify. The 
fundamental condition for rectification by any device is therefore* 

f(e)dt^0. . (2) 

This will be the case either wheii 

. . ( 3 ) 


( 4 ) 

Devices which comply with condition (3) are: (1) those which 
conduct current only in one direction and for which /(e) may be 


T 

r 


£ 


f(e)dt=0 or | f{e)dt=0 . . 

T 


or when 


T 
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any function of e in the transmission half period as, for example, 
the thermionic rectifier (Fig. 35); (2) those which conduct 
current only in one direction and for which /(e) is any finite 
function of e for all values of e greater than a minimum value e\- 
The electrolytic rectifier practically complies with this condition ; 




during the transmission half period it does not conduct unless the 
applied voltage exceeds its back E.M.F. (Fig. 36.) 

Devices which comply with condition (4) are: (a) those 
which conduct current in both directions but for which f{e) is 
unsymmetrical with respect to the axis of current (Fig. 37) ; 
(b) those for which f{e) is a linear function of e, provided the 
input voltage exceeds a minimum value ex (Fig. 38). 




Fig. 36. 

The three-electrode thermionic detector, or audion, cannot 
be called a rectifier, as far as the plate current is concerned, because 
it does not rectify the incoming current. This current only 
releases energy in the plate circuit which is suppHed by the local 
plate battery, and the characteristic of the device is such that more 
energy is released during the one-haK period than during the other. 
Ir. mUI be seen that devices represented by the conditions (3) can 
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be made to comply with condition (4) by inserting a local battery 
in the rectifier circuit so as to shift the axis of current. But 
even with this modification they differ from the audion detector 
because they actually resolve the incoming currents into d-c. 



Fig. 37. Fig. 38. 

and a-c. components in the measuring circuit. The three- 
electrode device or audion therefore differs radically from these 
other types of radio detectors. 

A full discussion of the operation of the various types of 
rectifiers is beyond the scope of these pages. We shall therefore 
confine our attention to the thermionic rectifier or valve. 



re/. Rec. 


Fig. 39. 

44. The Fleming Valve. This device satisfies condition (3) 
and has a characteristic such as that shown in Fig. 35 (2>). It 
consists of a filament which can be heated to incandescence and a 
plate, both placed in a highly evacuated bulb. In 1905 Fleming ^ 
recognized the use of the rectifying properties of this device for 
the indication of high frequency oscillations, and used it as a 
^ J. A. Fleming, Proc. Roy. Soc., Jan., 1905, p. 476; U S. Pat., 803, 684. 
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mdio (iet^tor. The circuit in which Marconi used this device 
R5 a ratlici iletector i*^ sliown in Fig. 39. 

4i. ¥il¥C Detector with Auxiliary Anode Battery. By our 
>!:i!idard of measurement the two-electrode tube is a 
ver>’ inefiicieiil detector. It can be, and has been used more 
.. iFiciently by ofierating on a chosen point of the current-voltage 
chirif! thus niaking it fall in the class of rectifiers given by 
ctirniiiion 4. instead of that represented by condition (3). This 
fan Iw done by inserting a local batter}^ in the circuit as shown 
If! Fig, 40/ 



The operation of the detdce when used this way can be under- 
sIcwmI from the following: By the insertion of the battery E there 
is estalilished in the circuit FPE a constant direct current which 
a finite value even when no oscillations are impressed from the 
aoteiiiia. The current through the device can therefore be repre- 
M^nted by a function of the form 


I+t=f(E+e sin pt), ( 5 ) 

where E is the local source of direct voltage, I the direct current 
due to E and j the superposed a-c. due to e. This can be expanded 

irilo a I'Mim'er ^:‘ries: 

fiE+i sin |>l; -f{E)^f{E)e sin pt 

sin” pt 




+/'">(£)- 


Uk i,k Fokest, I*roe. A.I.E.E., Vol. n 7iQ lorw? t a 
Prw liuv. Inst., Great Britain, June, 1909 , p. 677 . 
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that is 

/+!-/«)+/" ■ ■ ■ +/'(£)« sin pi 

... ( 6 ) 

If now this be integrated over a complete period the sine 
and cosine terms vanish. Of the remainder the term/(£) represents 
simply the direct current estabHshed in the circuit FPE by the 

battery and the series /"(E)- + . . . represents direct current 

component established by the incoming oscillations. This series 
represents second and higher derivatives of the characteristic 
and hence if / is a Hnear function, the series vanishes and the 
device does not rectify. But the characteristic of the thermionic 
valve is not hnear; the derivative series is therefore finite. This 
series generally converges so rapidly that all the terms except the 

g2 

fibrst, /"(E)—, can be neglected, so that the rectified current can 

be given by the second derivative of the characteristic. It also 
follows from this that the rectified current is proportional to the 
square of the input voltage e. 

As an example let us take an arbitrary case in which the 
current in the device is proportional to the nth power of the 
voltage, thus: I==aE^, The rectified current is then given by 

j-n(n— 1)E^“2^ 

If, for example, the current varies as the f-power of the applied 
voltage (n = f) the rectified current is inversely proportional to 
the square root of the locally applied voltage. If n = 2 the rectified 
current is independent of the local voltage while for higher values 
of n, it increases with the local voltage. 

It is well known that none of these cases applies to the valve 
when used as a radio detector, but that the rectified current shows 
a maximum for a definite value of the local voltage. This is due 
to the fact that the cathode is not an equipotential surface but a 
filament in which is established a voltage drop due to the heating 
current. 

In Chapter IV it was shown that if the voltage drop in 
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the filament is taken into account the characteristic of the valve 
can be represented by the two following equations: 



for all values of E less than the voltage drop in the filament, E/, 
and 

•=-(£-£/)*■'=] .... (180 

for values of E greater than £/. 

If I be computed from these equations for arbitrary values of 
E within the respective limits, the two curves obtained will fit 
to form a continuous curve such as the curve OA in Fig. 17 (p. 51). 
But this is not the case with the relation between the voltage 
and the second derivative of the current. The second derivatives 


of the above equations are 


(m\ _k , 

\dE^jE<Ef Ef 

. . . . (V) 


.... (8) 



Fig. 41. 

If these expressions be plotted for arbitrary" values of F, the 
result is a curve which shows a distinct maximum at a value 
of the local voltage E equal to the voltage drop ^ in the filament, 
(Fig. 41). This therefore accounts for the observed maximum 

^ It is to be understood that this voltage E is the sum of the voltage applied 
and the contact potential difference between filament and anode. 
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in rectified current obtained at a suitably adjusted voltage of the 
battery in the valve circuit. 

But even with this adjustment the valve falls far short of the 
three-electrode device which has now completely superseded it 
as a radio detector. The discussion of the valve as a radio detec- 
tor will therefore be limited to the elementary theoretical considera- 
tions given above, which are generally applicable and can with some 
modification be adapted to the treatment of the three-electrode 
device. 

46. Thermionic Valve as High Power Rectifier. The ther- 
mionic valve has considerable practical value as a rectifier of 



currents for high-power purposes, and has been used successfully 
for the production of unidirectional currents at high-voltages. By 
a proper arrangement of circuits it can also be used to convert 
alternating current into steady direct current. When this device 
is used for rectifying currents at high voltages it does not mean 
that it must be so constructed as to transmit current with these 
high voltages at its terminals. As a matter of fact, even in cases 
where the voltage to be rectified is as high as 100,000 volts and 
more, the voltage drop in the valve when it transmits current 
is only a few himdred volts and sometimes much less and the 
power dissipated in the valve is, comparatively speaking, very 
small. 

In order to explain the operation of the thermionic valve in a 
rectifier circuit, let us consider its d-c. characteristic curve, showm 
in Fig. 42. When operated under the right conditions the device 
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coin I lifts pnictically ik> current during the half cycle when the 
fikriii'iit y [Mrsitive with re.^pc^ct to the anode. During the other 
liiiif vyeh :t current wave shape is obtained depending on the 
valui/ i f tlie applied voltage and upon the shape of the d-c. char- 



Fig. 43, 


aeterisiie of tlie valve. A.< long as the peak value of the applied 
siiiiple lianiionie voltage is less than Eg (Fig. 42) when the fila- 
iiieiit ti^iiiperuture is T the current w’ave shape takes the form 
sliowii l\v the continuous cur\’es in Fig. 43, the applied voltage 
Ixuiig given by the broken cur\’e in arbitrary^ scale. The departure 



Fig. 44. 


of the current curt'e from the simple harmonic shape is due to the 
non-linear eurnmt -volt age characteristic of the valve. 

If the voltage applieii between the terminals of the valve 
exemls the value given by E, (Fig. 42) the current curv’^e will be 

flattened as shown in Fig. 44. 
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47. Optimmn Voltage for Rectification. An increase of the 
voltage beyond Es causes no further increase in current and the 
valve then obviously operates inefiiciently. Furthermore, if the 
apphed voltage is less than Es the valve also operates inefficiently; 
because in this case more power is expended in heating the filament 
than is necessary. This can be understood by remembering that 
the saturation current increases with the temperature. It is seen, 
therefore, that the valve operates most efficiently when the maxi- 
mum value of the voltage applied between its terminals is equal 
to the d.c. voltage that is just sufficient to produce the saturation 
current. How this voltage depends on the constants of the 

tube can be seen from the following consideration. The satura-^ 

_6 

tion is given by Richardson’s equation, where 

Ac is the area of the cathode, T the temperature of the cathode and 
A and h constants the meaning of which was explained in Section 
19. This equation holds for the flat portion AB of the char- 
acteristic (see Fig. 42). 

As was explained in Chapter IV the current on the lower part 
of the characteristic is limited by the space charge, the voltage 
drop in the fllament, etc., so that in general the current cannot be 
taken to vary as the f-power of the voltage between filament 
and anode. The limitation of the current by the voltage drop 
in the filament, for example, causes the current to be smaller than in 
the theoretical ’ case of an equipotential cathode, but to increase 
at a greater rate than the f-power of the voltage. We shall 
therefore assume that the current on the infra-saturation part 
cf the characteristic is proportional to the nih power of the applied 
voltage. 

Considering that we are interested in determining the optimum 
voltage which occurs at the knee of the characteristic, it must 
be noted that the limitation of current by electron emission from 
the filament, which usually extends into the lower part of the 
characteristic and is not confined only to the saturation region, 
causes the characteristic to bend over to the right, so that it is 
not possible to express the whole infra-saturation part of the char- 
acteristic by a simple powder relation between current and voltage. 
We can, however, in the present consideration neglect this effect 
and determine the point A at the intersection of the saturation 
current and the current given by 7 = CE^. This would correspond 
sufficiently closely to the optimum voltage. 
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The current below .4 will furthermore depend on the areas 
of the anode and cathode and the distance between them. Hence: 

I=fiAc,Aa,d)ir (9) 


w^here A c = area of cathode ; 

/ifl = area of anode; 

d = distance betw’een cathode and anode. 

At the |K>int A the characteristic is obeyed by both equations 
(J = It). Hence: 


ArAT^e T 
fiAc,Aa,dy 


( 10 ) 


This gives the voltage that should be applied to the terminals 
of the rectifier to make it operate most efficiently. 

Instead of using Richardson's equation for the saturation 
current 'we can make use of the simpler equation given on p. 78 
which holds with sufficient accuracy over the whole range of tem- 
peratures that one might want to use in practice. This equation is 


( 11 ) 


w’here I is the current from a cathode of area Ac, p the power 
dissipated in heating the cathode and n an empirically determined 
exponent. 

The voltage Es can then be obtained by eliminating I from 
this equation and equation (9). Before doing so let us obtain an 
expression for the function / in equation (9). This equation was 
wTitten in the functional form to apply it to the case in which both 
filament and anode are of finite size. For such a tube in wffiich 
the anode is in the form of a plate or plates the current is practi- 
cally proportional to the area of both anode and cathode and 
inversely proportional to the square of the distance between them. 
Rjuation (9) can therefore be WTitten approximately: 

( 12 ) 


Hence from (11) and (12) w’e obtain 
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where Es is the value of E corresponding to the point where the 
characteristic bends over. The constant C depends upon the ther- 
mionic eflSiciency of the filament (see equation (24), Chapter IV). 
For example, for timgsten C has the value 1.8 X 10“^ and for a t 3 q)e 
of Western Electric filament the value 2.15X10“^. 

It is therefore seen that the optimum voltage drop in the 
rectifier depends upon the thermionic efficiency of the cathode, 
the power per cm.^ used for heating the cathode, the area of the 
anode and the distance between cathode and anode. 

The minimum voltage Es necessary to obtain the saturation 
current is an important quantity, not only in dealing with the 



Fig. 45. 

rectifier but also in designing the three-electrode type of ther^ 
mionic tube. We shall therefore make the above relationship 
somewhat clearer by considermg the cirrrent-voltage character- 
istic. Let us start with a tube having certain values for the 
parameters appearing in equation (13), and let the cimrent- 
voltage characteristic of this tube be represented in arbitrary 
scale by OAB (Fig. 45). The voltage Es of equation (13) is given 
by the projection of the point A on the voltage axis. Now let 
the size of the anode be increased to have double the area. The 
infra-saturation current (given by the curved part of the char- 
acteristic) will be doubled, but the saturation current (given by 
the horizontal portion) is independent of the area of the anode. 
The characteristic will therefore take the form OCB and the 
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optimum voltage Es will be less, although the maximum current 
i> the same as Ix^fore. The result is therefore a better rectifier. 
Now, suppose the distance d between cathode and anode be 
increased. Tliis will not change the saturation but will reduce 
the infm-saturation current, and the characteristic may be repre- 
sental by a curve such as ODB. This increases the voltage Es^ 
U the anode and cathode be kept as initially but the power dis- 
sipated per em.“ at the cathode, i.e., its temperature, be increased 
the characteristic takes the form OEG, This increases the voltage 
E. but at the same time the total current is increased. Further- 
more. an increase in the thennionic efficiency of the cathode 
prcHluees a similar effect to that resulting from an increase in the 
!eiii|xa’atiire, so that an appropriate increase in the thermionic 
efficiency would also change the characteristic to the curve 
OEG, 

It will !>e noticed that the area of the cathode does not enter 
into equation (13), which means that the optimum voltage is 
iridefxmdent of it. This can easil}" be understood if we consider 
that a change in the cathode area, say by changing the length of 
the filament, produces an equal change in both the space charge 
and saturation currents. Thus, if the filament length be doubled 
the characteristic obtained wall be OFH instead of OAB, and it 
is seen that the voltage Es has the same value as before, namely 
tliat corresjx)nding to the point A or F, but the total current will 
lx? iiierc^ased. 

48 Types of Thennionic Valves. In designing a valve to 
operate on ver>’ liigh voltages certain important factors must be 
taken into consideration. In the first place the high potential 
difference existing between the electrodes during part of the 
blocking half period causes a mechanical strain which tends to 
puU the filament over to the anode, and this force will be the 
greater the smaller the distance between anode and filament. 
On the other hand, it was shovm above that a decrease in this 
ilbtance decreases the voltage drop in the valve. Hence to keep 
this voltage drop small the valve has to be designed so as to pre- 
vent the filament and anode from being short-circuited by the 
strain. 

Arcing across the glass is another factor which has to be 
rc^ckonwl with in designing high voltage valves. Fig. 46 shows a 
General Electric valve designed by Dushman to rectify 100,000 
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volts.^ Ai’cing across the glass is prevented by placing anode and 
filament terminals at opposite ends of the elongated parts of the 
tube. The elongation necessary for the use of such high voltages 
necessitates special means of rigidly supporting the electrodes. 

For lower voltages the distance between the terminals can be 
smaller, which greatly facilitates the construction. A simple type 



of valve is shown in Fig. 47. The re-entrant tubes are made long 
enough to give rigid support to the electrodes. The anode can be 
in the form of two parallel plates placed on either side of the 
filament or in the form of a cylinder or preferably a flattened cylin- 
der completely surrounding the filament. 



For voltages not exceeding a few hundred volts both electrodes 
can be supported from the same press, as shown in Fig. 48. This 
is desirable because the whole structure can then be assembled 
and the spacing accurately adjusted before sealing it into the 
bulb. 

If the voltage exceeds a few hundred volts sparking may take 
place between the wires in the press. This deleterious effect is 
1 General Electric Rev., p. 156, March, 1915. 
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Fig. 48. 


mainly due to the anode becoming so hot that it volatilizes and 

forms a metallic deposit on the press. 
It can to some extent be overcome in 
the tube shown in Fig. 49. In this 
tube both electrodes are mounted on 
the same re-entrant tube but the leak- 
age path along the glass between the 
electrodes is considerably lengthened by 
taking the anode lead through the side 
tube PA which is closed by a small press 
at P. P is simply a glass rod to give 
added support to the anode. The pos- 
sibility of sparking in this tube depends 
almost entirely on the air space between 
the wires in the re-entrant tube and 
on the insulation of the base plate CD. 
The glass press can also be protected against metallic deposit by 
means of a metallic shield placed 
near the press, as was for example 
done by Dushman.^ 

Although the voltage drop in 
the valve when current passes 
is usually not high and should 
never exceed the optimum volt- 
age, W’hich generally does not 
amount to more than a few 
hundred volts, the full voltage of 
the generator is impressed on the 
valve during the blocking half 
period. The tube must therefore 
be evacuated to such an extent 
that the high voltage does not 
start a glow discharge. This 
necessitates clearing the elec- 
trodes and walls of the bulb of 
gases during evacuation to an 
extent depending on the tempera- 
ture to which these parts are 
heated during operation of the tube. If the anode is of tungsten 
I U. S. Pat. 1,287,265. 
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the power that could safely be dissipated in it is about 10 watts per 
cm^.^ This corresponds to a temperature of about 1600° K. If the 
anode temperature rises above this value the anode emits electrons 
at a sufficiently high rate to make the rectification imperfect. 
If the anode is of nickel the safe power dissipation in it is about 5 
watts per cm^. The size of the anode must therefore be chosen in 
proportion to the power loss in the rectifier. This is also the case 
with the size of the glass container. Of the power radiated from 
the internal structure, part is transmitted through the glass, 
and part is absorbed and radiated. This part causes a heating 
of the glass. The size of the glass tube or bulb must be so 
chosen that its area in square inches is not less than the total 
power in watts dissipated by the internal structure. This 
includes power radiated from the filament as well as from the 
anode. 

49. Rectification Efficiency. Let us consider the operation of 
the thermionic valve in a circuit such as that shown in Fig. 50 
in which the valve is supposed to 
be connected to a source of con- 
stant a-c. voltage e. During the 
half cycle that the filament is 
positive with respect to the an- 
ode no current is transmitted by 
the valve and the potential dif- 
ference established between its 
terminals is equal to the full 
voltage supplied by the generator. 

During the other half cycle elect- 
rons emitted from the hot hlament 
are driven to the anode and current flows in the circuit FPGD. 
The voltage drop in the valve now depends upon its resistance and 
the load resistance r. Suppose that r is initially so large that the 
voltage drop E in the valve is less than the optimum voltage Es* 
If r be now decreased the current increases and the voltage drop in 
the rectifier also increases. How this change takes place can 
readily be seen by considering the d-c. values. Suppose a direct 
voltage equal to Eo be applied instead of the alternating voltage, 
the filament being negative with respect to the anode. If I be the 



^ S. Dushman, General Electric Review, loc. cit. 
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current and E the voltage drop in the valve we have E=Eo—Ir. 
Putting I=^CE^ we get: 


^ C\E’' £"- 1 / 


(14) 


This shows that as r is decreased the voltage drop E in the valve 
increases slowly at first and then more rapidly. But this equa- 
tion only holds until E becomes equal to the optimum voltage drop 
in the valve and the current obtained is equal to the saturation 
current. If the resistance r be still further decreased there is no 
further increase in current and the voltage drop in the valve in- 
creases rapidly and may cause a blow out of the tube. By suit- 
ably choosing the external resistance r the valve can be made to 
rectify extremely high voltages. 

It is seen that the thermionic valve acts not only as a rectifier 
but also as a current limiting device. When the filament is positive 
the emitted electrons are returned to it and there is then con- 
sequently no current. When the filament is negative the current 
is limited by the saturation value which it cannot exceed and which 
is determined by the total number of electrons emitted per second 
from the filament at the temperature used. 

To obtain an expression for the rectification efficiency let us 
consider the general case by supposing that the valve does not 

completely block current, during 
the blocking half period. The 
current wave will then have a 
shape somewhat like the curve 
hit (Fig. 51). When the valve 
is short-circuited the current 
through the external resistance r 
is given by the curve FT. The 
introduction of the valve not only 
limits the current in both half 
periods due to the addition of . its 
resistance in the circuit, but it also 
changes the shape of the current wave due to its non-linear 
current-voltage characteristic. Let D (Fig. 50) be an a-c. measur- 
ing instrument such as a dynamometer and G a galvanometer to 
read the d-c. component of the current. Let io be the reading 
of the a-c. instrument when the valve is in. the circuit and i the 
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reading of the galvanometer. The efficiency is sometimes defined 

% 

simply as the ratio — . To see what this means, let Ii be the 

maximum instantaneous value of the current in the transmission 
half period and I 2 the corresponding maximum in the blocking 
half period. Then the d^mamometer reading will be given by 



and the galvanometer reading by 


i 




(16) 


where g is the ''amplitude factor,” given by the ratio of the 
R.M.S. to the maximum values of the current, and / is the " form 
factor,” given by the ratio of the R.M.S. to the true mean current.^ 
Both g and / depend upon the shape of the wave. For a pure sine 
wave ^ = .707 and /= 1.111. The above expression for the ef- 
ficiency therefore takes the form 


_ 1 -7i — 1 2 
2o / 


(17) 


From this it is seen that if the valve conducts absolutely no cur- 
rent during one-haK period, i.e., 72 = 0 and if the current wave 
shape during the other half period is that of a pure sine wave, 
i.e., /= 1.111, the efficiency as expressed above has a maximum 
value of 90 per cent. 

Instead of this method Fleming ^ makes use of tUe expression 


h-h 

h 


and calls it the " rectifying power.” 


By a simple trans- 


formation of equation (17) this can be expressed as: 


I 1 -I 2 2/ 



( 18 ) 


1 J. A. Fleming, “ Alternating Current Transformer,” Vol. I u. 585. 

2 J. A. Fleming, Proc. Roy. Soc., Jan., 1905, p. 484. 
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This equation expresses the ratio of unidirectional current 
observed to the unidirectional current that would flow if the 
rectification produced by the valve were complete. It is seen 

that if “ is equal to the form factor/, that is if /2 = 0 (equation 17), 
% 

this ratio becomes unity, or 100 per cent, irrespective of the shape 
of the wave. 

It is, however, not sufficient to know how well the device blocks 
current in the one direction. It is equally important to know how 
much current it transmits in the other direction, and this depends 
upon the wave shape of the transmitted current. Furthermore, 
the insertion of the valve in the circuit is equivalent to the intro- 
duction of an extra resistance. Let J be the dynamometer read- 
ing when the valve is short-circuited, i.e., the R.M.S. value of 
the current AFEI'C (Fig. 51). Then the ratio of useful rectified 
current to the available alternating current is obtained by dividing 
equation (16) by J=gr. This gives: 


J 2/7' 


(19) 


If El be the maximum value of the applied generator voltage 

El 

(see Fig. 50) and r the load resistance, we have 7'== — and 



where n is the resistance of the valve at the maximum 


voltage across its terminals. The resistance of the valve for any 
given voltage between filament and anode is given by the ratio 
of that voltage to the current and is a function of the voltage. 
Referring to the characteristic curve (Fig. 42) it will be evident 
that as the voltage increases from zero to the optimum value Esy 
the resistance decreases from infinity to a definite value given by 
the reciprocal of the slope of the straight line joining A and 0. 
What we are concerned with here is the resistance which obtains 
when the voltage has its maximum value. We shall refer to this 
as the minimum resistance and denote it by ri. Combining the 
equations for 7' and 7i we obtain 


7'= 



Ii, 
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and hence with the help of equations (18) and (19): 

i._ 1 ('OA'i 

If the tube conducts no current in the one direction the form 
factor / is equal to the ratio of the dynamometer to the galvano- 
meter reading when the valve is in the circuit. This follows from 
equation(17) for J 2 = 0. If furthermore vi is negHgibly small 
compared with the load resistance r, equation (20) reduces to 

J 2f 

Hence the rectification efficiency as given by equation (20) would 
reach a maximum of 50 per cent (1) if the form factor / were 
unity; (2) if the minimum resistance of the valve is negligibly 
small compared with the load resistance and (3) if the valve 
completely blocks current in one direction. Let us see how 
nearly these conditions can be satisfied. 

(1) As regards the first condition, the form factor is always 
greater than unity for thermionic valves. If the relation between 
the applied voltage and the current were linear and a true sinusoi- 
dal voltage be impressed on the valve the current loop during the 
transmission half period would also be sinusoidal and then the form 
factor would be that of a sinusoid, namely 1.111. If this is not 
the case but if the current is, let us say, proportional to the nth 
power of the applied voltage the current wave will have a shape 
somewhat like that shown in Fig. 43 (p. 116), and the form factor 
/ must be determined from the root mean square and true mean 
values of sin" pt For such cases / and the amplitude factor g 
can be obtained from a table of gamma functions by expressing 
them in the forms: 



( 22 ) 
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The following table gives the values of / and g for a range 
of values of the exponent n: 


Exponent n. 

Form Factor,/. 

Amplitude Factor g. 

1.00 

1.111 

.707 

1.25 

1.141 

.677 

1.50 

1.170 

.652 

1.75 

1.199 

.632 

2.00 

1.225 

.612 

2.50 

1.275 

.584 

3.00 

1.320 

.560 


To use the above expression for the rectification efficiency it is 
necessar^^ first to determine the relation between the total applied 
voltage and the current through the valve and external resistance. 
To a fihst approximation this can be expressed by a simple power 
relation in which case the exponent 7i of the voltage can be deter- 
mined by plotting the logarithms of the voltages against the logar- 
ithms of the currents. The corresponding values of / and g can 
then be obtained from the above table. 

In this connection it must be pointed out that there is a differ- 
ence between the current voltage characteristic of the valve itself 
and that of the circuit comprising the valve and external resist- 
ance. The effect of this resistance is to straighten out the char- 
acteristic, because it means the addition of an ohmic resistance 
which partially neutralizes the curvature of the characteristic due 
to the non-ohmic resistance of the valve. The effect is obviously 
the more marked the larger the external resistance compared 
with the valve resistance. However, since the applied voltage 
alternates the valve resistance continually changes. During the 
haff period when the plate is negative with respect to the filament 
the resistance of the valve is infinite, and during the other half 
period the resistance decreases from infinity to a definite mi nimum 
value and then increases again to infinity. Hence, for low in- 
stantaneous values of the applied alternating voltage the external 
resistance does not exert a marked effect in straightening out the 
characteristic, so that even if the external resistance is large the 
current still tends to assume a shape somewhat like that shown 
m Fig. 43 although on the whole it approximates more closely 
to the shape of the sinusoid. 
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(2) Considering now the effect on the efficiency as given by 
equation (20) of the relative values of the external or load resist- 
ance to the minimum resistance n of the valve itself, it is to be 
noted that when the valve is used to rectify high voltages its 
minimum resistance is generally negligibly small compared with 
the load resistance. It was shown in Section 47 that the valve is 
operated most efficiently when the peak value of the voltage applied 
to its terminals is just equal to the minimum voltage necessary to 
give the saturation current. This we called the optimum voltage 
and it is given by Es in Fig. 42. If, for example, the saturation 
current of the valve at a certain filament temperature is 300 milli- 
amperes and if the valve is so designed that the minimum voltage 
across its terminals necessary to give this current is 150 volts, the 
minimum valve resistance is 500 ohms. Now, if the peak value 
of the voltage to be rectified is 30,000 volts (about 21,000 volts 
effective) the total resistance of the circuit must be 100,000 ohms, 
which is very large compared with that of the valve. For higher 
voltages the device operates even more efficiently, so that the 
second factor in the denominator of equation (20) reduces to 
unity. 

(3) Coming to the third condition mentioned we can for most 
practical purposes regard the thermionic valve as a perfect uni- 
lateral device; it completely blocks current in one direction, 
provided that the plate does not become so hot that it emits an 
appreciable number of electrons 
and provided that the valve be 
so constructed that leakage be- 
tween its terminals across the 
glass does not take place. At 
•high frequencies, however, the 
rectification becomes imperfect 
due to the capacity between the 
electrodes (see p. 134). 

The completeness of the recti- 
fication produced by thermionic 
valves is shown in the oscillogram 
given in Fig. 52 and which was obtained by Dushman.^ The 
upper curve gives the voltage across the tube and the lower curve 
the rectified current. 

^ S. Dushman, General Electric Review, loc. cit. 
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ihat thv Ioim! ro>i>:taiie(^ i> f 4> larije that 
\¥i;’ rail frmrd ihv dLiTMAerytiv vt the eireuit nt^ linear, we have 

anil = If the valve eompletely blocks current in 

ciiif.Milrertiofn Putting tliese values into c^quat ion (20) we 

fimi that the liighest elficieiiey obtainaUe is 45 |>er cent. 

If roi-taiiee of a valve liuriiig one half iKTiiMi is infinite, 
aiiii iiiiniig the other liaif |.iteri(xl zero, the valve is |x^rfeei, and the 
ri*€tifit*ation efficit-iiry, as expres^xn! by equation (20), becomes 
iiidt.*|M*ritii*nt of the resistance r, uscxl in the externa! circuit, 
uiitler these* conditions n is zero. Actually, how^ever, 
the resistaiiee «>f valves during the transmission half period is 
not zero, s<.) that aecordiiig to equation (20 j the efficiency increases 
the larger the external resistance r l>eeoiiies in comparison with the 
resbitanee ri of the valve. Now, it w^as. explaincHi in Section 47 
that for most efficient operation the voltage drop in the valve 
during the tninsiiiission half period should never exceed the value 
neeessan^ to give the saturation current. This means that the 
external resistance should he so adjusted that the maximum 
voltage drop aero&s the valve is equal to the optimum voltage. 
In other words, the ratio of ri to r, occurring in the second ex- 
pression in the denominator of (20) becomes smaller the larger 
the voltage that is to be rectified. The rectification efficiency 
of the valve, therefore, increases with the voltage that is to be 
rectified and approaches the maximum efficiency’* that could be 
obtained with a pc^rfect valve. 

The €*ffi(ieiiey can, of course, be doubled by making use of both 
hall wiives so that the rectilicHi current is given by the continuous 
Hoes of Fig. instead of Fig. 43. This can be done by using 
two IuIm^s ill the cireuit showm in Fig. 54. It is seen that for both 
half the electron current in the load is in the direction 

iff the arrow*. This scheme necessitates dividing the input voltage 
on the* stcondary’ side of the transformer T. In order to make 
itx* tjf tile full voltage of the transformer the circuit showm in Fig. 
55 can lx* listed d Here again current fiows in the load resistance 
during half |M*ricMls in the direction of the airown Such an 
arraageiiicnt r<x|uires four times the total jxjw’er necessary to heat 
the filaiiients. The filament berating power is, howwer, small 

^ Geasti, Die Hektriiitit und ihre .laweadungen, 15th Edition, p. 444. 
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compared with the power that becomes available in the form of 
unidirectional current. This is the more marked the higher 
the voltage that is to be rectified. Let us, for example, take the 
case considered above in which a tube that could give 300 millL 
amperes was made to rectify 21,000 volts. Referring to the 




Fig. 53. 


Fig. 54. 


table on p. 77 it is seen that if the filament is of tungsten and is 
operated at a temperature a little under 2500® K. the thermionic 
eflSiciency is 10 m.a. per watt. Since the necessary saturation cur- 
rent Ji is 300 m.a. the power necessary for heating the filament of 
the valve under consideration is 30 watts. The power available 
in the form of unidirectional current in the load can be obtained 



from equation (15). Putting l2=0, the heating equivalent of the 
current in the load resistance ^ 9 ^ stnd the available power in 

I 

the form of unidirectional current is Assuming that the 

current-voltage characteristic of the circuit is, in view of the 
high load resistance of about 100,000 ohms, practically linear, 
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a--'*/!./ j th-U da* lint eniiduiet taimui! at all in one 

fill*- u '!i aL a-uia|)!i'Ti ubieli I- ju-tlfH! ill iiio-t |)nietira! ca.-e^. 

m. Production of Constant Source of High Voltage with the 
Thermionk Val%’e. A- a rertitier tl.e tlieriniunie valve* offers 
Ibn-* di-ni.^ * :id\ :u:!au*'**: It eaii k* u^nd tu rectify voltages rang- 
ira^ up *n da* n.^.f miih in practice: it rt*etiiii*s currents 

of cruanarativr!} \nati fni.|Uericy as Well a- low ireqiU'iicy currents; 
it ceiaplet^-lv bkek- 1 iirreiU in oic' diivctioii, pniviiietl the fre- 
qurficv kf-p! k'lem’ a reriaiii hinit de|>t*ntli!ii! on the voltage that 
p tr. k' r^*'etiiad, ^ Tiii- effect will be di^cii>sed below. > The value 
of the-<' tiiree advantairt'^ will k:*eu!iie apparent in the following 
■n: 

When u*-ed as M rectifier und.tu’ tlie eoraiitions de'M,*ribed in 
tic* pievnai- j>aragrapfi- fb* Valve pnwiiice- a unidirectional piil- 
>atiijg aurn-rU, In "funo practical applications, such as liirect 
lUirma fagli v^.bage t r:Ui-n4i»is Ui. te-tiiai of dit*1octric s!n*ngth 
of at v^utauo-. u>f‘ of a. d-c, saairct* t>f hidi voltage 

f-r ?:pA-^'in.rc |rur|j**-o-, eto,,, it i- nrco->:.iiy thti! the pulsating 
eur'!‘o-iu .*«!ia«aiied *oit iiii* - a cniiHonn ilirect current. We shall 
tla'fof^c^ proccs-Ml to .i di’'CU->ion of the means whereby this 

,v\p ran r*4' acctunpli-iio*!. 

Wfeu. tfe* !> quin-d ^inoj'! curmi! i- small arai it is not essential 
that da k‘ rr.mim*!*-!}' >nii*othod swit, we can resort to the 

Mtiqk ,ii;d Vi.-lbktii-.wri r-x|S'dio!]t of >hiinTir]g tlie load with a 
-u!ficj» nih kifuo «'oi.d*'!i-or, f b Fuz. 5b u Tlti- condeiiser acts as a 
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I 

! 

I 


I 


RECTIFICATIOX OF CURRENTS BY THERMIONIC VALVE 133 


The sine wave represents the transformer voltage and the 
heaw line the output voltage across the condenser, which initially 
becomes charged up to the full peak value of the input voltage. 
During the rest of the period it receives no charge until the input 
voltage becomes greater than the value to which the condenser 
voltage has dropped in virtue of the current drain from it. It is 



Fig. 56. 


seen that the advantage offered by this type of valve that it almost 
completely blocks current in one direction is an important one; 
the condenser never discharges itself through the input circuit 
CiTV. The rate at which the condenser discharges through 
the load is given by 


-Cl 


dEi 

dt 


where Ei is the voltage across the condenser plates and i the 
average current, which can be regarded as practically constant. 


A 



Hence, integrating between Ea and Eb and putting Ea-Eb= 
the voltage variation across the condenser is: 



( 23 ) 
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\\hjT*-' i i- liimii-t a CDiiipIete f)eri(Ki and can in the following 
fit* rf*|!Lirfied approximately as such. We can therefore 

write 1 23/ in tlic^ fomi 


hEi ___ 2t 

"'Er 


- . (24) 


wheiT r ts the load resistance and Er the direct voltage in it. 
Tliis «|uatioii shows that the condenser Ci alone will appreciably 
risiiifi;* tlie voltage fliietuation provided the load resistance is suf- 
large. The same result can, of course, also be secured 
!y increasing the capacity and the frequency of the impressed 
geiic^nitor voltage. If, however, the load resistance is small Ci 
woiilt! have to l^e made so large as to make its use impracticable 
nor can the frec|uency l>e made veiy’ high, because then the capac- 
ity of the tiik^ its€‘lf would lK?come effective with the result that 
the tulw* tvould not rectify completely. That the limiting fre- 
c|iierify is lower than is si:imetimes assumed will be seen from the 
fiilifiwiiig simple consideration. 

To opc^rate the valve most efficiently, the voltage across it 
diinog the transmission half perio<l must not exceed the optimum 
value, which is generally of the order of a few hundred volts, so 
that in rc^'Ctifyirig verv* high voltages, say 100,000 volts, the load 
resistance must veiy’ high. But it must alwrays be small com- 
pirai with the resistance of the valve during the blocking half 
For low fre€|iieneies or d-e. this resistance of the valve is 
but at high frc^qiieneies the valve may on account of its 
electrostatic capacity ha’ve an impedance which is comparable with 
tile load resistance and then currents of comparable magnitude 
will o!:)vio!isly flow’ in l>oth directions in the load resistance. 
Tlim. if the capacity of valve be 0= 10 micro-microfarads, which 
k wtI! within ihe range of the capacities of the valves used in 
practiee, its imf:^daiiee at a frequency of 16,000 cycles per second 
is I iiM^giihiin If HOW’ the voltage to be rectified is Eq (peak value), 
the optimum voltage of the valve Eg and the maximum current 
obtaiaabie from it J, then the load resistance r is 

Eq — Em 

L 


Eg usually be neglected in comparison with Eq, If the 
voltage to be rectifieci is, say, 100,000 volts, £’©= 140,000 volts, 
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and if /s=100 milliamperes, r will be 1.5 megohms (approx.). 
Hence the impedance of the tube due to its electrostatic capacity 
at 16,000 cycles is of the same order of magnitude as the load 
resistance which is necessary when the voltage to be rectified is 
of the order of 100,000. The condenser will therefore partly 
discharge itself in alternate half periods through the input circuit 
CiTV (Fig. 56). At lower voltages this effect is not so marked, 
so that higher frequencies could be used to advantage. 

In order to smooth out the voltage fluctuations somewhat more 
effectively an inductance L is sometimes inserted in series with the 
load, as shown in Fig. 56. When the load resistance is low the 
inductance helps appreciably, but for high load resistances it serves 
little purpose. Considering this inductance, it is evident that the 
voltage fluctuation 8Er across r is to the voltage fluctuation 8Ei 
across the condenser Ci as the ratio of r to the impedance of L 
and r in series. Thus: 


BEr^ 1 
8Ei - , .Lo) 


(25) 


It is seen that for large values of the load resistance r the inductance 
contributes little to smoothing out the fluctuations, but it helps 
appreciably at the lo'wer load resistances. Assuming that the 
coil L is a pure reactance, the d-c. voltage in r is the same as that 
across the condenser Ci. Hence the percentage voltage fluctua- 
tion can be obtained by combining equations (24) and (25). This 
gives 


dEr__ 2 t 
^“coCiVr^+W' 


( 26 ) 


The relation between 


BEr 

Er 


and log r is shown by curve II of 


Fig. 58. The curve I gives the relation when the inductance L 
is omitted. These curves were computed with the following 
values: L = 100 henr^^s, C = 10~^ farad. The curves show that 
if the load resistance is greater than about a megohm, that is for 
resistances of the order of magnitude used when rectifying very 
high voltages, practically the same result can be secured by using 
only the condenser instead of adding the inductance. On the 
other hand the condenser alone is useless at load resistances less 
than a megohm. 
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Better results can, of course, he obtained by adding more 
sections to the wave filter LCi. Such an arrangement is shown in 
Fig. 59, which at the same time shows a circuit that makes possible 



the use of both half periods by employing two tubes. It will be 
seen that current flows in the direction of the arrow (say) when 
A is positive and B negative as well as when A is negative and B 



positive^ the current being transmitted through the tubes alter- 
nately. 

Let us now see to what extent the added filter section con- 
tributes in reducing the voltage fluctuations in r and how they 
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depend on the value of r. Let dEry dE 2 and dEi be the voltage 
fluctuations at the terminals of r, C 2 and Ci respectively. Then 


5 Er ^ T 

BE 2 r 4 -^X 2 CO 


(27) 


If Z 2 be the impedance of the circuit 02 X 2 ^, as measured between 
the terminals of C 2 , and Zi the impedance of Li and Z 2 in series, 
then 


Now since 


BE 2 __ Z 2 
8Ei Z\ 


we get 


7 _ ?*+jX 2 C 0 

^ 1 — C2X2CO^‘i"jV(72CO 

/7 _ r(l — XlC2C0^) +JCo(Xl-|-X2 — Xli2X2C0^) 
I-C2L2CO2+JVC2CO 


5 X 2 __ r+jX2Co 

hE\ r(l — XiC 2 co^) “f'ic*>(Xi-l~X 2 — LiL 2 C 2 o^) 


. . (28) 

. . (29) 


The voltage fluctuation across the terminals of condenser Ci is 
given by equation (24). Hence, multiplying together (24), 
(27) and (29) and expressing the impedances numerically instead 
of symbolically the ratio of the voltage fluctuation in r to the d-c. 
voltage in r is : 

Er " a)Cl[r2(l -XiC2C02)2+(Li(0 + L 20 ) -LiL2C20)3)2]^* 


A. W. Hull 1 described a high voltage rectifjdng set in which 
he used two condensers but only one inductance, Xi. Putting 
X 2 = 0 in equation (30) the voltage fluctuation for Hull’s set 
becomes: 

BEt Stt V 

X“a;Ci[r 2 (l-XiC 2 co 2 ) 2 +Li 2 co 2 ]H (X 2 -zero) . . (31) 

and if C 2 = 0 this equation reduces to (26) which is the equation 
for the circuit showm in Fig. 56. On the other hand, if the induc- 
tance, frequency and second condenser have such values as to 
put Li and C 2 in resonance, i.e., when LiC 2 co^=ly then the 

1 A. W. Hull, loc. cit. Hull’s equations are not the same as these, since 
he did not add the imaginary terms in quadrature. 
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arraDgement corresponding to equation (31) is worse than that of 
Fig. 56 in which the second condenser is omitted altogether. It 
follows that for this circuit to be better than that of Fig. 56 we must 
make Z/iC2o;^>2. This condition is easily satisfied in practice. 
In Huirs set, for example, the values of Li, C 2 and co happen to 
be such that their product is about 60. However, although this 
circuit, containing one inductance and two capacities is a decided 
improvement over the simpler one shown in Fig. 56, it is better to 
split the inductance and use the circuit of Fig. 59. This circuit 
has a decided advantage at lower load resistances, even when the 
inductances Lx and L 2 are each one-half of the value of Li when 

SE 

L 2 =0. The percentage ratio of as a function of log r for these 


two cases is shown by curves III and IV of Fig. 58. Curve III 
was computed for the following values: Ci = (72 = 10“^ farad, 
Li = 100 henrys, co = 27rX4000. In curve IV the values were the 
same except that I/i=L 2 = 50 henrys. It can readily be seen 
that a frequency of 4000 is obtained in the filter circuit when 
the frequency of the voltage impressed at T is 2000 cycles, since 
by using two tubes as shown in Fig. 59, the condensers are charged 
up every half period of the voltage in T. 

Curve IV shows the value of a circuit like that shown in Fig. 59, 
when it is desired to have a rectifying set which is to operate 
with large variations in the load resistance. 

It wiU be evident that these circuits simply represent a type of 
wave filter which is supposed to filter out all frequencies except 
zero, that is, the direct current. The waves obtained in the output 
of these circuits comprise not only the fundamental frequency 
that we considered in the above computations, but also a number 
of harmonics which are geaierally weak compared with the funda- 
mental. It will be evident that harmonics must necessarily be 
present, considering that the wave, which has the form shown in 
Fig. 53 is not a pure sinusoid. Such a wave can always be ex- 
pressed in a Fourier series (equation 1). It will also be seen from 


the nature of the above equations for that the harmonica 


will be damped out more effectively than the fundamental. They 
were therefore left out of consideration in the above calculations. 

Another type of circuit that could be used for smoothing out 
the voltage fluctuations was suggested to me by Mr. T. C. Fiy, 
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and is a special case of Campbell filter (Fig. 60). It has the ad- 
vantage that the capacities and inductances necessai^" are rela- 
tively small, which is always a good thing w*hen rectifying very 
high voltages in view of the difficulty of constructing condensers 
of high capacity for high voltage work. 



Fig. 60. 

The characteristic of this filter is seen from Fig. 61, where the 
current attenuation produced by the filter is plotted against the 
frequency. The capacities and inductances can be so chosen 

that the fimdamental frequency, is that which gives infinite 

attenuatiom This frequency will therefore not be present in the 



load resistance. The filter would transmit lower frequencies 

than 7 ^, but such frequencies, except zero, are not present when 
27r 

^ represents the fundamental. Hence, for all frequencies below 

2iTr 
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^ only direct current is transmitted. The higher frequencies 

will be transmitted and they will be present in the form of harmon- 
ics. These are, however, so weak that when attenuated to the 

extent shown by the curve to the right of their effect in the load 

2'7r 

is practically nil. It will be evident from the nature of the attenu- 
?! ation curve that when using such a filter the frequency of the 

i input must be adjusted rather accurately to the value determined 

by the constants of the filter. 

Figs. 59 and 60 show only two filter sections. If desired, better 
! results can be obtained by adding more sections. 

Before leaving this subject let us discuss briefly the relative 
value of a few t5q)es of circuits, considering mainly the arrange- 
ments of the valves irrespective of the type of filter used in the 
output circuit. 

The circuit shown in Fig. 59 is arranged to make use of both 
half waves. The voltage fluctuation at the condenser Ci will 
I therefore be of double the frequency of the wave supplied through 

I the transformer T. The potential of points A and B (Fig. 59) will 

I always be 180° out of phase, but only when they are positive with 

respect to 0 will the voltage be effective in charging up the con- 
densers. If the potentials of A and B be represented by the broken 
lines A' and B' CFig, 62) the potential fluctuation at the condenser 



Fig. 62 . 


will be represented by the curve CD, which possesses a fundamental 
whose frequency is twice that of the waves A' and D'. This is 
an advantage because it follows from equation (32) that the higher 
the frequency, the more effectively will the fluctuation be smoothed 
out by the filter. On the other hand this circuit has the disad- 
vantage that the voltage impressed on the valves is only half that 
supplied by the transformer. In order to use the full transformer 
voltage we could resort to the arrangement shown in Fig. 55, 
replacing r by the filter and load resistance shown in Fig. 59. 
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Fig. 63 shows a circuit whereby the transformer voltage ^ can 
be doubled. When the transformer voltage is such that D is at a 
positive potential with respect to 0, an electron current will flow 
in the direction of the arrow through the valve AD, thus charging 
the condenser C such that A is positive with respect to 0. But 
during this half period no current will flow through DB, During 



the next haK cycle current flows only through DB, charging B 
negatively with respect to 0. The potential difference between 
A and B (if the condensers did not discharge themselves) would 
therefore be twice the transformer voltage. What actually 
happens is that the one condenser discharges through the load while 
the other is being charged. Hence if the broken line (Fig. 64) 



represents the potential of the point D with respect to 0, the curves 
A 'A' and B'B* will represent the potentials of A and B respect- 
ively with regard to 0. The potential difference between A and B is 
therefore obtained by adding the curves A' and B' and is given by 
EE, Thus, although the condensers are charged only in alternate 
1 H. Greinacher, Verh. d. D. Phys. Gesell., VoL 16, p. 320, 1914. 
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half periods, the voltage fluctuation in the circuit leading to the 
filter is double the frequency of the impressed voltage, while the 
mean voltage on the filter is approximately twice the impressed 
voltage. 

It will be observed from the above discussion that there are 
various ways in which thermionic valves can be used for increas- 
ing frequency. 

For laboratory work it is often necessary to have a source of 
fairly high constant voltage supplying very small currents, such 
as would be needed, for example, in the study of photo-electric 
phenomena, ionization of gases by radium or X-rays, measurement 
of the intensity of X-rays with the ionization chamber, etc. For 
such purposes the thermionic valve could be used to replace the 
rather troublesome high voltage batteries frequently used in 
university laboratories, which consist of a large number of min- 
iature storage or dry cells. In fact, the high voltage desued 
could be obtained from any standard storage or dry cell battery 
of a few volts, which forms part of the equipment of any physi- 
cal laboratory, by connecting the primary of the transformer to 
the low voltage battery through an interrupter. This could, for 
example, be done by using a small Ruhmkorff coil with an ordi- 
nary hammer break. Since the desired current is small the valves 
could be designed to operate with very small power expenditure in 
the filament. It must, however, be remembered that when using 
the device for the purposes mentioned, the load resistance is 
usually very high, and hence, in order to prevent the condensers 
from discharging through the valves during the blocking haK peri- 
ods, the valves should be designed to have the lowest possible 
electrostatic capacity and the frequency of interruption of the 
primary current should not be very high. 

61. The Thermionic Valve as a Voltage Regulator. The 
rapid increase in the saturation thermionic current with increase 
in the filament temperature, or filament heating current, as is 
shown by Richardson's equation, can be utilized to control the 
voltage of the generator of varying speed. A scheme whereby 
this can be done, and which was devised by H. M. StoUer, is shown 
in Fig. 65. Here the tube is used to regulate the voltage supplied 
by a wind-driven generator such as has been used on airplanes. 
The generator is designed to supply a. high voltage for the plate 
circuit of thermionic tubes and a low voltage for heating the 
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at V. The characteristics of such a valve are shown in Pig. 66. 
Suppose, now, that the speed of the generator is so low that the 
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current flowing through the filament of the valve is 1.2 amperes. 
With this filament current the thermionic current through the valve 
and the differential winding is small and practically the full 
voltage is obtained. If, now, the speed of the generator increases, 
the filament current of the valve increases, but this causes a pro- 
portionately much greater increase in the thermionic current 
which flows through D. Thus Fig. 66 shows that a small change 
in the filament current of from 1.2 to 1.4 amperes causes a five- 
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fold increase in the thermionic current. This causes a decrease 
in the field flux of the generator, thus restricting the increase in the 
output voltage. 

The regulation obtained with such a device is shown in Fig. 67. 
HH and LL represent the high and low output voltages as a func- 
tion of the speed of the generator, and it will be seen that although 
the speed changes from about 4000 to over 12,000 R.P.M., the 
voltage output remains practically constant. 



CHAPTEE VII 

THE THERMIONIC AMPLIFIER 

Except for the derivation in Chapter III, of a few fundamental 
relationships that govern the discharge in three-electrode devices, 
we have so far considered only the simple type of device containing 
two electrodes. The physical principles underlying the thermionic 
tubes discussed in the previous chapters are applicable also to the 
three-electrode t^^pe of thermionic tube which it is our purpose to 
treat in this and the followmg chapters. This device consists 
essentially of a highly evacuated vessel, containing a thermionic 
cathode, usually in the form of a filament which can be heated b^^ 
passing a current through it, an anode and a discharge-controlling 
electrode which generally takes the form of a wire mesh or grid, 
and placed between the cathode and anode. This third electrode 
can, however, be of any form, since a controlling effect on the 
discharge can be obtained by so positioning a conductor with 
respect to the path of the discharge that potential variations 
applied to it will cause variations in the current flowmg betw^een 
cathode and anode. The controlling electrode may, for example, 
be in the form of a plate placed on the side of the cathode opposite 
to that of the anode or in the form of a wme or a plurality of wmes 
galvanically connected and placed in the plane of the cathode 
parallel to that of the anode. The theory of operation of the 
device to be given in the following applies to these various struc- 
tures, but will be explained with particular reference to the case in 
which the auxiliary or discharge-controlling electrode takes the 
form most commonly used in practice, namely, a grid placed 
between cathode and anode. This was suggested by Lee de 
Forest.^ Originally he used the device, which he called the 
'' audion ” as a radio detector. It has since developed, howwer, 
that its use is not by any means limited to this field, it being now 

1 U. S. Patents No. 841387, 1907; No. 879532, 1908. 
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used extensively also as amplifier, oscillation generator, and in 
a large number of widely vaiying applications. Fig. 68 shows a 
commercial type of thermionic amplifier. 

52. Action of the Auxiliary Electrode. It was shown in 
Chapter III, page 42, that the relation between the electron 
current to the anode or plate, and the potentials applied to the 
grid and plate with respect to the filament, can be expressed in a 
simple way by making use of the WTiter’s linear stray field relation: 

E,=^+e ( 1 ) 

which means that if the grid and filament be at the same potential, 
a potential difference Ep bet'ween filament (or grid) and plate, 

causes a stray field to act through 
the openings of the grid which is 
equivalent to the field that would be 
produced if a potential difference 
E 

equal to were applied directly 

between the filament and a plane 
coincident with that of the grid. 
The small quantity e represents an 
intrinsic potential difference be- 
tween the filament and the system 
constituted by the grid and plate. 
The constant ja depends on the 
structure of the device (see p. 226). 
If we now apply a potential differ- 
ence Eg directly betw’-een filament 
and grid, the effective voltage 
in the tube is obtained simply 
by adding Es and Eg, and the 
current can be expressed as a function of this sum, thus 

( 2 ) 

Before discussing this relationship, let us look more fully into 
the functions of the two quantities Es and Eg. To simplify matters 
somewhat we shall neglect the effect of the small quantity e. 
In Fig. 69, the distribution of the field intensity in the region 



Fig. 68. 


THE THERMIONIC AMPLIFIER 


147 


between cathode and anode of a three-electrode device is repre- 
sented by means of lines of force. The anode is assumed to 
remain at a constant positive potential with respect to the cathode, 
the potential of which we can call zero. The three diagrams shown 
refer to the cases in which the potential of the grid is positive, zero 
and negative. Looking upon the intensity of the field as the num- 
ber of lines of force passing through unit area, it w^ill readily be 
seen in a general way how the potential of the grid affects the 
flow of electrons from the cathode. 


But before considering the flow of electrons it must be pointed 
out that the diagrams in Fig. 69 represent the distribution of 
field intensity only for the case in which the space between cathode 







and anode is free from any dislodged electric charges. As soon 
as charges are introduced, such as electrons moving from cathode 
to anode, some of the lines of force proceeding from the anode will 
end on the electrons, and hence the density of the lines of force, 
i.e., the intensity of the field or the potential gradient, will be 
greater near the anode and less near the cathode than indicated 
in Fig. 69. This space charge effect can be made clearer by 
representing the field intensity as showm in Figs. 70 and 71. Fig. 
70 show^s the case in W’hich there are no electrons in the space, 
such as w^ould be the case if the cathode wrere cold. BP repre- 
sents the potential of the anode, that of the cathode being zero. 
The potential gradient (or field intensity) is given by the slope 
of the lines PaO, etc. It is easily seen that the field between 
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cathode and grid is the resultant of Es and Eg. The lines PaO, 
PbO and PcO therefore represent the distribution of field intensity 
for the three cases in which Es+Eg is greater than, equal to or less 
than zero. 

If, now, the cathode be hot enough to cause a copious emission 
of electrons from it, the field intensity is no longer a linear function 
of the distance betw^een cathode and anode, but can be represented 
in a rough way by the curves shown in Fig. 71. If Es-{-Eg>0, 
the field distribution can be represented somew^hat by the curve 
OaP. If Es+Eg^Oy the field between the cathode and the 
equivalent grid plane is negative and the emitted electrons are 


p 



returned to the cathode. The curvature of the lines Oh and Oc 
is due to the initial velocities of the electrons (see Fig. 21). 

The fines of force proceeding from the anode that reach 
through the grid represent the stray field due to Es, which therefore 
tends to draw the electrons through the grid and throw them on to 
the anode. By varying the potential Eg of the grid the intensity 
of the field between the grid and cathode is varied in such a manner 
that the effect of Eg is similar to that of Es, and whether or not 
electrons will flow away from the cathode depends on the resultant 
value of Es and Eg. Now, E, is always positive and therefore 
Es+Eg will be positive (1) when Eg is positive, and (2) if is nega- 
tive and less than Eg. 

(1) When Eg is positive some of the electrons moving away 
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from the cathode are drawn to the grid (see Fig. 69), while the 
rest are drawn through the openings of the grid to the anode under 
the influence of Es- The relative number of electrons going to 
and through the grid depends upon the mesh of the grid, the 
diameter of the grid wires and the relative values of Es and Eg, 
When, for example Es is large compared with Eg the number of 
electrons going to the grid is comparatively small, but for any 
fixed value of Es the grid current increases rapidly with increase 
in Eg. Hence, for positive values of Eg current will be established 
in the grid circuit FGEg (Fig. 72). 

(2) If, however. Eg is negative and less than E*, as is generally 
the case, nearly all the electrons drawn away from the cathode pass 
to the plate, practically none going to the grid. In this case the 
resistance of the grid circuit is practically infinite for low frequen- 



cies. The electrostatic capacities between the electrodes causes the 
impedance between filament and grid to have a value depending on 
the output circuit. For the present we shall neglect this effect, 
which is usually small, and later on investigate the conditions 
under which it can manifest itself to a marked extent. 

If, now, an alternating E.M.F. be impressed on the grid circuit 
so that the grid becomes alternately positive and negative with 
respect to the filament or cathode, the resistance of the grid 
circuit FGEg which is usually referred to as the input circuit, 
will, if the frequency is not too high, be practically infinite for the 
hah cycle that the grid is negative and finite but variable for the 
positive half cycle. If, on the other hand, the alternating E.M.F. 
be superimposed upon a constant negative grid potential, which 
is so chosen with respect to the value of the impressed alternating 
voltage that the grid always remains negative with respect to the 
filament, the resistance of the input circuit is infinite- 
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It can now be seen in a general way how the device functions 
as a relay. Any variation in the grid potential changes the in- 
tensity of the field lx?tween filament and grid, resulting in a corre- 
sponding change in the number of electrons moving from fila- 
ment to plate. Hence potential variations set up between filament 
and grid cause variations in current in the output circuit PiJ&ro, 
the power developed in the load tq being greater than that expended 
in the input circuit. 

63. Current-voltage Characteristics of the Thermionic Ampli- 
fier. Returning now to a consideration of the expression for 
the current 

( 2 ) 

it is to be noticed in the first place that since this equation contains 
two independent variables, Ep and Eg, the three-electrode device 
possesses two families of characteristics, or the complete charac- 
teristic can be represented by a surface. The current as a function 
of the filament-plate voltage Ep can for various negative values 
of filament-grid voltage Eg be represented by a series of curves 
such as those shown in Fig. 73. It will be noticed that each 
of these curv'es is similar to the current-voltage characteristic of 
the simple two-electrode thermionic valve discussed in Chapter IV. 
The main difference is that in the three-electrode tube the current 
is limited not only by space charge and the voltage drop in the 
filament, but also by the grid. For the same potential on the 
plate the current in the three-electrode tube will therefore be 
smaller than in a simple valve. This follows directly from 
quation (2). 

The relation between Ip and Eg for various values of Ep can be 
expressed by a set of curves similar to those shown in Fig. 73. 
Fig. 74 shows such a set of characteristics. The ordinates repre- 
sent current to the plate and not necessarily the emission current, 
i.e., total current from the filament. When the grid becomes posi- 
tive it takes current and so can distort the Ip, Eg curves. A set 
of grid current curv^es for various plate potentials is shown in Fig. 
75. For the higher plate potentials these curves show a maximum. 
This is due to secondary electron emission from the grid by the 
impact of electrons coming from the filanient (see p. 47). At the 

E 

lower plate potentials the stray field given bv — is smaller, and 
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fewer electrons are attracted to the plate. The secondary electron 
emission is then also less marked, so that the Ig—Eg curve shows a 
rapid increase of Ig with increasing Eg, 

So far it has not been possible to derive the equation of the 
whole characteristic theoretically with sufficient accuracy. For 



Anode Volts 


Fig. 73. 

the operating range of the characteristic, when the tube functions 
as an amplifier, the plate current can be expressed by the equation.^ 

I^=a(^Ep-^'LEg-\-^ , 0 ) 

where XEp and 1>Eg are the filament-plate and filament-grid 
1 H. J. VAN DER Bijl, Phys. Rev., Vol. 12, p. 180, 1918. 
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voltages. If, for example, an alternating e.m.f. e sin pi be 
impressed on the grid circuit the equation takes the form: 

Ip—a(^+Eg+e sin (4) 



This equation was determined empirically and is subject to 
certain limitations. In the first place, it does not apply to the 
horizontal part of the characteristic which gives the saturation 
current, but only to that part which obtains when the filament is 
hot enough to emit more electrons than are needed for the current 
convection through the tube. This is the condition under which 
the amplifier operates, because here the plate current can be 
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varied by varying any of the applied voltages. Another condition 
for equation (4) is that the grid should not become sufficiently 
positive to distort the characteristic. Under these conditions I 
have generally found this equation to hold sufficiently well, to a 
first approximation at least, and have been using it in connection 
with work on the amplifier tube. The above equation does, how- 
ever, not hold sufficient^ accurately for purposes of radio detection, 
since this is determined by second order quantities. 



Latour ^ has derived some equations for the relay effect 
of audion tubes. He starts from the general functional expressions 
for the plate and grid currents: If=F(Epj Eg) and Ig=f(Eg, Ep). 
In the expansion of these equations he neglects aU quantities of 
the second and higher order, thus assuming that the current and 
voltage variations are very small, or that the characteristic is 
hnear over the operating range. 

Latour, Electrician, December, 1916. 
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Vallauri^ also assumes a linear characteristic by expressing 
the equation for the plate current in the form: 

Ip = (iEg-\-hEp-\"C, 

It will be shoTO later that it is important to distinguish between 
the characteristic of the tube itself and that of the tube and exter- 
nal circuit combined. The latter can by taking special precau- 
tions be made practically linear. The characteristic of the tube 
itself can, however, not be regarded as linear over the range over 
which most amplifiers operate. The curvature of the characteris- 
tic cannot be neglected because it introduces distortion which, 
unless properly taken care of, makes it practically worthless as a 
telephone repeater, for example, on long telephone lines. When 
treating the tube as an oscillation generator the curvature of the 
characteristic can be neglected, because the oscillation current is 
established in an oscillation circuit which is usually tuned suf- 
ficiently sharply to eliminate the harmonics caused by the curva- 
ture of the characteristic. 

Equation (3) gives the characteristic of the tube itself; that 
is, Ep and Eg are the potentials of the plate and grid with respect 
to the filament, and are not necessarily equal to the plate and grid 
battery voltages. Ep is, for example, only equal to the plate 
batter^" voltage Eh when the external resistance ro is zero (Fig. 72). 
When ro is not zero the potential drop established in ro by the cur- 
rent in the plate circuit causes a decrease in Fp, and it can readily 
be seen that if the current be varied, by varying the grid potential, 
Ep becomes a function of the plate current. This effect will be 
discussed more fully when we come to consider the characteristic 
of the tube and circuit (Section 58). 

Langmuir^ has expressed the equation for the characteristic 
as 

Ip = A{Ep + hEg)"^\ 


The extent to which the characteristics of practical tubes 
depart from the |-power relation was discussed in Chapter IV. 
In the case of the two-electrode tube the main cause of the devia- 
tion is the voltage drop in the filament. This has a greater 

^ G. Vallauri, LTlettrotecnica, Vol. 4, 1917, Electrician, Vol. 80, p. 470, 
1917. 

- 1. Lanomuir, Proc. LR.E., p. 278, 1915. 
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effect at the lower than at the higher voltages. In three-electrode 
tubes the limitation of current by the grid accentuates this devia- 
tion. Thus, referring to equation (3), the constant ^ is generally 
greater than unity and, therefore, although the plate voltage 

may be high, the effective voltage is low, so that 

the voltage drop in the filament has a relatively greater effect 
in causing a deviation from the |-power relation. As an example, 
suppose that Ep = 100 volts; ju = 5; the voltage in the filament 
Ef= 10 j and Eg-l-€ = 0. Then the effective voltage is only twice 
the voltage drop in the filament. Under such conditions the 
deviation from the |-power relation is considerable. It is for this 
reason that the quadratic equation (3) is generally found to be more 
serviceable at least for that range of the characteristic over which 
the tube operates as an amplifier. 

The quantity e, which depends on the intrinsic potential 
difference between the filament and the system constitutmg the grid 
and plate, is usually small, but may, in some types of tubes, vary 
considerably. For tubes operating with high effective voltages e 
can generally be neglected. But when the effective voltage is low, 
as in the detector and smaU amplifier tubes, variations in e can, 
if not corrected for, cause deviations in the exponent of the effect- 
ive voltage. 

The important thing about the tube equation is that the cur- 
rent can be expressed as a function of (Ep+iiEgY, 

Referring to equation (3) and Fig. 74, we see that the current 
is finite for negative values of the grid potential, and is reduced to 
zero only when 


E,= -(^+e'^=E,. (5) 

This linear relation and equation (3) can be verified experi- 
mentally when the constants fi and e are known. These constants 

1 This expression for the effective voltage in a three-electrode tube was 
established experimentally by the author and published in 1913 (Verb. d. D. 
Phys. GeseU., Vol. 15, p. 330, 1913). See also p. 44. The same expression 
has also been used by Schottky (Archiv. f. Elektrotechnik, Vol. 8, p. 1, 1919. 
Barkhausen (Jahrb. d. drahtlosen Tel. & TeL, Vol. 14, p. 27, 1919) and 
others. See also W. H. Eccles (Rad. Rev., Vol. 1, p. 69, Nov., 1919). 
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can be determined by methods which do not involve the exponent 
of equation (3). Let us assume a general exponent d, thus; 

Assuming the general case in which both Ep and Eg are variable, 
W’e have: 

dEp dip 
dEg dEpdEg'^dEg' 

Now 



Since the current can be varied by varying either one or both 
of the independent variables Ep and Eg, we can make these varia- 
tions in accordance with the condition that the current Ip remains 
constant; for example, the current can be first increased by 
increasing Ep and then brought back to its original value by 
increasing the negative grid voltage Eg. The relation between, 
the variations in Ep and Eg necessary to keep the current con- 
stant, can be obtained by putting 7p= constant in equation (6). 
Then we have either 

^+E,+ € = 0 . 

or 

dEp 

dE~ ^ 

These equations are therefore independent of the exponent of 
(3). Equation (5a) obviously states the condition that the current 
has the constant value zero, and shows that the stray field poten- 
tial Es is simply equal to the absolute value of the grid potential 
which is necessary to reduce the plate current to zero. 

Referring to the above equations for the partial derivatives of 
Ip, it follow's that a change in the grid potential produces M-times as 


(5a) 

( 7 ) 
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great a change in the plate current as an equal change in the plate 
voltage. 

Equation (7) can be interpreted to mean that a potential varia- 
tion SEg^eg impressed between the grid and the filament is equiv- 
alent to introducing an E.M.F. in the plate circuit which is equal 

to flBg, 

This result is of fundamental importance and has been found of 
great value in the solution of many vacuum tube problems. 



Integrating equation (7) we get 

E'p = Ep -\-jiEg (8) 

While equation (5a) gives the relation between Ep and Eg necessary 
to neutralize the stray field and keep the current zero, equation (7) 
gives the relation necessary to keep the current constant at any 
convenient value. The verification of these relations is shown 
in Fig. 76.1 slope of these curves is equal to the constant /x. 
1 H. J. Van der Bijl, Phys. Rev., Vol. 12, p. 171, 1918. See also Fig. 14, 
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The characteristic equation (3) was verified as follows: The 
tube was inserted in a circuit such as shown in Fig. 72, with the 
exception that the generator in the input circuit and the resist- 
ance 7*0 were omitted. A convenient negative potential was applied 
to the grid, so that no current could be established in the grid 



circuit, and the current in .the plate circuit observed as a function 
of the plate voltage Since ro was zero was always equal 
to Et, the plate battery voltage. The grid being kept at a constant 
negative potential Eg with respect to the filament, current could 

TP 

not be established in the plate circuit until the — +« became 
greater than E,. The characteristic obtained is shown in Fig. 77. 
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From the value of the plate voltage for which the current is just 
reduced to zero we get 



Fig. 78 . 

and since ix could be determined as explained above, this equation 
could be used to give e. Once /x and e are known the observed 
current can be plotted as a function of the expression 

(|’+E,+.)‘ 

for arbitrary values of or Eg, Some curves obtained in this way 
are shown in Fig. 78. 

If we obtain a number of characteristics such as those shown 
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in Fig. 74, which show the relations between the plate current and 
grid potential for a number of different plate potentials and plot 
the logarithms of Ip against the logarithms of the effective voltage 

the observed points for all the characteristics should, 


according to equation (3), lie on one straight line. This can be 
done by subtracting the applied grid potentials from the grid 
potential which is just necessary to reduce the current to zero, 
and plotting on logarithmic paper the values so obtained against 
the observed currents. (Note that the value of the grid potential 

E 

necessary to reduce the current to zero is — .) The disadvantage 

of such a procedure lies in the uncertainty of the voltage at which 
the current becomes zero. However, the logarithmic plot of the 
curves of Fig. 74, and which is shown in Fig. 79 indicates a substan- 
tially good verification of equation (3). The slope of this lumped 
logarithmic line is almost exactly 2. 

54. Amplification Constant. The constant /x appearing in the 
above equations is one of the most important constants of the 
audion or three-electrode tube. It will be shown later that /x is the 
maximum voltage amplification obtainable from the tube. This 
constant is also very instrumental in determining the current and 
power amplification and can therefore be referred to as the ampli- 
fication constant. This constant plays an important part in aU 
functions of the tube, as will be shown later when we come to 
consider its use as a radio detector, modulator, oscillation gen- 
erator, etc. It will be noticed that since it appears in the stray 
field relation (equation (1)), which is a pure potential relation, 
the amplification constant is a function only of the geometry of 
the tube. It depends, for example, on the mesh of the grid, 
diameter of the grid wire and the distance between grid and plate. 
It can be determined from EpEg — curves shown in Fig. 76 and by 
methods which will be described later. In practice it is generally 
found that /x is not quite constant, its value decreasing somewhat 
at lower voltages. For the operating range of voltages commonly 
employed its value does, however, not vary much. (See Fig. 125.) 

65. Plate Resistance and Impedance. The resistance of a tube 
is due to the work which the electrons emitted from the cathode 
must do in moving from cathode to anode. Let us consider the 
case of a single electron emitted from the cathode. In moving 
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through the cathode surface it has to do an amount of work 
equivalent to the electron afiBinity and in moving from cathode 
to anode it has to do work in overcoming the contact potential 
difference between cathode and anode. This may sometimes 
assist the electron in moving from cathode to anode. (See Chap- 
ter III.) The total amount of work it has to do to overcome these 



forces is generally small and never amoimts to more than a drop of 
a few volts. If these were the only forces exerted on a large num- 
ber of electrons escaping from the cathode the application of a small 
voltage between cathode and anode would almost immediately 
give rise to the saturation current, and the resistance of the tube 
would for all values of current less than the saturation current be 
very low. This is, however, not the case, since the electrons 
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in the space exert a mutual repelling force on one another. This 
is the space charge effect explained in Chapters I and IV, and 
causes by far the greatest expenditure of energy on the part of the 
electrons in moving to the anode. This expenditure of energy" 
causes the heating of the anode. 

The true d-c. resistance of the tube is, of course, given simply 
by the ratio of the total amount of work done to the square of 


the current, i.e., by 


JEp 


The a-c. resistance on the other hand, is 


given by the slope of the plate current characteristic, and since the 
characteristic is non-linear the a-c. and d-c. resistances are not the 
same. Referring to Fig. 80, the d-c. resistance at a voltage Ep is 



given by the reciprocal of the slope of the straight line OC, while the 
impedance of the tube is given by the ratio of the alternating 
voltage ep between filament and plate to the alternating current 
ip in the plate circuit. Now, the flow of electrons in the tube 
shows no lag, and for frequencies low enough to make the effect 
of the electrostatic capacity of the tube itself negligibly small, 
the condensive reactance thus being also practically infinite, the 

impedance is simply given by (see Fig. 80), and is then 

of the nature of a pure resistance. For most tubes used at present 
this approximation is satisfactory for frequencies up to the order of 
several hundred thousand cycles per second. For a tube like that 
shown in Fig. 68, for example the filament-plate capacity is of 
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the order of a few micro-microfarads. Now we have 

cEf 

when ej) and ip are very small. But in practice we generally do not 
deal with very small current variations. To obtain an expression 
for the a-c. resistance for finite variations we must evaluate the 

oj 

partial derivative from the equation of the characteristic and 

oEp 

integrate it over a complete cycle of variations, thus: 


i=i f' 

rp 27r Jo 


For frequencies at which the electrostatic capacity of the 
tube cannot be regarded as negligibly small, we have in effect a 
condenser in shunt with the tube resistance. If x is the reactance 
due to the capacity of the tube the plate impedance Zp can be 
obtained from the admittance I p: 


-i=F=i-r 

Fp 27rJ„ 


-df-jbp=gj,-jbj, 


where 






To evaluate expression (9) xet us assume a general exponent 
for the characteristic equation: 


--a(^+Es+€+e sin ptj 


where 


Hence 


|^=^(E^.+esinpO“-^ 

oEp F 
Ey= 

F 


anEy"^ 

2xpt 


«-i r 2 T/ e . 

rX • 


Now the maximum value e of the input voltage is never 
greater than for distortionless amplification e must always 
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be less than Ey (see Section 60). Referring, for example, to Fi^' 
81, it will be seen that Ey is the intercept cd when Eg = 0 
fd when Eg — cf. Taking the latter case it will be seen that 
maximum value of the input voltage e should not exceed the valu-^ 
fd otherwise we would be working beyond the point d, and th.oi^ 
the lower peaks of the output current wave would be chopped off 



Fig. 81. 


thus introducing harmonics. Furthermore, since the maxhriu^x:nt 
value of sin pt is unity and its odd powers vanish on integrat-ion 
the expression in the parentheses can be expanded into a 
the integral of which converges sufficiently rapidly to enable ixs -tc> 
compute the resistance, for all practical values of n, from a ■ few 
terms of the expansion. The integrated series is: 




THE THERMIOXIC AMPLIFIER 


165 


1 _anEy^- 


‘r (n-lKn-2) / e ^ 

“L ^ (2)2 \eJ 


+ 


(n-ll 


I « — 4 ) / e \'* 


( 2.4 ;2 

(« — 1) . . . (/i — 6 )/ e \ '' 


(2.4.6)2 


(§).. .]. 114 ) 


For the case of the amplifier n = 2, and all tlie terms e.xcept 
the first vanish so that we get : 

(151 


TW, 

la 




The a-c. plate resistance is therefore to a first approximation 
independent of the a-c. input voltage. 

It is customary" to speak generally of the impedance of the tube, 
meaning thereby the plate impedance. It must, ho%vever, be 
remembered that unless the frequency is very high, the wattless 
component of the impedance is practically zero, and the impedance 
is then given by equation (14) in which case it is of the nature of a 
pure resistance. For a parabolic charact eric tic (n = 2) equation 
(14) is simply the slope of the Ip—Ep characteristic. 

56. Mutual Conductance. So far w^e have considered only the 
plate voltage-'plate current characteristic from which we have 
deduced the plate impedance by obtaining an expression for the 
variation in plate current as a function of the plate potential 
variations. The usual thing in practice is to varv" the plate current 
by varying the grid potential. As will be seen from the following 
the effects in this case can be deduced directly from the previous 
considerations by the introduction of the amplification constant /i. 

Referring to the fundamental equation for the characteristic, 
we have 


and 


0-^p 

dE,~^dE^ 



dsr 2x1 BE, 


dt 


(16) 

(17) 


Equation (16) gives the slope of the plate current-grid potential 
characteristic and (17) gives the mutual conductance ‘ gm. It 
will be noticed that 

(18) 

Tp 

^ The expression ‘‘ mutual conductance ” for this quantity was suggested 
by Hazeltine (Proc. L R. E., Vol. 6, p. 63, 1918). 
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This is a very important quantity and is involved, as will be shown 
later, in all expressions giving the degree of merit of the tube when 
functioning as amplifier, detector, oscillator, etc. It is always 
desirable to have the mutual conductance as large as possible. 
While 11 depends almost entirely on the structure of the grid and 
its position relative to the other electrodes, Vp depends upon ii 
and the the surface areas cf cathode and anode as well. 

The mutual conductance gives a measure for the effect of the 
grid potential on the plate current. The analogous expression for 
the effect of the plate potential on the grid current is given by 

and may be called the reflex mutual conductance. At frequencies 
for which electrode capacities are effective to an appreciable extent 
w^e have to consider the mutual impedances Zm=gm+jxmy etc., 
which cannot be obtained from the static characteristics of the 
tube. 

57. Shape of Output Wave in Circuit of Low External Im- 
pedance. Consider the case of the tube circuit shown in Fig. 82 



and let a voltage e sin yt be impressed between filament and grid. 
The resistance n may be that of the input transformer coil which 
is supposed to be w’^ound to work into a practically open circuit. 
For the present 'we shall suppose that the external impedance Zq 
in the output is negligibly small compared with the plate-resistance 
of the tube, so that the characteristic of the circuit is practically 
the same as that of the tube. 

If the constant grid voltage Ec is suflBiciently negative to insure 
that the grid never takes current, the wave shape in Zo is deter- 
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mined by the characteristic equation (4). Thus if the voltage is 
a sinusoid (Fig. 83, curve a) the output current is a lop-sided eur\T 
shown in Fig. 83, curve hV, This can readily l>e seen by referring 
to Fig. 81, from which it will be seen that if the potential of the 





grid be varied about the value Ec=qf, the increase ah in plate cur- 
rent due to the decrease oa in the negative grid potential is greater 
than the decrease a'V in current caused by an equal increase 
oa' in the negative grid potential. This would produce distortion 
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since the output current is not an exact reproduction of the input. 
The curve b of Fig. 83, of course, shows the variation in the output 
current from its mean d-c. value w’^hich obtains when the input 
alternating voltage is zero. 

Now, suppose the grid battery be so adjusted that whenever 
e sin pt is positive the grid takes current. Since the grid current 
characteristic is of the nature shown in Fig. 75, the grid current 
wave will be given by d (Fig. 83), providing the grid potential does 
not become sufficiently high to cause the emission of secondary 
electrons from it. Now this ciurent in the grid circuit causes a 
voltage drop in n thus lowering the potential difference between 
filament and grid. The output current wave may therefore take 
the shape shown by curve cb'. This would therefore minimize 
the distortion if the quantities involved were correctly propor- 
tioned. On the other hand, once the grid current is estabhshed 
it increases so rapidly with further increase in the grid voltage 
that the increase in plate current during the half cycle when the 
grid is positive can become less than the decrease during the other 
half cycle, and this materially lowers the amplification. 

Referring again to the case in which the grid is kept negative 
with respect to the filament, it will be seen on expanding equation 
(4) that the curve 66' (Fig. 83) consists of the following components: 

Ip=a(^ — sin pt 

cos {2pt+w) +^. (19) 

The first term represents the steady direct current in the plate cir- 
cuit which is maintained when the input e is zero, and is the value 
about which the plate current varies for finite values of e. The 
second term gives the alternating output current (ee, Fig. 83) 
which is in phase with the input voltage and which is the only 
useful current for amphfication purposes. The harmonic repre- 
sented by the third term and having double the frequency of the 
fundamental is present, as was to be expected from the parabohc 
shape of the characteristic. It is shown by the curve ff in Fig. 83. 
This is the undesirable term which causes distortion. The last 
term, which is proportional to the square of the input voltage 
is the change in the d-c. component due to the alternating input 
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voltage (shown by the broken line in Fig. 83), and is the only effect- 
ive component of the output current when using the device as a 
radio detector. 

If the output transformer To (Fig. 82) has a sharp frequency 
characteristic, and a pure note be impressed on the input of the 
tube, a current meter A 2 inserted in the load circuit would indicate 
a current which is proportional only to the second tenii of equation 
(19), that is, to the fundamental, and the distortion prtxiuced 
by the curvature of the characteristic would not be a serious iiiat ter. 
In telephony we have to deal, however, with frequencies ranging up 
to about 3000 cycles per second, and it is desirable to use a trans- 
fcrmer with a flat frequency characteristic, so that all freciuencies 
are transmitted with more or less equal facility. In such case the 
harmonic term would cause serious distortion of the spee^ch 
wave. Distortion can, how'ever, be reduced to a negligible quan- 
tity by properly choosing the impedance of the output transforaier. 
We have so far assumed that the transformer impedance in the 
direction ZqZi is small compared with the plate resistance of the 
tube. In practice this is not so. In fact the best operation as 
power amphfier is obtained vrhen this impedance is approxi- 
mately equal to the plate resistance. In such case the character- 
istic of the circuit is different from that of the tube alone, as we 
shall now proceed to show. 

58. Characteristic of Circuit Containing Tube and Resistance 
in Series. Let us first consider the simple case in which the out- 
put circuit is non-reactive and has a resistance ro (Fig. 72). Let 
the plate current be measured for different values of grid potential 
Eg, the plate battery voltage Ei, remaining constant. \Mien the 
grid is so much negative that the current in the plate circuit is 
reduced to zero, the plate voltage Ep is equal to the plate batteiy’- 
voltage Eb- But when current is established in the plate circuit 
there is a voltage drop across ro, and Ep will be less than Eh, being 
given by 

Ep=Eh-roIp, ( 20 ) 

where Ip is the plate current, Ep thus becomes a variable. Sub- 
stituting this value of Ep in the characteristic equation, thus; 


Ip=a 
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we get, putting 


€ = E\. 



This is the equation for the characteristic of the circuit consisting 
of the tube and resistance ro, and it will be seen, if Ip be plotted 
against E\, for various values of ro, that the curvatui'e of the 
characteristic is reduced as ro is increased, the characteristic 
becoming practically linear when ro is equal to or greater than the 
plate resistance. This is an important result for which I am 
indebted to my associate Dr. H. D. Arnold, and has an important 
bearing on the problem of distortionless amplification of telephonic 
currents.^ 

The effect of the resistance on the characteristic of the output 
circuit is shown graphically in Figs. 84 and 85. In the first the 
plate batter}^ voltage Ed had a constant value equal to ^(jE'^+e), 
where E'g is given by 00', while in Fig. 85 the plate battery was 
so adjusted for eveiy value of ro as to keep Ep constant for zero 
grid voltage. It will be noticed that when ro=r 3 , (8000 ohms), 
the characteristic is substantially linear over a considerable range 
of input voltage. 

59. Static and Dynamic Characteristics. So far we have con- 
sidered only the static characteristics of the tube and its circuit. 
We have seen that the static characteristics of the tube itself, 
that is, the characteristics which are obtained when the external 
resistance is neglibibly small in comparison with the plate resist- 
ance of the tube, are given by equation (3), while those of the 
output circuit, containing an external resistance as weU as the 
filament-plate resistance, are given by equation (21). The first 
mentioned set of characteristics is shown in Fig. 74, and the 
second set in Figs. 84 and 85. It is important to note that in 
Fig. 74 each characteristic is for a constant plate-filament voltage 
Ep, while in Figs. 84 and 85 each characteristic is for a constant 
plate batter^' voltage £&. In this case, as was explained in the 

1 Other means for reducing distortion by using special circuit arrangements 
are discussed in Section 78. 
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previous paragraph, the filament-plate voltage Ep is varial)Ie. 
having a different value for each adjustment of the grid %'oltage 
Eff, due to the varydng voltage drop in the external resistance. 
It is ob\dous that if the external plate circuit contains reactance 



Fig. 84. 

as well as resistance, the static characteristics take the same shape 
as when the reactance is zero, l>eing determined only by the 
resistance component of the external impedance. 

Now, the thermionic tube is used mostly in a-c*. circuits. It 
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is therefore necessary to know the shape of the characteristic 
that obtains when varying potentials are impressed on the grid, 
that is, it is necessary to know the shape of the dynamic character- 
istic. It is convenient to distinguish three cases: (1) the dynamic 
characteristic of the tube itself; (2) that of the plate circuit 
containing tube and non-inductive resistance, and (3) that of 
the circuit containing tube and impedance. 

(1) The first can be determined with a circuit such as that 
shown in Fig. 72, provided that the resistance vq is zero and the 
current meter A has a resistance which is negligibly small com- 



pared with the plate resistance. As far as the passage of electrons 
from cathode to anode is concerned, the thermionic tube, which 
operates with a pure electron discharge, shows no lag, such as is 
found to exist in an arc which depends for its operation on ioniza- 
tion by collision of the contained gas or vapor. The only reactance 
possessed by the tube is capacitive and is due to the electrostatic 
capacity between the electrodes. It is, therefore, in effect, a 
capacity shunted across the plate resistance. The capacity of 
ordinary tubes, is, however, so small (of the order of a few centi- 
meters) that this parallel reactance can be regarded as practically 
infinite for frequencies ranging up to several hundred thousand 
cycles per second. Hence, for this range of frequencies the 
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a.s it woiik! if Ep reiiiiiined ecmstanT, i!K*reM>e< ojily to a. I"or the 
same reaHiii. when the iiep'itive ^rid iKiteiiiial is itiereastMi the* eiir- 
reiit deereasc^^ only to 6 instoml of to I/. Tlie eliarae! eristic tliere- 
fore straightens out and takes the shape given bv boa, instead of 

Referring to equation (20), it will Ih^ seen that if we represent 
the alternating plate v(ihage and current by Cp and ip, respectively, 
we have — /pro. The })late current and plate voltage are tliere- 
fore 1S0° out (.>f phase. The plate current is, however, in phase 
with the grid potential, so that the grid and plate potentials 
^liffer in pliast* l>y iSU". 



(3) Let the plate circuit now contain 1‘eactance as well as 
resistance, that is, let it contain an impedance Zo=ro+Jxo. Here 
we have ep = ~ ipZo, but on account of the reactance xq in the plate 
circuit the phase difference between the plate and grid potentials 
may differ from 180°. When this happens the dynamic character- 
istic of the plate circuit takes the fonn of a loop. To explain 
this we can make use of the theorem stated on page 157, that a 
voltage eg applied l)etween filament and grid is equivalent to an 
electromotive force fiCg impressed on the plate circuit, where g 
is tlie amplification constant of the tube. The phase relations 

are sho^m in Fig. 87 for various values of the angle = 

ro 

of the external impedance. I^et the plate current be represented 
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by ip in the direction OQP. The voltage drop iptp, in the tube, 
due to its plate resistance, is given by OQ. The drop ijZo in the 
external impedance Zo is given by Qa, Thus, in the case in which 
the angle is 45°, ipZ^^Qa^j and is the vector sum ipVa and 
the total driving E.JM.F., in the plate circuit is in this case 
given by 0a2. Now ep is equal to —ipZo and is given by Oc 2 , 



Orid Volts 
Fig. 88. 


which is parallel to Qa^. The phase difference between and 
pieg or eg is therefore equal to the angle a20c2 w’hich is 157.5°. 
This is for the case in which the external hnpedance Zo is numeri- 
cally equal to the plate resistance Tp {OQ = Qao)^ and has an angle 
of 45°. 

Referring now to Fig. 88, let the negative grid batter^’' voltage 
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c'C|iial to 3/5, so fliat we operate around the point 0 of the tube 
ehanirterisfit* AoB, whieh eorresjxjnii.s to the plate potential 
wliieli o!.)t:iins when the alternating j.>otentiai impressed on the 
grid is zero. Tlie other two tiilx-* characteristics are for the maxi- 
nmiii and miiiiiiimri ixitentials which the plate acquires w’hen an 
alternating ixitential c sin pi is superimposed on the constant 
negative grit! fxiteiitial Ej=MS, If we now plot the plate cur- 
rent as a function of the varv'ing grid potential fcv, considering at the 
same time that e. and the alternating plate potential €p are 157.5° 
out of pliase, we obtain the loop shown in Fig. 88. The loop is, 
of course, due to the reactance in the external circuit, because there 
is no lag within the This lcK)p is not an ellipse, but has a 

canned axis CD, the general slope and curvature o-f W’hich depends 
upon the angle Ixtween and Cp, which in turn depends upon the 
angle of the external irnpcHiance. As <p decreases the loop nar- 
rows dow’n, its axis straightens out and rotates in a clock-wise 
direction until, when is zero, that is, w’heii the external circuit 
contains only non-reactive resistance, the loop degenerates into 
the line FF, which is the Bon-it\active dynamic characteristic hoa 
showm in Fig. 86. It will be obser\’ed that if the angle d betw^een 
€g and ep is 157.5°, the axis of the loop veiy^ nearly coincides with 
the approximately straight line EF obtained when 6 is 180°. 

The angle 6 depends not only on the angle of the external 
impedance Zo, but also on the value of this impedance compared 
with the plate resistance r^. Thus if <^> is 90° then tpZo is given 
by and if Zq is numerically equal to the angle a^Oct 
betw’een and is ^=135°. But if Zo=3rj>, the angle 6 is about 
1^°. In this case also the axis of the d>mainic characteristic 
coincides very nearly with the line EF which is obtained when 
§=180°. 

It is important to note the conditions that must be secured 
to make the axis of the d>mamic characteristic approach a 
straight line. Wiile the cur\rature of the characteristic enables 
the themiionic tube to pt^rform certain ven- important functions, 
such as detcxuion and modulation of oscillating currents, it is 
neverthele^^ an undesirable feature when the tube operates as 
an amplifier. It follow's from the explanation given in Section .57 
that unless the characteristic is straight the output current wave is 
not an exact enlarged reproduction of the wrave impressed on the 
input. TMs causes distortion when amplifying telephonic cur- 
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rents, and to avoid it the amplifier must be operated under such 
conditions that its characteristic is substantially linear. Now, 
it will be showm later that w’hen operating the tube as an ampli- 
fier, maximum pow’-er amplification is obtained w’hen the external 
impedance is numerically equal to the plate resistance of the tube. 
If this equality is preserved and the angle of the external imped- 
ance is not greater than about 45°, the axis of the characteristic 
is, as w’e have seen, substantially linear over a considerable range 
of input voltage. In practice the conditions are often even better, 
because the angle of the external impedance is often much less than 
45°. This is, for example, the case w’here the tube is operated as 
a telephone repeater; the secondaiy^ of the output transformer 
feeds into a long line of comparatively high resistance, so that the 
angle of the effective impedance into w^hich the tube w^orks is veiy- 
small. 

In cases where the angle of the external impedance Ls neces- 
sarily large, wre can still secure a practically linear axis for the 
d3nQamic characteristic by making the external impedance larger 
than the plate resistance. We w^ould therefore gain in quality' of 
transmission at the expense of amplification. But the necessary" 
sacrifice in amplification w'ould not be large. Although maximum 
amplification is secured w’hen the external impedance is equal to 
the plate resistance, the decrease in amplification is small even 
w^hen the external impedance is twice as large as the plate resist- 
ance (see Fig. 112). 

If the necessary precautions be taken to secure the conditions 
necessary" to make the axis of the dynamic characteristic substan- 
tially linear, w^e can extend the theorem deduced on page 157 
from the stray field relation: A voltage eg applied betw’een 
filament and grid establishes a current in the plate circuit w^hich 
is given by 




Tp-\-Zq 


( 22 ) 


wrhere g is the amplification constant of the tube, rj, its plate resist- 
ance and Zo the external impedance in the plate circuit. 

If the conditions are not such as to make the characteristic 
linear this equation is still true as far as the fundamental frequency 
is concerned, but the curvature of the characteristic introduces 
harmonics w^hich w^ould necessitate the addition of terms of higher 
order of smallness to equation (22). 
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The tliecirem emlM'Mliecj in eauation (22) is of fundamental 
import anee and is instrumental in the solution of many vacuum 
prolilems. We sliali have occasion to make extensive use 

of it in what follows. 

GO. Conditfons for Distortionless Amplification. Distortion- 
less amplification is obtained if the amplified current in the output 
circuit is, for the whole range of frequencies which it is desired to 
transmit, an exact enlarged rc^prcH.Iuetion of the input current. 
Distortion can lie produced in two ways: (1) Wlien currents of 
different frcH|ueneies are not amplified in the same proportion; 
(2) when the amplification is not independent of the input voltage. 

(1) As far as the first effect alone is concerned, the amplifica- 
tion will lx? distortionless if the w’hole circuit is non-reactive. The 
circuits commonly used in connection with the tube are not non- 
reactive, but the neee.sstiiy’ transformers and condensers can always 
be so chosen that for the 0 |>erating range of frequencies the total 
impedance is not unduly affected by the frequency. As far as 
the tul>e itself is concerncxl it is to be noted that the capacities 
betw’cxm the elect nxies introduces a reactance effect. Of these we 
distinguish lietween the capacity tew’een filament and plate, and 
the effective input impedance as measured Ijetw’een the filament 
and grid. When the amplification is expressed in terms of the 
pitential actually applied to the grid, the only inter-electrode 
capacity tliat comes into consideration is the capacity between 
filament and plate. This is so small that w’hen the amplification 
is expresstxi in this wm- it is found to be independent of the fre- 
quency for frequencies ranging up to several hundred thousand 
cycles |X‘r s<x*ond. The powder amplification is usually expressed 
in terms of the ratio of the powder developed in the external output 
circuit to the total power impressed on the input. In this case 
the effective reactance due to the inter-ele(*trode capacities depends 
on the circuit uscil, as will be explained in Sections 69 to 71. Under 
the conditions under w’hieh amplifiers are mostly operated, the 
eiectmie capacities usually have a veiy- small effect. The general 
effect, howTver, is to decrease the amplification when the frequency 
becomes veiy” Iiigh. 

(2) Tlie sm^nd condition for distortionless amplification will 
.not satisfieti unless the axis of the dynamic characteristic of 
the output circuit is linear over the operating range of voltage. 
As wus shown in the previous Section, this can be secured by 
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making the external impedance in the output circuit sufficiently 
large. 

It is important to note that another condition for distortionless 
amplification is that the input voltage must be kept within certain 
limits detennined by the d-c. plate and grid voltages and the struc- 
ture of the tube. Let us assume that the external impedance is 
sufficienth” large to straighten out effectively the characteristic. 
The question now is what range of input voltage can be employed 
without overtaxing the tube. If the input voltage is so large that 
the grid becomes sufficiently positive to take appreciable current, 
the positive halves of the output wave can be reduced in the man- 
ner explained in Section 57. This reduction is more marked the 
larger the external imix^dance in the output circuit, because tlu^ 
extent to which the grid can become positive without taking appre- 
ciable current dei>ends on the potential difference Ep existing 
between filament and plate at the moment that the grid is positive 
and on the structure of the tube. Remembering that the stra>' 
field between filament and grid, due to the potential difference 
Ep^ tends to draw the electrons through the openings of the grid, 
it will be seen that the larger Ep the higher must be the positive 
grid voltage to overcome the stray field and attract the electrons 
to the grid. Now the external impedance has the effect of decreas- 
ing the plate-filament potential difference when the flow of electrons 
from plate to filament through the impedance is increased, that is, 
during the half c^^cle when the grid is positive. This reduces the 
stray field and consequently increases the flow of electrons to the 
grid. This is the effect that gives rise to the bend C in the dynamic 
characteristic shown in Fig, 86. If we say that g is the positive 
potential with respect to the filament which the grid can acquire 
without taking appreciable current, we can state that one condition 
for distortionless amplification is 

€±— I Eg+€ ! + I I (23) 

where Eg is the voltage of the grid batteiy, e the peak value 
of the input voltage, and e the intrinsic potential difference 
l>etween filament and grid. 

Another condition is that the peak value of the input voltage 
must not exceed the value given by 77in (Fig. 86), othenvise the 
negative peaks of the output current wm^e will bft:choppe<l off. 
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Now m i< given In' — , where IFp is llie |■K>t(‘D^ia! difference betw'cen 

and plate at the tiioinent when the grid has its maximum 
tiegalivt^ value, and i> the voltage Eg of the grid batterja 
We tliendore htive tiie two coiulitioiis: 





or when the tuln;' is working at full capacity, that is, when operating 
over tlie whf.>le range of tiie characteristic. 

, = - £,-^ 6 ; - : s ; = i i - j 1 - - (25) 

61. Amplification Equations of the Thermionic Amplifier. We 

slitdl lanv derive quantitative expressions for the amplification 
produced In' the three-<‘leetro<le thermionic tube. It will be 
recognizeil that when operating as a {xiwer amplifier the tube 
derives the extra power from the d-c. batter}" inserted in the 
plate circuit. The eiierg}' of the plate batter}" is released by 
the influence of the grid |x>teiitird on the current in the plate 
circuit and the amount of |X)wer released depends almost entirely 
on the influence of the grid potential. 

In deriving the following equations we assume that the grid 
is xnaintaincHl sufficiently negative with respect to the filament to 
prevent any appreciable currer.t convection between filament 
and grid; that is, tlie tube will l>e assumed to operate within the 
limits tiefiiied l>y equations (24j and (25). We shall also assume 
that the iiiijMHianee comiitions in the plate circuit are such as to 
make the characteristic of the plate circuit substantially linear 
over the opcTating range of voltages. 'These conditions can very 
nearly l.« satisfied in practice even when the circuit constants 
ari^ so adjusted as to give a maximum degree of amplification. 
Under thesc^ conditions the alternating current ip in the plate 
circuit is relatt^i to the alternating {X)tential €g, applied to the 
grid, by equation 

• ^ 


( 22 ) 
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where Vp is the plate resistance and Zo the external impedance. 
This equation enables us to derive the amplification equations in 
a very simple manner. 

62. Voltage AmpMcation. Consider first the case in which 
the tube is used as a voltage amplifier. The voltage developed in 
the impedance Zq is €o=ipZo, which according to equation (22) 
becomes: 


^ 0 = 


Tp+Zq 


and the voltage amplification is therefore 


€ff Tp+Zq 


(26) 


It must be noted that €g is the a-c. potential difference actually 
established between filament and grid. 

It W’ill be seen that increases as Zq is increased and asymptot- 
ically approaches the maxi- 
mum value ix when Zq becomes 
infinitely large compared with 
Tp, The constant w'hich de- 
pends on the structure of 
the tube and determines the 
stray field, is therefore simply 
the maximum voltage ampli- 
fication obtainable from the 
tube. When a tube is to be 
used as a voltage amplifier it 
should therefore be designed 
to have as high a value of ju 
as possible. Fig. 89 show’s a 
Western Electric voltage am- 
plifier. The amplification con- 
stant /i of this tube is 40. 

A voltage amplification of 
several hundred fold is not 
hard to obtain, it being simply 
necessary to design the tube 
accordingly, since ju is a struc- 
tural constant. In using tubes as voltage amplifiers it is, 
how’eveir, necessaiy’ to consider also the other factors that 



Pig. 89. 
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iiifliierieo the voltage aniplifieation. For example, it follows 
tiin/eily from equation !20j that the external ini|x^dance should 
!.k^ 2 liable several times as large as the plate resistance of the tube. 
Now, for the same amount of filament surface the plate resistance 
increases ap|‘)roxiiiiately as the square of p. (see ec|uation 15 j 
and may acquire such a high value as to necessitate an impracti- 
cably liigli external impcHiance. It is, therefore, often necessary, 
wlieii increasing ji, to increase the amount of filament surface so 
as to reduce the plate resistance as much as possible. It is, of 
course, also fxissible to decrease the plate resistance by increasing 
the d-e. plate voltage, provided we do not operate beyond the 
mininium saturation voltage. 

Referring now to equation (26) let Zo-ro+jxo; the voltage 
amplification is then given by 

- (27) 

Suppose the tulx‘ is inserted in the circuit shown in Fig. 90, 
and that it is desired to obtain the voltage developed between 



Fig. 90 . 

the ends A and B of the impedance Zq. This voltage co can be 
iiieasurcxl by connecting an electrostatic voltmeter betw^een A 
and B} The seeondar}- of the transformer T can be w^ound to 
have as high an impedance as possible, thus impressing the highest 
fjossibie voltage e-g on the grid for a given voltage in the primary 
of r. 

Let us now^ consider the two extreme eases in wLich Zq is (1) 
a non-inductive resistance ro (xo=0) and (2) a practically pure 

^ A tlierniiofiic* can be used as an eiectimtatic voltmeter in the manner 

sliomTi in Section 114. 
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reactance xq (ro=Oj. 
is given by 


In the first ease the voltage amplification 


£0= JfTl. 
eg r^+r^ 


(28) 


The relation between - and — is shown bv curv^e II of Fig. 91 

€g Tp 

from which it is seen that — reacnes about 90 per cent of its 

maximum value /i when ro= 10 rp, (In computing these curv^es a 
was taken equal to 10.) 



If Zq is a pure reactance xo, the voltage amplification is given by 


IJ-Xq 


(29) 


Cun'e I of Fig 91 shows the relation between — and — . It is 

eg Tp 

seen that there is a distinct advantage in making the tube work 
into a reactance, the voltage amplification rising to about 90 per 
cent of its maximum value when xq is numerically only twice Vp. 
It is, however, advisable to make the reactance as large as possible 
in order to minimize distortion due to the curv’^ature of the charac- 
teristic. The use of a reactance instead of a resistance has another 
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advaniage. If Z© is a pure resistance and several times greater 
than the plate resistance, a considerable portion of the voltage 
of the plate batter^’ is lost in Zq, so that to secure the necessary 
potential difference l>etween filament and plate it would be neces- 
mry to use a rather high plate batteiy voltage. This can be 
avoided In'’ using instead of a pure resistance a choke coil which 
has a comparatively small d-c. resistance. 

On the other hand, the value of the tube as a voltage amplifier 
hes in the fact that it can be operated in a non-inductive circuit, 
and in this respect it performs an important function, in that it 
serces the purpose of producing high degrees of amplification 
with ver\" little distortion. Unlike the transformer, for example, 
it furnishes a voltage-amplifying means that is independent of 
frequency unless the frequency is veiy high. And, as a matter of 
fact, it can also lx* used to produce power amplification that is 
practically independent of fi*equency. 

When several tubes are used in cascade formation in multi- 
stage non-inductive amplifier sets, all but the last tube should be 
used as voltage amplifiers, because the tube is a potential operating 
de\’ice. It works best as an amplifier when its grid does not take 
appreciable current; that is, when the tube operates within the 
limits defined by equations (24) and (25). The input power 
consumed by the tube is therefore usually very small, and all 
that is necessary is to make the input voltage applied between 
filament and grid ns high as possible. 

It must be pointed out that unless it is necessary to use a 
non-inductive circuit it is best to operate all tubes in a multi- 
stage amplifier set as power amplifiers, and use voltage step-up 
transformers between the tubes. Consider, for example, the 
circuit in Fig. 92. (The circuits shown here do not include 
details that are neee^iy to give best operation in practice. 
They are merely skeleton circuits intended to illustrate the 
points under consideration. Complete circuits will be discussed 
below.) 

If the tul:x A were to be used as a voltage amplifier, it would 
be necessary" to make Zo several times as large as Vp, This does 
not, however, give maximum total amplification, because when 
using transformers w-e have to consider the power, and maximum 
amplification is obt^ained when Zo=r,, Ti being used as a voltage 
step-up transformer. This can be shown as follows: The pow-er 


THE THERMIONIC AMPLIFIER 


185 


in Zq will be a maximum for maximum voltage e\ impressed 
on the input of the second tube B, Now, the voltage eo in Zq is 
given by: 


ZoiJ£ 


Tp+Zf 


where /x is the amplification constant of tube A, Now, the voltage 
ratio of the transformer T 2 is Hence, the voltage impressed 

on tube B is: 


. 4 = 


fieffVZiZQ 

(rp+Zo)~ 


(30) 



It is in all cases desirable to make Zi as large as can possibly 
be done in practice. Hence, regarding Zi as fi^xed and differen- 
tiating e'ff with respect to Zq and equating to zero, it will be 
seen that 6% is a maximum when ZQ=rp, and this, it will be shown 
in the next paragraph, is the condition for maximum power in Zq. 

63. Power Amplification. The three-electrode thermionic tube 
can be used to amplify power, and in this property lies its great 
usefulness. It is its amplifying property that enables it to be 
used also as an oscillation generator. There are other types of 
amplifiers, such as, for example, the arc which amplifies in \drtue 
of its negative resistance characteristic and therefore operates on 
an entirely different principle. But the thermionic amplifier, or 
audion, has certain marked advantages over other types. Unlike 
the arc it does not depend for its operation on ionization by col- 
lision of residual gas, and in fact operates satMactorily only when 
the vacuum is so high that ionization by collision plays a negligibly 
small part in current convection in the tube. The discharge is 
therefore steady and reproducible. When using the device as a 
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telephone relay, for example, steadiness and reproducibility are 
conditions that must be complied with, and this is also true of many 
other cases where amplifiers are used. It is furthermore capable 
of amplifying currents of frequencies ranging aU the way up to 
several million cycles per second, and if properly designed it can 
be made to produce an extraordinarily high degree of amplifica- 
tion. I have for example, obtained with a specially designed tube, 
a power amplification of 3000-fold. 

An equation for the power amplification can be obtained 
directly from the equations deduced above. Let us consider 
the circuit shown in Fig. 90. It is desired to amplify the power 
in the transformer T which may be at the end of a section of tele- 
phone line or may, for example, be connected in the output of 
the generator G, Let the a-c. potential impressed on the grid 
be Cg. Then the alternating current ip in the output circuit 
FPABk 


rp+Zo 


where rp is the plate resistance. The voltage co in Zo is 


% 




and hence the power in Zo is 


^ fj^eg^Za cos (f> 

V.cos.»- • 


• (81) 


where cos <l> is the power factor. 

In order to get the power amplification it is necessary also to 
know the power expended in the input. The grid current does not 
bear a simple relation to the operating parameters, but to get an 
indication of how current in the grid circuit affects the amplifica- 
tion, we can expand the obvious functional relationship, l 0 =f(Ep, 
Eg) into a Taylor series, thus: 


-i-sI,=f{E,+ SE^ E,+ SE,)=f{E^+E,)+SE,^^ +SE,^^, 
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second and higher order quantities being neglected. By making 
the following substitutions: 


we get: 


dig— iff, 'dig 

3®. 

Ojltp — 

dEg=eo, dEg 




Putting — =/ii, the input power becomes, if we neglect the power 

Cg 

consumption in the input transformer: 


Cgig = e^g^gg+fllQn)* 


Hence the power amplification becomes: 

_ eoip cos (j> _ y?Z o cos (j> 

“(r,+Zo)"(?.+Mign)- • • • 

This equation shows how the power amplification is affected 
by the grid conductance Qg, the amplification factor /x and the 
reflex mutual conductance g». For a perfectly unilateral amplifier 
the output circuit has no effect on the input and then gn = 0. 

Conditions can readily be realized in practice which make 
both gn and gg negligibly smaU.^ Conditions under which they 
become appreciable will be discussed in Section 69. If we neglect 
these quantities the input resistance is infinite and the power loss 
in the input indeterminate. We can, however, shunt the input 

^ This equation is equivalent to that derived by Latour. (Electrician, 
Dec., 1916.) 

2 When there are reactive effects, as, for example, when the output circuit 
is reactive, we should, strictly speaking, consider the mutual admittance 
and reflex mutual admittance instead of simply the mutual conductances, 
because under these conditions the grid potential and plate current are out 
of phase. The mutual admittances are then complex quantities involving 
the mutual conductances and the mutual susceptances. (See Fig. 87.) When 
the circuit constants are so proportioned that the axis of the dynamic char- 
acteristic is substantially linear, which is the condition for distortionless 
transmission, the angle of the mutual admittance is so small that we can, 
to a first approximation, neglect the mutual susceptances. 
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with a resistance Vg (Fig. 90), as was suggested by H. D. Arnold, 
and so proportion its value that the input transformer works most 
efficiently. The power expended in this resistance can then be 
taken as a measure of the input power. In telephone repeater 
circuits tins resistance usually has a value of about 600,000 ohms. 

Equation (32) then becomes: 

^ MZoT ’ ^ ^ 


or putting Zo=ro+jxOf the power amplification can be expressed 
as: 




cos <t>. 


(33a) 


Let us first consider the case in which Zo takes the form of a non- 
inductive resistance (xo=0). The power amplification is then 
simply given by 


^ 7 = 


(rp+roF 


(34) 


and it will be seen by differentiating tj with respect to tq and 
equating the derivative to zero, that the power amplification is a 
maximiun when ro=rp. 

For the general case in which the reactance Xq is not zero, we 

note that <#>=tan~^~ and cos 4> = Substituting this 

in equation (33) the power amplification becomes: 


^ {rp+ro)^+x^ (rp+Zo)^ 


(35) 


This is also a maximum when Zq is numerically equal to r^, as is 
shown in Fig. 112, page 220, where the curve represents the relation 

between the power amplification and the ratio — for the case 

Tp 

in which angle of the external impedance Zq is 45°, that is, 

tan 1- When the tube is used for the purpose of amphfy- 

mg telephonic currents, the energy is translated into sound waves 
through the motion of the receiver diaphragm. In such cases, 
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it will be shown later, the ratio — can deviate considerably from 


unity before resulting in any serious diminution of the effect 
produced upon the organs of hearing. 

If we put ZQ=nrp equation (33) becomes: 


cos 4> 


(36) 


which clearly shows the importance of the mutual conductance 
- or the steepness of the plate current-grid voltage characteristic. 

Tp 

It will be seen later that this quantity plays an equally important 
role in the operation of the tube as oscillation generator and radio 
detector. 



64. Experimental Verification of Amplification Equations. 

The amplification was determined experimentally as a function 
of the tube parameters with the circuit arrangement shown in 
Fig, 93.^ This circuit was made non-inductive throughout. 
The input voltage could be varied by means of the resistance ri 
and measured with a DuddeU thermo-galvanometer Gi and resist- 
ance r 2 . The grid battery Eg was inserted to insure that the tube 
was always operated within the limits given by equations (24). 
Now the ampUfier is always operated with a battery in the plate 
circuit, so that there is a constant direct current in this circuit 
whether the a-c. input be applied or not. The apphcation of the 
1 H. J. VAN DBR Bijl, Phys. Rev., Vol. 12, p. 194, 1918. 
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a-c. input voltage establishes an alternating current in the plate 
circuit which is superimposed upon the constant direct current. 
This a-c. could not be measured accurately by simply inserting 
an a-0. meter in the plate circuit, because it was often small com- 
pared with the direct current that w^ould constantly flow through 
the galvanometer. A galvanometer that would be capable of 
carrying the direct current would, therefore, not be sensitive enough 
to measure the increase in current due to the a-c. input with any 
degree of accuracy. On the other hand, it was not possible to 
separate the a-c. from the d-c. in the usual way with appropriate 
inductances and capacities, because then the amplification would 
' be influenced in a large measure by the constants of the circuit. 

For these reasons the balancing scheme was used. The direct 
, current was measured with the milliammeter G 3 and the alternating 

t current with the thermocouple and milliammeter G 2 - In series 

I with G 2 was a batteiy By so poled that when the input voltage was 

‘ not impressed there w^as no current in G 2 , the direct current 

being by-passed through i?'. The resistance of G 2 was small 
compared with W so that practically all the alternating current 
established in the plate circuit flowed through (72. It is evident 
that the effective external resistance is ro. The w^hole system was 
carefully shielded and care was taken to avoid any disturbing 
effects due to mutual and shunt capacity of the leads and resist- 
ances. Such precautions w^ere necessary’* because the frequency 
at which measurements w^ere made ranged from 200 to 350,000 
cycles per second. The resistances ri and r 2 consisted, for exam- 
ple, of thin straight wires stretched on a board. 

The amplification was found to be practically independent of 
frequency over the range mentioned above. The input voltage 
I w^as varied from a few hundredths of a volt to several volts. Fig. 

94 shows the relation between the voltage in ro (the output voltage) 
and voltage as measured with Gi and r 2 (the input voltage). 
In these measurements tq was made equal to the plate resistance 
; of the tube. The linear relation obtained shows that the amplifica- 

tion is independent of the input voltage, a result which justifies 
the of equation (22). 

Equation (28) was verified by measuring the output voltage 
; for a constant input voltage and different ejctemal resistance ro. 

The results are shown in Fig. 95 where the circles indicate the 
obser\’'ed values and the cuiw^e was computed from equation (28). 
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T(\ 

The abscissae give the ratio — and the ordinates the voltage ampli- 

Tp 

fication — . The value of ix for this tube was 10.2, and the input 

voltage in this particular experiment was 3.55 volts. In experi- 
ments like this it must be remembered that the plate resistance 



Tp of the tube depends upon the potential difference between fila- 
ment and plate which, if the voltage of the plate battery remains 
constant, changes every time tq is given a different value. In 
order to operate the amplifier under the same conditions through- 
out the experiment, the plate battery voltage should always be 
adjusted to keep the plate resistance constant. 
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The power developed in the external resistance ro as a function 
of tq m shown in Fig. 96. The plate resistance of the tube was kept 



Fig. 95. 


constant at 14,800 ohms. The powder in ro is seen to be a maximum 
'when ro= 15,000 ohms, which is in close argeement with equation 



Fig. 96. 

(34) which requires maximum powder amplification when ro=rp. 
Hie input in this experiment remained constant and corresponded 
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to an input voltage 3.55 volts. Putting the resistance rz and 
that of the galvanometer Gi in series equal to r, we may express 
e? 

the input power as — . Combining this with equation (34) the 

T'g 

power developed ro is given by 


p_ ixWrp 


(37) 


Now 6(7=3.55 volts and /i = 10.2, and if we put r27=ro=15,000 
ohms we find that the power in ro according to the above equation 
is 22 X 10"^ watt, which is in good agreement with the observed 
value, namely 23X10“^ watt. 

66. Methods of Measuring the Amplification Constant. The 

amplification constant /x can be measured with considerable 
accuracy in a number of different ways. It is perhaps the most 
easily determined constant of the tube. 

The fi 't method we describe is not the most accurate nor the 
simplest, but furnishes a clear demonstration of the significance of 
IX. If the equation of the characteristic (equation 3) be differen- 
tiated partially first with respect to the plate voltage and then 
with respect to the grid voltage it will be found that 


dE, 

dEp 


(38) 


fx can therefore be obtained by measuring the slopes of the Jj?, 
Ep and Ipj Eg characteristics, the slopes being taken at corre- 
sponding points of the two curves. In obtaining these curves 
care must be taken that the plate circuit does not contain an’ 
appreciable resistance which would influence the slopes of the 
characteristics. 

Instead of going through the rather tedious process of taking 
the characteristic curves and then measuring their slopes at the 
desired points, we can determine ju by a method indicated by 
equation (8), which gives a linear relation between the plate 
and grid voltages necessary to keep the plate current constant. 
As Fig, 76 (p. 157) indicates, this method is quite accurate. It is 
of course not necessary to obtain more than two corresponding 
values of plate and grid voltages. For example, let the plate 


i'M TVBE 


m 

, £;-■ .Iii4 E, he ip. Xcm* let the 

? ’1% \ -lea*- *-* /.’'-. I1u- e:i!i-4‘> an increase in the 

.,j., ? * Ir- > ? a r n» f>riiii: it i^'a-k t*» it- tjriniiia! valiit* /,j 
?- eh ntiurt* n-ajjafivr' \uih ti.> the filiiiiieii!. 

1* -f,* »rr: 1 \'*a*aize 1 - l.\^. ^ i- iiivi*!! !>y 


jU ' - 



(39) 


A iiim^ ma rapel naaiii- nmimnni!: m h >Ik>wii in Fi^. 
lA ‘r*' % h^i-n-n' r^iiiall diy eelh al^Hit 10 or 20 volts. 
Ilv i Ij’-mg the K I'Nau^ntial- are a|>|ilieil to tlie irrid and 
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r4an\ ilaar vain*-- drinaaliiiic u|M.ai tho>e id ri and r^. Since a 
|:»» aratial ,.i|s|4ieoI fu tla.' iTfid p.n!wluee> ^-tiiiies the effect of a 
l>*)neeeii apFle^l to i!ir plate, it is evident that no ehangt^ will 
t»‘ Hi tho readiiig of the eiirrent meter by closing K if 

For *i.3Vef.a‘ia'e in inea-urenieiit fj is given a fixeti value 

-•! pi ».hne and r. ron^i>!s i»f thr«' dial rhcHistats of ICKX), 100 
♦nd fit ^ hiu' arriifigt^l m ^teps of liMh 10 and 1 Cihins each. The 
jF, i?v li^trb^d in tentle the actual resistances, so tliat the 

of fh»‘ diah give- M directly. 

A -imilar ruotlio*! ha- al-NJ t«a,*n des«TilM*t;I hy J. At. Aliller,- 
vtibj ti-4'd a e»i alteniating curnuit instead of the battery 

^ n J v-iN DKa liML^ Feo. I HE . V*4. 77, |e 112, 1919. 

^ J M Milual Fe o 1 U IF, Vol tl p. Ill, ItllS. 
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El. The meter is replaced by a telephone receiver and the resist- 
anees ri and r2 are tuljusted until the tone in the receiver is a inini- 
miiiii. The use of an alternating current has the advantage that 
it also allows a simple determination of the plate resistance of the 

tiik\ 

66. Measurement of the Plate Resistance. We liave seen 
that tlie characteristic of the amplifier can to a first approximation 
!m.‘ given by equation (8)5 in which the exponent is 2. For such a 
eharaeteristie the plate resistance is the inverse slo{)e of the 

E^-<urve and is given by equation (15): 


Tp — 



(15) 


By multiplying numerator and denominator by the expression in 
the parentheses we can express Vp in the simpler fomi 


rp= 


E p-h E g-r e) 

27;^ 


(40) 


or, neglecting the small quantity e and putting Eg~0, 



We can, therefore, obtain a fair estimate of the plate resistance by 
simply observing the plate current for the plate voltage at which 
it is desired to obtain the resistance. It will be noted that the 
plate resistance, by which we mean the a-c. resistance, is half 
the d-c. resistance. It is also to be noted that while the amplifica- 
tion constant g is a geometrical constant, the plate resistance 
depends not only on the structure of the tube but also on the values 
of the plate and grid voltages. If can, however, be fully specified 
for all operating plate and grid voltages by determining it as a 
function of the plate voltage, the grid voltage being kept zero. 
The relation l^etween Vp and Ep can be represented by a cur\^e 
like that shown in Fig. 98. Now% the resistance at any specified 
plate voltage Ep and a grid voltage Eg other than zero can te 
obtained by applying the stray field relation given in equation (1), 
iTom wliich it follows (neglecting e) that the effective plate voltage 
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i> r.f»w Ey+iiEs} All that h neee^ary, therefore, to obtain the 
plafe rt*4starirf^ from thi:^ ciin’e in Fig. 118 for any values Ep and Eg 
if tn mid off file rt*sistaiiee at an al:«<eis.sii c.*c|ual to Ep+/iEg, 

In ri*garii to Fig. 98 it should lx* note<i that the resistance char- 
in virtue of the inert^asc'* in slope of the plate current 
ekiKirt eristic. Let us eoosider the curve shown in Fig. 99, which 
rf*pm^*rits the ndatioii iMUtveen the plate current and the effective 
plate volts-ige iEp+^iEg). If this voltage has the value 
given by the direct current in the plate circuit will be repre- 
seritol by W. Ijt^t the grid voltage now^ l>e varied so that 
osciEates betwec^n «i and or, ab Ixdng equal to be. The plate 
resistance is then the riTipiwal of the slope of the line a'E, and if 



Fig. 98. 


the eharaeteristic is parabolic it follow^s directly from the proper- 
ties of the paniliola tlmt aV' is parallel to slope of the curve at the 
point fcirresfKindmg to the direct voltage E^=:^ob. In the case 
cif thc’* parabolie eliaract-eiistic the plate resistance is therefore 
simply given by the slope of the characteristic. If E^ oscillates 
tx and ed the plate resistance is smaller since the slope 
of Eff is larger. If now E^ m m large that it oscillates between 
id and c#/ the n^«i«tanee inert^ai^s. This is shown by the broken 
pirt of the K^sistanee ekiracteristic in Fig. m. In this ca^ the 
resistance is no loiigi^r given by the .slope of the curv^e at the 
cwwspondiiig to the mean value of F,, If oscillates 
over the whole range the resistance is greater than in the ca^ 

* for poffltive valuw of Eg only as long m the grid is not suf- 

fimatly tale mi appreciable eurrent. 
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where oscillates over the range cd and the amplification 'will 
be less. This drop in amplification when the input becomes very 
large can of course aiwaj^s be avoided by operating at a higher 
plate potential Ep and increasing the saturation current by in- 
creasing the temperature of the filament. 

Methods have been devised w-hereby the plate resistance can 
be measured d 3 mamically with comparative ease. It is therefore 



a simple matter to obtain a curve like that shown in Fig. 98. 
The following method was published by J. M. MiUer.^ Consider 
the circuit shown in Fig. 100. It w^ill be recognized that with 
the key Ki open and K 2 closed the circuit is the same as Fig. 97 
except that the meter is replaced by the telephone receiver T 
and a source S of alternating current is used instead of the battery 

1 Loc. cit. 
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m 

El. Hic^ (“irniit thvwiim* gives a mc^ans of measuring g, which can 
!m* 4oim* hy adjiis!iiig ri until the ton«‘ in the receiver T vanishes. 
To I 1m* plate n^sislanet* Tp let the key Ki Ix^ closed. If 

ij h* the tilft*niating voltage appiitMi Ix^tween filament and grid 
ihf* allematifig mrrvnt in the circuit FPra is, by equation (22), 

- and the voltage in is therefore Xow it will be 

Tp-^fo r^+ro 

olist'^rvefl that if A is |,x)sitive and B negative, the electron current 

to the plate will lx* inereasexi if the effect of the applied grid 

voltage exemis the op|x>site effwt of tlie vtdtage simultaneously 

applied to the plate. The currents in ro and n are therefore in 

phase. Hence, by adj ust ing ro unt il t lie |x>t (ait ial drop in it is equal 



to that in Ti, the tone in the telephone receiver can be reduced to a 

iiiiiiiiiiimi. If this is the we have 


i5>-=7n. 

But ^g-=Ir2y hence the pkte n?sLstanee is: 


r. 



( 42 ) 


fnirii wMeh r, can l)e eoniputefi Miller puts ri=r 2 to obtain a 
simpler ec|iiatioii. But even so the methotl involves a calculation. 
A veiT valuable simplification hitherto unpublished was suggested 
by Ci. H. Sleveiisoii. Siip|)osc* we adjust ri for minimum tone in 
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T when Jvi is open. Then m = it will be seen from equation 

(42) that with this relation betw^een ri and ro it w’ould not be 
possible to obtain a balance with Ki closed. But if r 2 be doubledj 
w^hich can be done by opening ivo, thus adding a resistance equal to 
r 2 , and ro be now^ adjusted, with Ki closed, to give minimum tone 
in T, then rp = rQ. This is the simplest method of measuring the 
plate resistance. By giving r 2 a fixed value of, say, 10 ohms and 
calibrating ri in the manner explained with reference to Fig. 97, 
w^e obtain a comparatively simple circuit w^hich enables us to read 
the amplification constant and the plate resistance directly in 
terms of n and ro. 

67. Direct Measurement of the Mutual Conductance. Once 
the amplification constant and plate resistance are knowm the 
mutual conductance can be obtained from equation (18) 

(18) 

and it is therefore hardly necessary to measure it directly. How^- 
ever, since the mutual conductance is a good indication of the 
figure of merit of a tube, w’e shall briefly describe a few^ methotls 
w^hereby it can be measured directly. Referring to equation 
(17) it can be seen that the principle of any method of direct meas- 
urement of the mutual conductance is to apply a potential differ- 
ence betw^een fiilament and grid by passing a current through a 
resistance shunting the grid and filament and balancing this cur- 
rent against the resulting current in the plate circuit. There are 
various w’ays in w’hich this can l>e done. The circuit arrangement 
of a method proposed by S. Ballantine ^ is showm in Fig. 101. 

The coils 1 and 2 are so connected that the currents h and 22 
flowing in the directions of the arrow^s tend to neutralize each 
other’s effect in the secondary of transformer T. If h and to 
be the inductance due to the coils 1 and 2, respectively, and Ri be 
so adjusted that the tone in the receiver is a minimum, then 

21^1 =t2fe- 


Ballantine assumes that ^ from w’hich he then obtains, 

rp 


' S. Ballantine, Proc. LR.E., Vol. 7, p. 134, 1919, 
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mi 

since es — iiRi^ 



The assuinption made is, strictly 5|K^aking, justifiable only when 
the impressed oscillations are veiy* small, because the current- 
voltage charaeteristie of the circuit is not linear unless the external 
iiiifxxianee in the plate circuit (i.e., the impedance of coil 2) is 
large. On the other hand, if it is large the current 1*2 cannot be 



expressed by the above simple equation, but is given by equation 
(22), namely: 




( 22 ) 


where Z 2 is the impedance of coil 2. The mutual conductance 
of the tube is then given by: 


that is, by 


fi 22 ' 


(44) 


fi I2 M ’ 


. (44a) 


For a simplification of this d^mainic niethod I am indebted to 
Ml hitherto unpublished su^stion of Mr. H. W. Everitt which is 
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shown in Fig. 102.^ It consists in replacing the transformer T by 
two non-inductive resistances ri and r 2 , the telephone receiver 
being connected directly to them as showm. The effect of the 



external resistance is shown in the following table, which gives 
observations obtained by Everitt. The second column gives the 
values that would be obtained with equation (43), and the last 


ft 

n 

TtRl 

1 

nRi rg 

n ju 

100 

1.33X10-3 

1.37X10-3 

1,000 1 

1.09X10-3 i 

1.39X10-3 

2,100 

0.86X10-3 

1.34X10-3 

10,000 

0.37X10-3 

i 1.43X10-3 


column the corrected values according to equation (44a). The 
true value of — computed from separately observ^ed values of ii and 

Tp 

Tp is, for the plate voltage used in these experiments, 1.31X10“^. 
The values in the last column are not quite in agreement with this 
value, since the method is not very accurate, but they are grouped 
around a mean value. The values given in the second column are 
distinctly influenced by the external resistance, the deviation from 

^ This modification was also sugg^ted by Ballantine and given in an adden)- 
dum to his paper, which appeared about four months after the reading of the 
original paper at a meeting of the Institute of Radio Engineers. 
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the tme value ioerea^iog with it. When the extertial resistance is 
m large that it must \w. taken into eonskieratioii the method 

I'MKajmes tedious and has no advantage over obtaining ~ from 

Tp 

separate detenu illations of g and by the method explained with. 

refeirnce to Fig. ICM). 

A simple d-c*. metliod of measuring the mutual conductance, 
due to E. V. Appleton ^ is of interest. The circuit arrangement is 
shown in Fig. 103. WTien the key K Ls open the galvanometer G 
indicates the normal plate current. When K is closed the poten- 
tial difference €> applied between filament and grid is hRi, where 



1 1 is the current in Ru This causes a change in the plate current 

equal to 


hRi 


6e; 


Now it will he seen that I and Ii flow through the galvanometer in 
opposite directions. Hence if Ri be adjusted until the galvano- 
meter reading shows no change, then 


or 


be. 


iI=JL 

be, Ri 


( 45 ) 


The plate circuit does not contain any external resistance, 
except that of the galvanometer, which is small. This equation is, 

^ Wirete World, Vol. 6, p. 458, 1918. 



THE THERMIONIC AMPLIFIER 


203 


strictly speaking^ correct only when the potential applied to the 
grid is small, in w^hich case we can put = ~ so that 

0€g Tp 



It w^ill be evident from the 

foregoing that the mutual con- i 

ductance is, like the plate resist- /nir^ 

ance, a function of the d-c. plate \ I W A ^ 

and grid voltages. As in the T 

case of the plate resistance the y ^ 

effect of the plate and grid ^ | i 

voltages can be explained with x_ 

reference to a cur\’e like that 

shown in Fig. 99, except that £5 

here the abscissae would repre- — yir Hillllll — t 

sent the effective grid voltage, A 


Ey=(—+Eg), instead of the 


effective plate voltage, E^= T iillh* 

(Ep+piEg). It is evident that -- 1 

E^=fxE^. - 

68. Circuit for Measuring 
Amplification Constant, Plate fg 

Resistance and Mutual Conduc- r r HlIlil 

tance. A set which rnakes possi- /fllTN 

ble the quick measurement of ^ vPl!/ 

aU three quantities, ji, Vp and gm 
was devised by H. W. Everitt. 

It consists of the combination i— 

of three circuits shown in Fig. J 

104- For a certain setting of 

the keys on the box the circuit re/j?ec. 

arrangement is that shown by 
circuit I (Fig. 104). As was 

explained above, when ro is so adjusted that the tone 
receiver is a minimum, then 



in the 


( 47 ) 


mi 
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T!’m^ rc^L'^tance ri has a constant value of 10 ohms and T 2 is cali-» 
bnitiMl to react tenths of oimis, so tliat the reading of T 2 gives pL 
direct!. ly. 

Nom% to measure Tp the circuit is transformed into circuit II 
by the simple ofx^ration of throwing over a multiple-contact key. 
ITiis is done without changing the setting of r2 that gave the value 
of |i in circuit L It is scxui that is now’ transferred to the grid 
circuit and is replaced by a constant resistance ra = 1000 ohms. 

Referring to this circuit and applying equations given in the 
previous the voltage drop across n is 

C3 = , 

rjy+rs 

If li is the current in the grid circuit, 

Hen<^ 

i/i.+r3) 


Whm Ri is so adjusted that the tone in the receiver is a minimum, 
the voltage drt>p cj in is equal to the voltage drop nr 2 in the 
resistance r^. Hence, putting ez = iiT 2 we get: 


Tp=^-^iiiRi+r-^-rz. 


Now since r 2 has the same value that it had in circuit I and 
Ti s= 10 ohms, w'e have from equation (47) 


Hence 


r2=/iri = 10g. 


__ rzRi , rsrs 

r,= -py-+-jy -rs- 


But since rs is a constant resistance of 10 ohms the last two 
temis vanish. Furthemiore, r 3 = 10(X)' ohms, so that the plate 
resist aiiee is given dirtvtly by 

100^1 (48) 

llie dials of Ri are marked 100 times their actual ohmic resistance 
so as to make the set direct reading. 

Next, io measure the mutual conductance g» = ~ a second 
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multiple-contact key is operated which transforms the circuit 
into III (Fig. 104). The resistance is the same as that used 
in circuits I and II. 

It was shown in Section 67 that if r 4 is small compart with the 
plate resistance of the tube then 


P ^ T2 
Tp T4:R2 


(49) 


By making r 4 i ?2 an even multiple of 10, we have 


^=r2Xl0". 

rp 

For the chosen values of r 4 and R 2 , namely 100 and 1000 ohms, 
w = — 5, and since the dials of r 2 are marked in tenths of ohms: 


ff„=^=[r2]X10--‘, (50) 

•P 

[ro] being the reading indicated on the dials. 

The measurement of the tube constants with this set is a very 
quick and simple operation. The complete set is shown in Fig. 
105. It includes a tone source, such as that described on page 223. 
The tube to be tested is inserted in the socket as indicated. The 
transformation of the circuits is accomplished with the keys 
2 and 3. A and B represent the resistances r 2 and Ri of Fig. 104. 

69. Influence of tide Electrode Capacities. The amplification 
equations derived in sections 61 to 63 express the quantities 
considered m terms of the potential variations actually applied 
to the grid. When considering the power supplied to the input 
circuit it is necessary to determine to what extent the electrode 
capacities can influence the results. The potential variations 
impressed on the grid when the power is supplied to the input 
circuit can be influenced by the electrostatic capacities between 
the electrodes of the tube. The capacity between grid and 
plate effects a coupling between the output and input circuits, 
so that the tube is not a perfect unilateral de\’ice. The extent 
to which the output circuit reacts on the input depends on the 
constants of the circuits. 

The solution of the network involving tide electrode capacities 
was given by H. W. Nichols ^ and by J. M. Miller 

^ H. W. Nichois, Phys. Rev., Vol. 13, p. 405, 1919. 

2 J. M, Miller, Bureau of Standards, Bulletin No. 351. 
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Fi|r. ICMj iTpre.<f^nt< the equivalent network of the tube and cir- 
cuit. G, F and P denote the grid, filament and plate. This cir- 
cuit represc*nts the condition that the grid is kept at a negative 
fxiteiitial with respect to the filament, so that there is no con- 
vection current txdween them. The resistance to the convection 
current betiveeii filament and plate is represented by and is in 


Fig. 105 . 

shunt with the capacity €2 between the filament and plate. Zg 
represents tlie im|MHianee as metisured between fiilament and grid 
and is the effective input impedance. Remembering that a poten- 
tial f, impressed on the grid intrcxliices an E.M.F. equal to 
in the plate circuit, the input impedance Zg can be obtained by 
iiieliiding in the plate circuit a fictitious generator giving as 
ini Meat tMl in the diagram and solving the Kirchoff equations for the 
network. 
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Unle^ the frequency is very high (over a million cycles per 
second) we can neglect the capacity C 2 bet^veen filament and 
plate, since it is shunted by the plate resistance which is then 
low compared with the impedance due to C 2 . The equation given 
by Nichols for the effective input impedance is: 

1 1+jc^CzW 




i+jcoC3ir+^(^i+ 


i^\ 

Tp / 


(51) 


r Z 

where = w is 27rX frequency, and j is the imaginary 

Tp-rAo 

Quit A — 1. The other quantities are indicated in Fig. 106. 



For most tubes used at present this equation is applicable foi 
frequencies up to about a million cycles per second. 

Let the external output impedance take the general form 
Zo-Vq+Jxq. Then equation (51) can be transformed into: 




ac+bd . 


ad— be 


. . . (52) 


= -rg+jXg 


where the coefficients have the values 


a = Tp+ro*- cor^roCs 
b = 02r^QC3+XQ 

c=c^rproCiC3+coXo(Ci+C3+iuC3) * ‘ 

d = o^TpXi^C iC 3— corp{C 1 + C3) ~ o2ro{C i+Cs+jjlCs) 

It will be seen from inspection that the effective input im- 
pedance will generally comprise a resistance Tg wliich may be 
positive or negative, and a reactance Xg which is capacitive. 

70. Case 1. Low Frequencies: In this case w^e 

can neglect c^j-terms where they occur in the same expression with 
terms containing o) in a lower order, e.g., neglect or' in comparison 
with 0 ). 


THERMIONIC VACVCM TUBE 


2m 


Let the output impedance be inductive 
of the coefficients (53) gives for the input resistance: 

r — sCrpToCs+rQ-zir 3 + rff r3 mLq) 

^ lrp(Ci+C3)+ro(Ci+C3+/^C'3)P ’ 

and for the input reactance: 

^*=Jc,+c!+^l’ 

L ry+roJ 

and therefore the effective input capacity is: 

C,.C.+C.(l+^-^j (56) 

Now, Cl is the electrostatic capacity between filament and grid. 
The effective input capacity is greater than the electrostatic 
capacity by the amount shoum by equation (56). The increase 
depends on the electrostatic capacity between grid and plate, 
and on the temstance in the output load. It also depends on the 
amplification constant p. It will be recognized that this equation 
contains ^e expression for the voltage amplification as a function 
of the external output resistance (see equation 28). The effective 
input capacity therefore increases with the output load resist- 
ance in the manner indicated by Fig. 95, page 192. IVIiller ^ 
has measured the effective input capacity as a function of the 
external output resistance. The following table shows the 
agreement between his oteerved and computed values for the case 
of a FT-l tube. 


r®, Ohms. 

Input Capacity. 

Computed. 

Observed. 

0 


27.9 

8.000 

51.4 

49.0 

16,000 

64.5 

61.5 

49,400 

78 ..9 

76.1 

97,000 

84.2 

84.3 

m,ooo 

i 

86.1 

87.6 


Evaluation 
, . (54) 


* Loc. eit. 




THE THERMIONIC AMPLIFIER 


209 


Equations (54) and (55) show that the effective input resist- 
ance is for low frequencies (aj< 10^) independent of the frequency, 
but depends, among the other circuit constants, on both resistance 
ro and inductance Lo in the external output circuit. The input 
reactance, on the other hand, is inversely proportional to the fre- 
quency and depends on the resistance ro, but not on the inductance 
in the output. 

From equation (55) it follow^s that the amplification given by 
the tube would decrease as the frequency is increased. But this 
tendency to distort is in itself not due to powder consumption in 
the input, but is occasioned by the decrease in the input grid 
potential, due to the lowering of the input reactance. 

The power consumed in the input is determined b^^ the equa- 
tion (54). This equation contains a negative term in the numer- 
ator and therefore if the output inductance Lq is large enough, 
the input resistance can be negative. Under these conditions the 
tube would tend to produce oscillations or sing through its 
internal capacities. This tendency to sing is frequently a source 
of annoyance in amplifier circuits. 

Miller has computed the relation between Vg and the output 
inductance Lo. In amplifier circuits we are usually more inter- 
ested in the external output impedance than in the output induct- 
ance. Fig. 107 shows the relation between the effective input 

Z 

resistance Vg and the ratio — of external output impedance to 

Tp 


plate resistance for various angles <^>=tan“^ — of the output 

^0 


impedance Zo^ro+jLo, For a pure inductance in the output 
(ro=0), equation (54), reduces to the simple form 


^ T^ci+czr 


. (57) 


and is therefore always negative. As the angle decreases, the 
negative value of Vg decreases and finally becomes positive. 

The curves in Fig. 107 were computed with the following 
values of the constants: 


rp=5XlO^ ohms 
Cl = 5 X 10~^^ farad ; 
Cs = 15 X 10“^^ farad; 
/x = 5; 

aj = 2X101 
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These are approximately the constants of a type of tube that is 
commonly used for amplifying telephonic currents. 



Fig. 107. 

The corresponding input reactances Xg are shown in Fig. 108. 
The input reactance is therefore generally much larger than the 
input resistance. 



It can be seen from the above equations that if the output 
reactance is capacitive, then the input resistance is always positive 
This is also the case when the output is a pure resistance (a:o=0). 





THE THERMIONIC AMPLIFIER 


211 


Under these conditions the tube would absorb power from the 
input. But for ordinary frequencies this power absorption is 
negligibly small. 

The power absorbed in the input can be obtained as follows: 
Let us impress an alternating potential Cg on the grid. Then the 
grid current is 

• __f£_ 

z, Tg+jx; 


the condition being that the grid is at all times negative with 
respect to the filament, so that there is no convection current 
between filament and grid. The power absorption is therefore due 
entirely to the reaction of the output on the input circuit. This 
power is: 

p 

J- a I'a I a / i - 




or 




2r< 2 


For CO <10® we can neglect r/ in comparison with 


co2C2, 


and write 


P,= coVr,C/. 


(58) 


Substituting the values of Vg and Cg from equations (54) and 
(55), for the case of a pure resistance in the output (Lo=0), we 
obtain 


Pg^o^Wr^Cmi^-nK), .... (59) 


where K — — This shows that the only inter-electrode 
rp+To 

capacity that is effective in causing input power loss is C3, the 
capacity between grid and anode. 

In order to obtain the order of magnitude of Pg for a common 
type of tube, we can insert the values for the constants given on 
page 209 into equation (59). When ro=r2, (the condition for 
maximum power output), i^=|. Putting eg==b volts, we get: 

4.8X10-17x^2 ^att. 


For a tube of the type considered, and for telephonic fre- 
quencies (co <2X10^); the ratio of output to total input power 
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is about 300, and for an input voltage of 5 volts the power in the 
output is about 30X10“^ watt. The total input power is there- 
fore about 1 X 10“^ watt. For = 2 X 10^, the power Pg consumed 
in the effective grid resistance is about 2X10~^, which is still 
very small compared to the total input power which, in normal 
operation of a tube, is consumed in the input transformer, and in 
the high resistance usually bridged across filament and grid, 
as shown in Fig. 90, page 182. Of course, the power consumption 
by the effective grid resistance can become quite large when the 
frequency is high, since it increases with the square of the frequency 
within the frequency range considered. At extremely high 
frequencies the effective grid resistance again becomes negligibly 
small, as will be seen from the following. 

71. Case II. High Frequencies. When the frequency is 
veiy high, we cannot neglect the capacity C 2 between filament and 
plate because the impedance due to C 2 can obviously become com- 
parable with or even lower than the plate resistance Vp with which 
it is in parallel. (See Fig. 106.) In this case the effective input 
impedance is given by 

„ _ac+bd he— ad 
Tvhere the coefficients now have the values: 


a — corj,ro(C2+C3) +Xo 
6 = wrpXo(C2+C3)-rp-ro 

c = a)ro(Ci +03+^1(73) +&)rj,(Ci +(73) 

- <^Vo{CiCz+CiC2+C2Cz) 
d=wXo{Ci->rCz+tiCz)+<^rMCiCz+CiC2+C2Cz) 


■, (60) 
J 


and Xq can be Lo“ or Since oi is large we can neglect the 

w-terms of lower order in comparison with those of the succeeding 
and higher orders. This gives: 


rg=0 

^ _CiC3+CiC2+C2C3 
C2+C3 

independent of the constants of the external output circuit. At 
very high frequencies, therefore, the grid does not absorb power, 
but the amplification is lowered because the input current is 
practically short-circuited by the electrode capacities. 
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The voltage amplification as a function of the frequency, 
for frequencies ranging from 3 X 10^ to 4 million cycles per second, 
can be measured with the circuit arrangement shown in Fig. 109, 
for which I am indebted to my associate Dr. J. B. Johnson. Ai 
is the tube with which the high-frequency current was amplified. 
The a-c. output voltage from this tube was measured by means 
of a bridge arrangement shown on the right of the figure, in 
which the plate-filament resistance of the tube A formed one 
arm of the bridge. The other three arms are indicated by B, C 
and D. The output from the tube Ai is impressed on the grid 

p B 



of the tube A, which acts as a detector, so that small potential 
variations applied to its grid unbalances the bridge. 

The bridge was calibrated by applying known a-c. voltages 
to the grid of tube A, and noting the deflection of the galvanometer 
G. The known voltage is applied, as is commonly done, by con- 
necting between the grid and filament of tube A, a small resistance 
and a thermocouple in series. The high-frequency current is 
passed through the resistance and thermocouple, and the input 
voltage is given by the known value of the resistance, and the 
reading is indicated by the thermocouple. In order to measure 
the amplification, the tube Ai is inserted as shown, and the input 
voltage measured with resistance and thermocouple as indicated. 
In such case we therefore measure the voltage actually applied to 
the grid of the tube Ai, so that the capacity between filament and 
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grid of this tube does not aifect the results. Now, the actual 
voltage amplification depends on the load in the output of the tube. 
This load is constituted by the resistance ro and n in parallel. 
This is, however, not the only impedance in the output of tube Ai, 
because there is parallel with ro and ri, the bridge circuit connected 
through the capacities of tube A, which forms one arm of the 
bridge. Hence, unless these capacities are very small the values of 
the voltage in the output of tube Ai (and which is impressed on the 
input of tube A) wUl be smaller than the output voltage that would 
actually be given by the tube A i if its output were not connected 
to the bridge. The galvanometer would therefore indicate read- 



ings that are too small. In order to avoid such an effect, the tube 
A was specially constructed to have as small a capacity as possible 
between its electrodes. This capacity should be small compared 
with the capacity between the elements of the tube Ai. Fig. 110 
shows two curves obtained by Johnson which indicate the relation 
between the voltage amplification and the wave length for a stand- 
ard type of tube such as is shown in Fig. 68. The two curves 
are for different plate potentials. The higher plate potential of 
course gives a higher amplification because the plate resistance 
of the tube is lower. It is seen that the amplification at 1000 
meters is about three times as large as the amplification at 100 
meters, the ampHfication at both plate potentials dropping to 
zero when the frequency comes infinitely high. 
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The reduction in the amplification can for a given frequency 
be avoided, as Nichols suggested, by shunting the grid-plate 
capacity with a inductance of such a value as to make the im- 
pedance between grid and plate infinite at the given frequency. 
The value of this inductance would, of course, depend on the other 
reactances in the circuit. Making the grid-plate impedance 
infinite is equivalent to putting C 3=0 in equation (61). Then 
Co=C\, and this is in parallel with the tuning capacity in the 
input, which is generally shunted across the input inductance. 
By properly adjusting the tuning capacity the filament-grid im- 
pedance can be made large, thus increasing the input potential 
applied to the grid. This scheme has now been in use for several 
years and found to give satisfactory results. 

72. Practical Meastirement of AmpMcation. It will be 
evident that the amplification that can be produced by a tube 
depends not only upon its structural parameters, but also upon 
the constants of the circuit in which it is used. When a tube is 
designed for a specific purpose and is to be operated in a specific 
circuit, the amplification can be measured quickly and conveni- 
ently by a method that has been use in telephone practice for 
a number of years. The desirability of a method of testing tubes 
rapidly for amplification becomes apparent where they are manu- 
factured in comparatively large quantities. These tubes are, for 
example, used extensively on the long distance telephone lines 
of the Bell System and elsewhere as telephone repeaters. Tubes 
used for this purpose are made with great care and are designed 
to operate in circuits of definite constants, the variation of the 
tube constants being kept within close limits. 

The method of measuring amplification consists in amplifying 
a current of a given frequency with the tube and then passing 
the amplified current through an artificial line of variable and 
known attenuation before it passes through a telephone receiver. 
By means of a switch the current can also be transmitted directly 
from the source to the receiver. When the attenuation of the 
artificial line is so adjusted that the intensity of the current in 
the receiver is the same whether it passes directly to the receiver 
or through the tube and line to the receiver, then the current is 
attenuated by the line as much as it is amplified by the tube, and 
the amplification can therefore be obtained from the known con- 
stants of the line. 
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The circuit arrangement used for testing audio frequency 
amplifiers is shown in Fig. 111. C/ is a source of alternating 
current which will be described later. The current is preferably 
passed through a wave filter to obtain a pure note of about 800 
cycles per second. By means of the switch W this current can be 
transmitted directly to the telephone receiver or be impressed 
on the input circuit of the tube. S represents the artificial line 
and takes the form of a shunt to the receiver. It is, however, 



not a simple shunt, but is so designed that the total impedance to 
the output current is always constant for ah values of the branch 
current in the receiver. This is done, as will be explained below, 
by the addition of the series resistance n. In this form the 
shxmt is known as a receiver shunt.'' The direct current in the 
plate circuit is supplied through the choke coil, as shown, to 
insure that the plate resistance remains constant. Although the 
total output impedance remains constant for ah adjustments of the 
shunt the resistance does not. Hence, if the choke coil were 
omitted the potential difference between filament and plate would 
change with the shunt adjustment and this would result in a change 
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in the plate resistance. The secondary of transformer T 2 is wound 
to have as high an impedance as possible, so as to impress the 
highest possible voltage between the grid and filament. The 
grid battery Eff is inserted to keep the grid sufldciently negative 
with respect to the filament to prevent it from taking current. 
It is important to note that the current drawn from the generator 
U must remain the same for both positions of the switch W, The 
primary of transformer T 2 is therefore woimd so that the im- 
pedance as measured across the terminals of the primary is the same 
as that of the telephone receiver. 

Now, if ip be the total alternating current in the plate circuit, 
and ^o the branch current in the receiver, then we can put 



where d represents the length of artificial line of which a is the 
attenuation constant per unit length. 

The value of d depends of course upon the relative values of 
the series and shunt resistances ri and r 2 of the receiver shunt. 
If these are so adjusted that the intensity of the note in the tele- 
phone receiver is the same for both positions of the switch IF, 
then the expression gives a measure of the current amplifica- 
tion produced by the tube provided the following conditions are 
satisfied. First, the current ^o in the telephone receiver must 
be equal to the current in the primary of transformer 3^2. This 
can be done by making the impedance Z\ of T 2 equal to that of the 
receiver T, Second, for amplification to have any meaning 
the impedance to the input current z'o must be equal to the im- 
pedance to the output current ip. Now the total impedance to the 
input current is that of the circuit Z\Zi (which is equal to that of 
the circuit Z\T) and the impedance to the output current is that 
of the circuit FPATB. These two impedances must be equal. 
The receiver shunt must therefore be so designed that for all the 
necessary adjustments of its shunt and series resistances r 2 and ri 
the total impedance to the output current remains constant. 
If the plate resistance differs markedly from the impedance of the 
receiver a transformer can be iuserted between the coil AB and 
the receiver shunt S, 

Writing equation (62) in the form 

Ji XT’ ^ tp 
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A'here 


K= 


2.303 


( 64 ) 


vve can express the current amplification in terms of d instead of 

that is, we express it on the logarithmic scale. 

^0 

The constant a is arbitrary and can be given any convenient 
value, provided it be definitely specified when the amplification 
is expressed in terms of d. Unfortunately the value of a commonly 
used in telephone practice is not a convenient value, but it has 
already found its way into extensive vacuum tube practice and 
we shall adopt it here. As commonly used, a is the attenuation 
constant per mile of the so-called standard No. 19 gauge cable, 
which has a capacity of 0.054 mf., and a resistance of 88 ohms per 
mile. It is to be noted that this reference cable has neither 
inductance nor leakance. The constant a is determined by these 
two quantities and the frequency of the current. If the frequency 
is 800 cycles per second, a =0.1091. This makes K— 21,13 and 
the amplification can thus be expressed in terms of miles (d) 
of standard cable. And this simply means that if the amplifica- 
tion is d miles, it would take a standard No. 19 gauge cable d miles 
long to reduce the current to its original value. When expressing 
power amplification instead of current amplification the constant 
K in equation (63) must be divided by two. 

There is an advantage in expressing amplification on the 
logarithmic scale which is in accordance with our lack of con- 
ception of absolute intensity of sound. By using the logarithmic 
scale and taking length of cable as the standard of reference, we 
obtain a definite idea of what the energy means when it is to be 
used for operating a telephone receiver. The value of the attenua- 
tion constant a happens to be such that steps of 1 mile of the 
chosen standard cable afford a very convenient unit of measure- 
ment. For many purposes it is, however, sufficient if the receiver 
shunt is calibrated in steps of two miles of the standard cable. 
A little practice then makes it possible to estimate amplification 
to within 1 mile. 

For convenience of reference the following table is attached, 
giving the relation between miles of the standard No. 19 gauge 
cable and the current and power ratios as computed from equations 
(63) and (64). 
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Miles of Std. 
Cable. 

Current 

Ratio. 

Power 

Ratio. 

1 

1.11 

1.24 

2 

1.24 

1.54 

3 

. 1.38 

1.92 

4 

1.54 

2.39 

5 

1.72 

2.97 

6 

1.92 

3.70 

7 

2.14 

4.60 

8 

2.39 

5.72 

9 

2.66 

7.12 

10 

2.97 

8.85 

11 

3.31 

11.02 

12 

3.70 

13.7 

13 

4.12 

17.0 

14 

4.49 

21.1 

15 

5.12 

26.37 

16 

5.71 

32.7 

17 

6.94 

40.7 

18 

7,11 

50.6 

19 

7.92 

62.8 

20 

8.83 

78.3 

21 

9.84 

97.4 

22 

11.0 

121.1 

23 

12.25 

150.7 

24 

13.65 

187.1 

25 

15.2 

233.4 

26 

17.0 

289.8 

27 

18.9 

359.8 

28 

21.1 

447.8 

29 

23.5 

559.2 

30 ' 

26.3 

693.5 

32 

32.6 

1.07 X103 

34 

40.5 

1.65 X 10^ 

36 

50.5 

2.57 X103 

38 

62.6 

3.96 XIO® 

40 

78.1 

6.15 X103 

42 

97.2 

9.44 X10= 

44 

120.8 

1.47 XW 

46 

150.6 

2.27 X10« 

48 

186.6 

3.51 XW 

50 

232.3 

5.43 XW 

55 

400.0 

1.61 XlO^ 

60 

691.9 

4.79 XlO* 

65 

1.18X103 

1.43 X10« 

70 

2.05X103 

4.265X10« 

75 

3.54X103 

1.285X10’ 

80 

6.09X103 

3.75 XIO’ 

85 

10.55X103 

1.13 X108 

90 

18.16X103 

3.32 X108 

95 

31.27X103 

9.95 XIO* 

100 

53.83X103 

2.95 XIO’ 
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Fig. 112 shows the relation between power amplification and 
the ratio of external impedance Zo to the plate resistance Vp. 
The curves were computed from equation (35) with the following 
values: /i=:o, r;, = 5X103 ohms, rf,=6XlO^ ohms, and the imped- 
ance Zq was assumed to have an angle of 45°. The lower curve 
gives the amplification expressed in ratio of output to input power, 
while the upper curve gives the power amplification expressed in 
miles of standard No. 19 gauge cable. It is seen that while the 
power ratio varies considerably from the maximum value when the 

nr 

ratio — deviates from unity, yet the change in the effect produced 

Tp 

on the ear, which is more in accordance with the upper curve 



expressed on the logarithmic scale, is quite small, A change 
in amplification of one standard cable mile is not serious. The 
external impedance into which the tube works can therefore have 
values ranging from about one-half to two and one-half times the 
plate resistance without producing any marked change in effect as 
heard in the telephone receiver. 

Now, it was stated above that the condition to be satisfied by 
the receiver shunt is that its insertion in the circuit must not change 
the total impedance of that circuit, and this must be true for all 
adjustments of its shimt and series resistances. The receiver 
shunt is, of course, so arranged that the shunt and series resist- 
ances are only inserted in definite pairs, the object being that the 
change in the total impedance, due to the insertion of a shunt 
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resistance must be compensated for by the addition of a corre- 
sponding series resistance. 

Referring to Fig. 113, let ri, r 2 represent the receiver shunt, 
Tj, the plate resistance of the tube which is non-reactive and con- 
stant, and Zq the impedance of the receiver, the angle of which is 

tan“^ — , and this is the angle of the external impedance when the 

receiver shunt is cut out (ri = 0, r 2 = oo). But when the shunt is 
inserted the angle of the effective external impedance depends 
on the values of vi and r 2 , and changes with every adjustment 
of Ti and 7*2. When the angle of the receiver is large and if 
accuracy is desired, this must be taken into consideration in com- 



puting receiver shunts. The necessary values of ri and r 2 can be 
determined graphically or in the following simple manner by first 
neglecting the effect of the change in angle and then applying a 
simple correction method. 

The first condition to be satisfied is that the current in the 
impedance Zo must be related to the total output current % in 
the plate circuit by the equation 



where the current attenuation produced by the shunt is then 
equivalent to d miles of cable of which a is the attenuation constant 
per mile at the frequency of the current, which we shall take to be 
800 cycles per second, thus making a = 0.109 for the standard 
cable.’’ 

Now the alternating current established in the circuit (Fig. 113) 
is due to the alternating potential eg applied to the grid. The 
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impressed E.M.F. is therefore }ieg and is applied in the branch 

rprir2^ 

H Z he the total impedance of the circuit and R and X the 
resistance and reactance, respectively, of the circuit to the right 
of ABy we have as a second condition to be satisfied by the receiver 


shunt: 

Z=^=rp+i^+ 7 X = constant. . . . (65) 

When the shunt is cut out (ri = 0 , r 2 = oo ) then R = rQ and X = xq. 
Summing the E.M.F.'s in the two branches we have 

e = iprp+ipri+ipr2 — ioi'2 ( 66 ) 

0 = 0+2 qTo — ipr2 (67) 


From (67) and (62) we obtain directly 


or 


r2 = 


^0 

e^—V 


Zo 

sinh ad + cosh ad—l 


( 68 ) 


The values of r 2 necessary- to give any desired attenuation d can 
thus be obtained directly from a table of hyperbolic functions. 

In deriving equation (68) we made use of equation (62), 
which holds for a circuit of zero reactance, while in the receiver 
shunt circuit the reactance is not zero. The values of r 2 obtained 
will therefore not be correct unless the angle of the impedance Zq 
is small or^the attenuation large. If the angle of Zo is not greater 
than about 45° the values of ro given by equation (68) are suf- 
ficiently accurate for current attenuations greater than those 
produced by 6 miles of standard cable (d>6). For smaller atten- 
uations or if the impedance Zo has a large angle the values of 
r 2 obtained from (68) can be corrected as follows: Suppose it 
is desired to compute a receiver shunt gmng a maximum attenua- 
tion of 30 miles of standard cable and allowing the attenuation to 
be varied in steps of 1 mile each. This shunt, we shall suppose, 
is to operate with a receiver having a large angle, say, 70°. We 
can use equation (68) to obtain an idea of the range of values 
of r 2 that would be necessary to give attenuations ranging from 
1 to 30 miles, by computing r 2 for d equal to 2 and 30, say. By 
choosing five or six convenient arbitrary values of r 2 covering 
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this range, we can compute the corresponding current attenua- 

tions -r-, or d, that would be produced by the chosen values of 

in parallel with Zo~ro+jxo, and by plotting a curve between 
these values of d and the chosen values of r 2 , the correct shunt 
resistances can be read from the curve for all the desired values 
of d from 1 to 30 miles. It wiU be recognized that by this method 
the shunt is computed by the quick and simple process of deter- 
mining d for chosen values of r 2 instead of the lengthy and tedious 
way of deterniming ro from the desired values of d. 

Once the values of the shunt resistances r 2 are known, the 
corresponding series resistances n can 
be obtained from the condition stated 
by equation (65) that the total im- 
pedance must remain constant. 

The generator U (Fig. Ill) can 
be of any t>q>e that gives a constant 
note of about 800 cycles per second. 

It may, for example, be an auction 
oscillator or a microphone generator, 
as shown in Fig. 111. This type of 
generator is very convenient when 
compactness is desired. Its principle 
of operation is like that of an inter- 
rupter or buzzer,” although it is 
much superior to the interrupter, 
which is for this purpose practically 
useless because of its inconstancy and 
need for constant adjustment. The 
microphone generator is shown diagrammatically in Fig. 114. 
C is a carbon button, the diaphragm d of wliich is under tension, 
due to the pressure of the armature a against the pin p. The 
current from the battery causes the armature to be attracted to 
the coil. This releases the pressure on the diaphragm and in- 
creases the resistance of the carbon. The resulting decrease in 
current reverses the process and an alternating current is estab- 
lished in a circuit connected to AB, It is seen that the current 
is never broken as in the case of an interrupter, but the current 
strength is merely varied by the varying pressure exerted on the 
carbon. This device is therefore free from troubles attending 
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the interrupter, such as corroding of contacts, etc. Fig. 115 
shows a photograph of the microphone generator. It operates on 
a voltage of 3 to 5 volts and gives an alternating current output 
of several miUiamperes in a resistance equal to its own resistance 
which varies approximately between 50 to 100 ohms. 

The use of this generator makes it possible to include the whole 
amplification test circuit shown in Fig. Ill, in compact form in a 
portable box. Fig. 116 shows such an amphfier test set used for 
measuring the amplification of tubes in the laboratories of the 
Western Electric Company. The dial of the receiver shunt 
is shown at the lower right-hand corner of the box. 



F:o. 115 


73. Amplification as a Function of the Operating Parameters. 

In the early part of this chapter it was pointed out that the 
operating range of the characteristic of the tube is characterized 
by the condition that the filament temperature must be so high 


that the effective grid voltage y-^+Eg+e j is not high enough to 

draw all the electrons to the anode as fast as they are emitted from 
the cathode, for if this were so, a change in the applied voltage 
would not produce any appreciable change in the anode current. 
In other words, the temperature of the filament must be high 
enough to comply with the condition of “ temperature saturation ” 
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which is indicated by the horizontal part of the plate current- 
filament current characteristic (see Fig. 18, page 51). The effect 
of filament temperature is mdicated in Fig. 117, which gives the 
relation between the filament voltage and the amphfication meas- 
ured at a constant plate voltage in a circuit like that shown in 
Fig. 111. For this particular type of tube, it is seen from the 
curve, the filament voltage must never drop below 3.0 volts. On 
the other hand, it should not be increased more than is absolutely 
necessarj., for tins would shorten the life of the filament. Satisfac- 


Fig. 116. 

tory operation and long life can therefore be obtained by suitably 
adjusting the filament current. 

• Referring to equation (36) it is evident that the amplification 

increases as the ratio ^ is increased provided the plate resistance 

Tp always remains equal to the external impedance of the plate 
circuit. For a given tjqDe of tube remains practically constant, 
but rp can be decreased by increasing the plate potential provided 
the filament temperature remains high enough to insure “ tempera- 
ture saturation." (It will be remembered that the filament 
temperature necessary for this condition increases as the plate 
voltage is increased.) It is therefore to be expected that the 
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amplification would increase with increase in the plate voltage. 
If the amplification is measured for increasing plate voltages Ep 
in the circuit of Fig. Ill, which contains a fixed external impedance, 
the amplification generally tends toward a maximum value, as 
shown in Fig. 118. This is due to the counter balancing effect 

Zo 

occasioned by the deviation of the ratio — from unity. fSee 

Tp 

Fig. 112.^ 



74. Tube Constants as Functions of the Structural Parameters. 

It will be recognized from the foregoing that the amplification 
constant /x and the plate resistance Vp play an important part 
in the operation of three-electrode tubes. They are the two main 
constants that figure in the design of such tubes. Except at low 
effective voltages, ju is practically independent of the applied 
grid and plate potentials, and is determined by the dimensions of 
the grid and the distance between grid and plate. The plate 
resistance depends not only on the dimensions and disposition of 
the electrodes, but also on the apphed voltages. It is important 
to know for the purpose of designing tubes, how these constants 
depend on the structural dimensions of the tube. 

X 
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75. Calctilation of Amplification Constant. The constant fi is 
due to the electrostatic screening effect of the grid. An expression 
for this effect had been derived by Maxwell long before the 
audion came into existence.^ The problem that Maxwell set 
himself was to determine the extent to which a wire grating or 
gauze could protect apparatus enclosed by it from external elec- 
trostatic disturbances. His solution is, however, directly applic- 
able to the audion. It was applied and extended to include 
cylindrical tubes by Abraham, King, Schottky, and v. Laue.- 



Maxwell’s results can be expressed as follows: Let F and P 
(Fig. 119) be two infinitely large parallel planes with a grating G 
of parallel wires interposed between them. Let the potentials 
of P, G and P be F/, Vg and Vp, respectively. The vires of the 
grid are of the same thickness and have a radius r, the distance 
between the wires being a. Let/ and p be the distances of F and P 
from the grid. The assumption is made that / and p are large 

1 J. C. Maxwell, “ Electricity and Magnetism,” Vol. 1, p. 310. 

2 Max Abraham, Archiv. fiir Elektrotechnik, Vol. 8, p. 42, 1919. R. V- 
King, paper read at October meeting of Am. Pbys. Soc., PMadelphm, 1919. 
Schottky, Archiv. fur Elektroteclmik, Vol. 8, p. 12, 1919. v. Laxje, Ann d. 
Phys., Vol. 59, p. 465, 1919. 
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compared with a, which again is large compared with r. If cr 
and cr' are the charge densities induced on F and P, respectively, 
then 

= . . . (69) 

w(p+/+^) = -F/+(i+^)f^-^F„ . (70) 

\ OL / \ aj a 

where 

«=-|^log.(2sin^). . . . (71) 

The quantity cr gives a measure of 
the intensity of the field near P, which 
affects the flow of electrons from P. 
These equations apply, of course, to the 
case in which there are no electrons 
in the space between the electrodes to 
cause a distortion of the field. As far 
as the determination of the screening 
effect of the grid for most practical pur- 
poses is concerned, it is found that 

the presence of the electrons in the space 
usually does not materially influence 
the results. From these equations we can obtain the following 
interesting results: 

Suppose, first, that the grid wires are infinitely thin, so that 
r 

“ is zero. Then a is infinitely large and equation (69) reduces 

to the simple form applicable to two plates without the grid, 
namely, 

47r(ri(p+/) = Vf—Vp (72) 

If, on the other hand, the grid is of finite dimensions, but G 
is connected to P, i.e., Vg — V/, then 

4w2 ( P+/+^) = F/- 7, (73) 

From these two equations it follows that the charge induced on 
P, when the grid is interposed and connected to P, is to the 



o 

o 

Fig. 119. 
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charge induced on F by the same potential on P when there is 
no grid, as 1 is to 

This result expresses the screening effect of the grid in its 
simplest form. 

Another case that is of interest is the relation between the 
stray field acting through the grid when the latter is connected 
to F and the field obtained when grid and plate P are connected 
together, the potential applied to the plate P being the same. 
This is readily obtained by putting Vj,= Vg in equation (69). 
Thus: 

4xcr3(p+/+^) = (l+2)(7,-F,). . . . (74) 
Comparison with equation (73) gives 


1 +2. (75) 

(F2 OC 

What we are interested in when using the tube in an a-c. circuit 
is the relation between the variation in the field produced at F 
by a variation of the grid potential to that produced by an equal 
variation in the potential of the plate, both fields acting at the 
same time. This can be obtained directly as Kingi has done, 
by evaluating the partial derivatives of cr with respect to Vg 
and Vy (equation 69): 


07 / dVy a 


(76) 


Let F be the filament of a vacuum tube. Then, applying the 
usual notation, Vf—Vp=Ey and Vf—Vg=Eg, and substituting 
the value of a from (71), we obtain directly from equation (76): 



1 Loc. cit. 
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When the diameter of the wire is small compared with the distance 
between adjacent wires, ^ is small, and we can write approxi- 
mately: 



Humber of Wires Per Cm. 
Fig 120. 


where 

p = distance between grid and plate; 
a = distance between adjacent grid wires; 
r = radius of grid wire. 

This equation does not give as good results as the empirical 
equation that will be given below (equation 79). But for values 
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of fj. ranging from about 2 to 20, equation (78) can be used for 
designing tubes 'with a sufficiently high degree of accuracy for most 
practical purposes, The extent of the a^eement between cal- 
culated and observed values' is shown in Figs. 120 and 121. The 
points indicate observed values, while the smooth lines represent 
equation (78). Each point represents the average of a number 
of tubes. The deviation at the higher values of g where the wires 
are close together, is inherent in the equation which was derived 
on the assumption that the distance between successive wires 
is large compared to the thickness of the wires. 



On account of the accuracy with which tubes must be designed 
for telephone repeater purposes, the author earned out an e^en- 
sive series of measurements in 1914, to establish an empirical for- 
mula relating the tube constants with its structural parameters. 
The equation which was found to give the best results is. 

n^Cprn^+l, 


where j -j. 

p= distance between plate and gria; 

r= diameter of grid wires; 
n — number of wires per unit length. 
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C is a constant which for the parallel-plane type of tube (see Fig. 
68) has a value of 80. Since this equation is non-dimensional, 
C is independent of the system of units used in expressing the tube 
dimensions and is independent of the size of the tube structure. 
It will be recognized that this equation is the same as equa- 


tion (25a) given on page 46 where d = p and ^ = 



Fig. 122. 


Equation (79) has been determined from measurements made 
on a large number of carefully constructed tubes in which not only 
the quantities given in the equation were varied, but also the 
distance between filament and plate, and the distance between 
filament and grid varied over a wide range. The constant is, 
however, independent of these latter two distances, as the equa- 
tion shows. This is in accordance with Maxwell’s result, which 
also states that the stray field between filament and grid is inde- 
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pendent of the distance between them. (See Equation 75.) Equa- 
tion (79) is more accurate than the theoretical equation (78) and 
therefore has been used by the Western Electric Company for the 
design of substantially all its tubes. The accuracy with which this 
equation holds is shown in Fig. 122, where m- 1 is plotted as a 
function of n, the number of wires per centimeter length of the grid 
for various distances p between grid and plate. The curves are 
computed from equation (79), while the circles and crosses repre- 
sent the observed values of n—l. 

The radius r of the grid wires in these tubes was 1.02X10“^ 
cm. The relation between tx and r is shown in the following 
table, which also contains values to indicate the range over which 
distances of the grid and plate from the filament were varied. 
The agreement between observed and computed values is, as will 

be seen from the table, quite good for values of - ranging to 

about 0.3. The thickest grid wire used in these tubes had a radius 
of 2.54X 10~2 cm. It is usually desirable to use thin wires, nnlpsR 


p+f 

/ 

V 

n 

r 

Amplificatio] 

Observed. 

a Constant ja. 

Calculated, 
(eq. 79) 

.635 

.158 

.475 

5.12 

.0102 

10.8 

11.1 

.635 

.158 

.475 

5.12 1 

.0191 

18.0 

19.0 

,635 

.158 

.475 

5.12 

.0254 

25.8 

26.1 

.318 

.158 

.158 

8.26 

.0102 

8.4 

9.8 

.397 

.158 

.238 

8.26 

.0102 

14.7 

14.5 

.476 

.158 

.317 

8.26 

,0102 

20.2 

18.7 

.566 

.158 

.397 

8.26 

.0102 

23.2 

23.0 

.635 

.158 

,476 

9.84 

.0102 

42.0 

38.5 

.635 

.158 

.476 

6.7 

.0102 

18.1 

18.3 

.635 

.238 

.397 

8,26 

,0102 

24.6 

23.1 

.635 

.317 

.317 

8.26 

.0102 

16.5 

18.6 

.635 

.397 

.238 

8.26 

.0102 

14.0 

14.5 

.635 

.476 

.158 

8.26 

.0102 

11.0 

9.8 

.635 

.158 

.476 

11.4 

.0102 

50.5 

51.5 


p == distance grid and plate in centimeters; 

/ = distance grid and filament in centimeters; 
n== number of wires per centimeter; 
r= radius of grid wire in centimeters. 
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requirements of rigidity necessitate the use of heavy wires, such as 
is the case when the grid is in the form of a helix, supported only 
at the ends, or sometimes even at one end only. 

PCing in the paper referred to above has also given an equation 
for M for the three classes of cylindrical structures shown in Fig. 
123^ His argument applies particularly to the case in which the 
grid wires are parallel to the axis of the structure, but the resulting 



Fig. 123 . 


equation applies almost equally Avell when the grid is a helix. 
The equation is: 


±:27rn^(pp— Pg) 

Pp 

^ 

lOge 


2Trnr 


. . (80) 


where n= number of grid wires per unit length; 
r= radius of grid wires; 

Ppj radii of anode and grid. 

As in the case of parallel-plane structures, p does not depend 
on the distance between filament and grid. The negative sign 
in equation (80) is to be used for the type of tube shown in Fig. 
123C. 

Equation (80; gives a reasonably good agreement with observed 
values of p. With the help of the equations given above, it is 
possible to determine beforehand the tube dimensions required 
to give the desired value of p, 

76. Calculation of Plate Resistance. The plate resistance 
can in general not be determined with such simple equations as 
those which make possible the calculation of p. But in designing 

tubes it is necessary to make the ratio — , where Vp is the plate 

resistance, as large as possible. For any given value of p it is 
therefore desirable to make as small as possible. 
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Now Tj, can be decreased by decreasing the distance p+f 
between jHo/tucTit and plate. On the other hand jx increases with 
increasing distance p between grid and plate, but is independent 
of the distance / between filament and grid. Hence, in order to 
keep M large and Vp small, / should be kept as small as possible, 
i.e., the grid should be close to the filament. 

The plate resistance depends, furthermore, on the size of the 
electrodes. It is within certain limits inversely proportional to 
the area of the anode as well as that of the cathode. It will be 
evident that there are limitations to increasing the area of the 
anode. For example, if the cathode is a single straight filament 
and the anode a plane parallel to the filament, 
there would be a limit to the size of the anode 
beyond which any further increase in its size would 
not contribute appreciably to a reduction in the 
resistance. On the other hand, the resistance can 
be reduced very much by using two plates, one on 
either side of the filament, as is mostly done. If 
the cathode consists of more strands of filament, 
the anode area can, of course, be further increased 
to advantage. 

If the anode is cylindrical, an increase in its 
diameter would increase the distance between fila- 
ment and anode in the same proportion as the 
anode area is increased. Considering a surface 
element of the anode, the resistance is proportional 
to the square of the distance between the cathode 
and the anode element. But for a cyhndrical anode Fm. 124. 
the area can be increased only by increasing the 
radius in the same proportion, so that the resistance increases 
linearly with the area of the anode; or, what is the same thing, it 
increases hnearly with the radius. 

In this connection, we may note an interesting relation between 
cylindrical and paraUel-plate tubes, which was pointed out by 
R. W. King. Suppose a cylindrical structure, having a thin 
filament stretched along the axis of the anode (Fig. 124) be unfurled 
so that the anode becomes a plate having a width equal to 2Trpp, 
Let the filament be replaced by a surface equal to the anode area 
and at a distance pp from it. Assuming the cathode to be an 
equi-potential surface, the space current per unit area pf the 
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paralbl plane structure is given by equation (9) Chapter I Vo 
Hence the current for this tube is given by 


7=2.33X10-6' 


2TrpplE^^^ 


Pv 


where I is length of the structure (perpendicular to the paper). 
That is 

7 = 14.65X10-®— 

Pp 


This is the same equation that applies to the cylindrical tube 
(see equation (14), page 60). The two structures, therefore, give 
the same space current. 

As regards the effect of the area of the cathode, there are also 
certain hmitations. If the area of the cathode be increased by 
increasing its diameter, the resistance will not be redqced propor- 
tionately because of the density of the space charge of the electrons 
in the neighborhood of the filament. The total saturation current 
will, of course, be greater, but will only be obtained at a higher 
voltage. The better way to increase the area of the cathode is to 
increase its length. However, this generally means an increase 
in the voltage drop in the filament, due to the heating current, and 
this in itself increases the plate resistance, due to the limitation 
of the current by the filament voltage. (See Fig. 20, page 61.) 

King has also derived equations for the space current as a 
function of the structural parameters for both cylindrical and 
parallel-plane structures, on the assumption that the current can 
be taken to vary as the f-power of the effective voltage. Since 


Ev 

the effective voltage --{-Eg is generally not large compared with 


the voltage drop in the filament, the limitation of space current 
by the latter must be taken into account, in which case the current 
wiU be governed by equations (18) and (19) of Chapter IV. 
If the voltage drop in the filament be neglected the computed cur- 
rent will in general be considerably larger than the observed cur- 
rent. 

77. Types of Thermionic Amplifiers. The number of different 
types of thermionic tubes now in use has become so large that no 
attempt will be made to describe or even mention aU. The purpose 
in describing any is merely to give the reader a quantitative idea 
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of characteristics of tubes used in practice. At the outset it may 
be stated that tubes are used ranging from a type that consumes for 
its operation a small fraction of a watt, to types that give several 
thousand watts' output in the form of alternating current. This 
widely varying range is occasioned by the widely differing condi*^ 
tions to be satisfied, depending on the purpose for which the tube is 
to be used. If the tube is to operate as an amplifier with the tele- 
phone receiver connected directly in its output circuit, the output 
power necessary need not be more than a very small fraction of a 
watt one millionth of a watt is quite suflS.cient to give a very loud 
tone in most well-constructed receivers. If, on the other hand, 
the tube is to be used as a telephone repeater, inserted at a point 
on the telephone line about midway between the sending and re- 
ceiving stations, the tube must give a sufficient amount of power 
to give clearly audible speech in the receiver after the telephone 
currents have been attenuated by the line between the repeater 
and the receiver. Then, again, if the tube is used to amplify 
modulated high-frequency oscillations, for example, before being 
impressed on an antenna for radio transmission, it must obviously 
be capable of giving a much larger output power, the magnitude 
of which depends upon the distance over which transmission is to 
take place, and can range all the way up to several kilowatts. 
When the necessary power is too large to be handled by one tube, 
a number of tubes can be used in parallel. 

In designing tubes for amplification purposes several factors 
have to be taken into consideration. It is, for example, necessary 
to consider the output power that is necessary. To obtain best 
operation the plate resistance of the tube should be made equal 
to the impedance into which the tube works. If this is not possi- 
ble or desirable from the point of view of tube construction, 
a transformer could be used in the output circuit to match the 
tube resistance on the one side and the line impedance or the imped- 
ance of the recording apparatus on the other. It is also possible 
to use two or more tubes in parallel, thus reducing the total plate 
resistance. Referring to equation (31) it will be seen that the 
output depends also upon the input voltage eg and the amplifica- 
tion constant yx. The input voltage must be kept within the limits 
defined by equations (24) and (25). Furthermore, fi and the plate 
resistance must be so chosen that the amplification has the 
desired value. This is usually as large as possible. 
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There are thus a number of requirements to be satisfied and thoy 
differ with different operating conditions. The following tubes 
represent a few standard types. The tube characteristics a.re 
specified sufficiently fully by giving the value of jit, the filamexiti 
constants, the relation between plate current and plate voltage. 



Fig. 125. 

and the relation between plate resistance and plate volta>go, 

over a range of operating plate voltages. The slope — of -tho 

plate current-grid potential characteristic can then be obtainod 
directly from the known values of and Vp. 

The tube shown in Fig 68, page 146 represents a modern typo 
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of telephone repeater manufactured by the Western Electric 
Company and used on the lines of the Bell Telephone System. 
The overall length of the tube and base is about 4 inches. The 
plates are of nickel and their edges are turned up to prevent warp- 
ing due to the high temperature to which they rise when bom- 



barded by the electrons during the process of evacuation. It 
contains an oxide-coated platinum filament operating on a normal 
filament current 1.3 amperes, the voltage being 7 volts. When 
operated as a telephone repeater the d-c. plate voltage is 160 
volts, and the grid is maintained negative with respect to the 
filament by a battery of 9 volts. The characteristics are shown 



240 


THERMIONIC VACUUM TUBE 



in Fig. 125. The plate resistance is shown here and in the follow- 
ing curves as a function of the plate potential, the grid potential 
being zero. To obtain the plate resistance for any grid potential 
other than zero, all that is necessary is to add ixEg to the plate 
potential and read the resistance from the curve at the value of 
plate potential equal to the value so obtained. Thus, since jj, 
is about 5.6, the plate resistance at a plate potential Ep= 160, 
and grid potential Eg— —9 is that corresponding to an abscissa 
of 160—9X5.6 = 100 volts, namely, 5000 
ohms. The minimum amplification required 
of this tube is 25 miles of standard cable, 
which corresponds to a power amplifica- 
tion of 230. (See table on page 219.) 
The logarithmic plot of this tube's charac- 
teristic is shown in Fig. 126. The slope 
of the line is close to 2, indicating a parabolic 
relation between current and voltage over 
the operating range. 

Fig. 127 shows a type of tube, com- 
monly known as the VT-1, that is suitable 
for use either as detector or amplifier and is 
designed to operate on a plate voltage of 
about 30 volts when dehvering power 
directly to a telephone receiver. Its operat- 
Fig. 127.— Western Elec- ing filament current and voltage are 1.1 
trie Receiving Tube, amperes and 2.5 volts, and its amplifica- 
Length, 10 cms. constant is 6. Its other characteristics 

are shown in Fig. 128. The logarithmic plot of the charac- 
teristic is shown in Fig. 129. The slope of this line is also 
close to 2. The minimum amplification at 30 volts on the 
plate is 24 miles of standard cable. This tube was manu- 
factured by the Western Electric Company for use as an aero- 
plane radio receiver. The aeroplane radio transmitter tube 
resembles in its structural features the one shown in Fig. 68 
but was designed to operate on plate voltages ranging from 275 
to 350 volts instead of 160 volts, the voltage of the telephone 
repeater. The evident rugged construction of these tubes was 
found necessary to enable them to withstand the rather severe 
vibration to which they are subjected on an aeroplane. In the case 
of the receiver tube (Fig. 127) the filament, plate and grid are sup- 
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ported from the top by means of a block of lavite. The lowei 
part of the plate forms a collar which fits tightly round the re- 
entrant tube. The double plates and grids are each stamped in 
one piece from sheet metal, thus facihtating quantity production. 

A tube of simple construction manufactured by the General 
Electric Company is shown in Fig. 130. The anode consists of a 
nickel cup about inch in diameter and inch high^ and is 



placed over the grid and filament. The grid is in the form of a 
helix enclosing the filament which is likewise helical and consists 
of tungsten wire. 

In one type of tube of this construction the normal operating 
filament current is 1.1 amperes and the filament voltage 3.6 volts. 
The amplification produced by the tube is equivalent to about 
20 miles of standard cable. 

Tubes that are used as amplifiers and radio detectors and in- 


242 


THERMIONIC VACUUM TUBE 


tended to deliver power directly to a telephone receiver neod 
be capable of handling more power than is necessary to 
the receiver and in most cases this corresponds to a ‘very 
plate current. This makes it unnecessary and undesir^Tol^ to 



dissipate more than a fraction of a watt in heating the fila^raent , 
The desirability of reducing the power necessary for heating the 
filament is apparent. A tube in which this has been done is shown 
in Fig. 131. The filament is of the oxide-coated type, 2 x 10"“'^ 
inch in diameter and is designed to operate on one dry cell the 
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operating voltage ranging from 1.0 to 1.5 volts with a normal 
filament current of about 0.2 ampere. The normal power dis- 
sipated in the filament is therefore about one-quarter of a watt 
This tube is a good detector and gives about 20 miles amplification 
with a plate voltage of about 30 volts. It was designed not only 
for the purpose of reducing as 
much as possible the power con- 
sumption in the filament, but 
also to facilitate the construc- 
tion. The four stout wires 
which connect to the electrodes, 
are moulded in a glass bead 11, 
or other insulating substance. 

This forms a unit on which the 
rest of the structure is built. 

The grid is sufficiently rigid to 
be supported only from the 
lower end. The plate is likewise 
supported by a single wire going 
through the glass bead. This 
means of supporting gives a 
sufficiently rugged structure on 
account of its small size and 
light weight. The structure 
thus mounted on the bead 11 
is inserted into a tube, the 
lower end of which is pressed, 

as shown at 2, Fig. 131, thl^ 130.-General Electric type 

making an air-tight seal. This Receiving Tube. Length: lOcms. 
method of constructing the tube 
eliminates the making of flares and presses. 

Another type of tube of simple construction is shown in 
Fig. 132. This drawing was made from one of several tubes 
designed and used by the author in his work on vacuum tubes, 
about six years ago. The same type was subsequently developed 
in Europe and used extensively in military operations during the 
war. The simplicity of construction of this tube lies in the hori- 
zontal mounting of the electrodes. 

Turning now to a consideration of the high-power type of 
tube, it must be noted that this type of tube belongs to a class 
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that is entirely different from the small types discussed above, 
and presents problems that make its construction more difficult. 
For example, on account of the large amount of power dissipated 
in such a tube, the electrodes and walls of the vessel must be more 
thoroughly freed of gas during evacuation than is required of the 
low-power tj’pe of tube. The heating of the plates during operation 



account of their low vapor pressure, the refractory metals such as 
tungsten and molybdenum are very suitable materials for use in 
high-power tubes. Tungsten can, for example, be heated during 
evacuation to about 2500° K. to drive out occluded gases, while 
during oi>eration the tungsten anodes can safely rise to a tempera- 
ture of about 1500° K., thus making it possible to use a smallpr 
anode area than is necessary when less refractory metals are used as 
anodes. On the other hand, high-power tubes that are to operate 
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on comparatively low plate voltages often require so much fila- 
ment that when the filament strands are properly spaced and 
supported in a mechanically convenient 
manner, they occupy a surface which 
is so large as to necessitate a large 
plate area. It is also necessar 3 ", in de- 
signing power tubes, to consider the 
size of the bulb and make it large enough 
to prevent overheating of the glass. 

The radiating area of the glass bulb, 
expressed in square inches, should be at 
least equal to the number of watts dis- 
sipated inside the bulb. 

Fig. 133 shows a type of povrer tube 
that was used in 1915 by the American 
Telephone & Telegraph Company^ and 
the Western Electric Company’' to trans- 
mit speech from Arlington, Va., U. S. A., 
to Paris and to Honolulu, a distance in 
the latter case of about 5000 miles. 

The anode, it w^iU be obser\’'ed, consists 
of metallic ribbon so arranged on glass 
frames that it can be heated during 
evacuation by passing a current through 
it. This is of considerable help in driv- 
ing out occluded gases. A glass frame 
situated midway between the frames on 
which the anodes are moimted serves to 
support the grid and filament. 

A General Electric Company type of 
tube which also enables the anode to be 
heated by^ passing a current through it is 
shown in Fig. 134.^ Here the anode con- 
sists of tungsten wire stretched back and 
forth on a glass frame. The grid consists 
of fine tungsten 'wire wrapped around 
another glass frame. 

A type of power tube of British design is shown in Fig. 135. 
The electrodes are supported, as indicated, by springs fitting 
^ I. Langmuir, General Electric Review, Vol. 18, p. 335, 1915. 


Fig. 133. — Western Elec- 
tric Type Power Tube, 
used in early Long- 
distance Radio-phone 
Experiments. Length: 
30 cms. 



246 


THERMIONIC VACUUM TUBE 


tightly in the side elongations of the bulb. This type of tube ope- 
rates on a plate voltage of several thousand volts. 

A high-voltage tube of more rugged construction is the General 
Electric type shown in Fig. 136. The anodes are stout tungsten 
plates, about 2X2^ inches, and the grid consists of fine tungsten 
wire WTapped around a molybdenum frame, thus encasing the 
filament. This tube operates normally on about 1500-2000 volts, 
and is capable of delivering several hundred watts a-c. output, 
the space current ranging from 150 to 250 milliamperes. 

The power obtainable from a tube can be greatly increased 
by designing the tube to operate on high voltages. This, however, 
requires ordinarily a d-c. source of high voltage. This can be 



obtained either by using a valve rectifying system, as explained in 
Chapter VI, or by using d-c. generators. Such sources of high volt- 
age, direct current are usually not efficient. But the power obtain- 
able from a tube can, of course, also be increased by increasing 
the space current; that is, by increasing the area of the cathode 
or its thermionic efficiency. (See page 78.) The coated type of 
cathode has a high thermionic efficiency and therefore lends itself 
well to the construction of high-power, low-voltage tubes. Such 
a tube is showm in Fig. 137. This tube is capable of giving an 
a-c. output of several hundred watts when operating on a plate 
voltage of only about 700-1000 volts. 

In order to avoid usmg large containers, we can use cooling 
means to carry off the heat dissipated at the anode, instead of de- 
pending only on radiation. Cooling can be effected in several 
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ways: The device can, for example, be immersed in a liquid bath 
or a blast of air can be d rected against it. Or the anode can 
so constructed that it can be cooled by water circulation. 
Western Electric type of tube in which this is done is shown 
Fig. 138. The anode consists of a metal tube about hf^lf an inch 



Fig. 135. — ^British Type Power Tube. 


in diameter. The bottom of this tube is closed and the top sealed 
hermetically to the re-entrant glass tube, thus allowing water to be 
circulated inside of it. The grid forms a helix round the anode, 
and the cathode consists of a number of filaments arranged outside 
the grid to form a cylindrical system concentric with the grid 
and anode. Tubes of this type have been made to dissipate 
several kilowatts. 
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Other means have been used for preventing the power dis- 
sipation at the anode from raising its temperature too high. One 
way is to make the area of the anode as large as possible, but to 
this there are limitations. For examole, increasing the area of 


Fig. 136. — General Electric Type 
Power Tube. 


Fig. 137. — ^Western Electric Type 
Power Tube. Length: 30 cms. 


a cylindrical anode by increasing its diameter causes an increase 
in the resistance of the tube. This is avoided in a ty’pe of tube 
of General Electric design. The anode is shaped in the form of 
a cylinder having four radial flanges, which help to increase the 
radiating area. 
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An obvious way of keeping the temperature of the anode low 
IS to increase its thermal ernissivity by blackening its surface. 
(Equation 23, Chapter IV.) 

78. Amplification Circuits. A great variety of circuit arrange- 
ments have been devised in which the thermionic tul>e can be 
operated as an amplifier. We shall, however, discuss only a few 



types of circuits for the purpose of illustrating the points that 
must be considered in designing efficient circuits. The necessari- 
considerations follow directly from the theoretical discussions in 
the foregoing. For example, it was shown that the current in the 
circuit can be controlled by potential variations impressed on the 
grid. It is, therefore, necessaiy- to make the potential varia- 
tions impressed on the grid as large as oossible. For this 



250 


THERMIONIC VACUUM TUBE 


purpose the step-up transforruer Ti (Fig. 139) is inserted in the 
input circuit. The secondary of this transformer should be wound 
to have the highest possible impedance. The input transformers 
that are used in connection with telephone repeater tubes on the 
Bell telephone lines, have a secondary impedance of 600,000 ohms 
at a frequency of 800 cycles per second. It is desirable to shunt 
the secondary of the input transformer with a resistance Va about 
equal to the secondary impedance. The output transformer T 2 
is so wound that the tube works into an impedance equal to its 
plate resistance, the secondary impedance of To being equal to the 
impedance of the line or device to which energy is delivered. If 
the line impedance is equal to the plate resistance of the tube, this 
transformer can be omitted. The choke coil L and condenser C 



are inserted if the direct current established in the plate circuit 
by the battery Eb is too large to pass directly through the winding 
of the output transformer without causing undue heating of its 
coils. The grid is maintained at a negative potential, with respect 
to the filament, by the battery Eg, which should be so adjusted 
with respect to the plate voltage, the constants of the tube, and 
the peak value of the input voltage that the limit equations 
(24) and (25) are satisfied. 

Instead of using a separate grid battery, the grid can be 
maintained negative with respect to the filament by making use 
of the voltage drop in the filament rheostat. The arrangement 
is shown in Fig. 140. In this case the plate circuit is connected 
to the positive terminal of the filament battery, thus increasing 
the potential difference between the filament and plate by an 
amount equal to the voltage of the filament battery. This is 
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SOTaetimes desirable since the amplification increases with the 
plate voltage. 

It was shown in Chapter III, that there exists an intrinsic 
potential difference between the filament and grid, the value of 
which depends largely upon the nature of the surfaces of these 
electrodes. This quantity was designated in the equations by 
e. Now, € can be either positive or negative, and is seldom 
greater than 1 volt. If it is negative, the grid will be intrinsically 
at a negative potential with respect to the filament. If this is 
the case and the alternating input voltage is small no extra pro- 
vision need be made to keep the grid negative. If € is very small 
or has a positive value, the grid battery should be inserted or a 
scheme can be resorted to which is illustrated in Fig. 141 and for 



which I am indebted to my associate Mr. R. H. Wilson.^ The 
scheme consists essentially in the addition of a resistance r in the 
d-c. branch of the output circuit. A positive value of e causes 
electrons to be attracted to the grid and this results in a decrease 
in amphfication due to a reduction in the effective alternating 
grid voltage, as explained on page 167. But a positive value of e 
also increases the direct-plate current. This increases the voltage 
drop in the resistance t which consequently makes the grid more 
negative with respect to the filament. The more negative e. is, 
the smaller will be the space current flowing in r and this tends to 
decrease the negative potential on the grid. In this way the 
circuit tends to effect a balance, so that tubes having different 
values of e will not, when used in this circuit, give uddely va^dng 
degrees of amplification. It will be recognized that there is an 
optimum value for the resistance r, because if r be made too large 
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the voltage drop in it would make the grid so much negative with 
respect to the filament and consequently the impedance of the 
tube so high that the amplification drops. 

The effect of the resistance is illustrated in the following table, 
which gives the amplification in miles of standard cable obtained 
from a number of tubes having different values of 6. The best 
value of resistance according to this table is about 1000 ohms. 


Amplification in Miles of Standard Cable. 



o 

II 

i r=400 

r=800 

r = 1200 

r = 2000 

r=4000 

+0.16 

16 

22 

24 

24 

25 

! 24 
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14 

20 

24 

25 

25 

24 

-0.13 

14 

22 

26 

26 

26 

24 

-0.S5 

21 

21 

21 

21 

20 

19 

-0.69 

22 

21 

21 

21 

20 

18 

-0.27 

24 ! 

24 

24 

23 

23 

22 


Tubes are frequently used in cascade formation to secure 
higher amplification in the so-called multi-stage amplifier sets. 
There are numerous circuit arrangements whereby this can be 



done. Fig. 142 shows a two-stage set in which the first tube is 
operated as a voltage amplifier. The inductance L has an imped- 
ance which is large compared with the plate resistance of the first 
tube, thus permitting the largest possible voltage amplification. 
It was shown in Section 62 that if Lw is twice as large as the plate 



THE THERMIONIC AMPLIFIER 


253 


resistance of the tube to which it is connected, the voltage ampli- 
fication is about 90 per cent of its maximum value pi. If, however, 
L is a practically pure reactance, it is desirable to make it more 
than twice as large as the plate resistance, in order to make the 
phase difference between grid and plate potentials as near as 180® 
as possible, thereby straightening out the tube characteristic ant! 
minimizing distortion. (See Section 59.) The circuit shown 
in Fig. 142 is so arranged that both tubes can be operated from 
the same plate battery. The grids can be maintained negative 
with respect to their adjacent fiilaments by means of grid batteries 
(not showm) or by connecting them to convenient points on the 



filament rheostat R/. The resistance r should be large, preferably 
of the order of one or two megohms, and merely serves the pur- 
pose of maintaining the grid of the second tube at the desired d-c. 
potential. 

Instead of using the inductance L and condenser C, a step-up 
transformer can be inserted betw^een the tubes, as shown in 
Fig. 143. When this is done both tubes should be operated as 
power amplifiers (see page 184). The primary impedance of the 
inter-tube transformer should therefore be equal to the plate 
resistance of the first tube and its secondar>^ should be wound to 
impress the highest possible voltage on the grid of the second tube. 

The thermionic tube makes it possible to obtain high degrees 
of amplification with non-inductive circuits by means of an 
arrangement suggested by H. D. Arnold.^ Fig. 144 shows a 
1 U. S. Patent 1129943, 1915. 
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non-inductive amplifier. Instead of the inductance L a non- 
inductive resistance r is used. If the grid battery Eg were 
omitted the grid of tube B would be at the sanae potential as the 
plate of tube A. The grid of B would therefore be positive with 
respect to its filament by an amount equal to the potential differ- 
ence between filament and plate of tube A. To avoid this the 
negative voltage Eg is applied to the second grid to give it the 
appropriate negative potential with respect to its filament. 

This non-inductive tjrpe of amplification circuit is a very 
important contribution made possible by the thermionic tube, 
because it enables us to produce almost any degree of amplification 
without the use of transformers. In many instances transformers 
are undesirable. This is, for example, the case when dealing with 



Fig. 144. 


currents of very low frequency, such as are used on telegraph fines 
and especially on submarine telegraph cables. Transformers for 
such frequencies are unpractical, being costly and inefficient. 
Besides, they distort the wave form which it is very desirable to 
preserve. Even when dealing with currents of frequencies cov- 
ering the audible range, transformers produce distortion which in 
some cases is very serious. This can, for example, happen m 
the transmission of music. When speech is transmitted through 
a system having a transmission band ranging from a few hundred 
to about 2000 cycles per second, the speech is still perfectly 
intelligible and, in fact, a smaller frequency range often suf- 
fices. Transformers that are used on telephone lines have a fairly 
flat frequency characteristic and are very satisfactory for speech 
transmission. But for the transmission of music a much wider 
range of frequencies is necessary. It is known that to preserve 
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the quality of many musical tones, the system must be capable 
of transmitting with equal facility frequencies ranging up to 
several thousand cycles per second. In all such cases the non- 
inductive amplification circuit is of value. Care must, of course, 
be taken to eliminate the distortion produced by the curvature of 
the characteristic of the tube itself. 

In ordinary circuits, such as that shown in Fig. 139, trans- 
formers and coils are used for convenience to serve definite pur- 
poses. The output transformer T 2 is, for example, inserted to 
match the impedance of the line or device into 'which the tulw 
works with the impedance of the tube. This secures maximum 
power ampKfication. The input transformer likewise matches tlie 
impedances and has a very high secondary impedance because of 
the high input impedance of the tube. Referring to equation (3^1) 
(page 188), it will be noticed that the powder amplification ti is 
directly proportional to the input resistance Vg, Hence, if the tulx; 
is to amplify currents from a low impedance line and the input 
transformer Ti were omitted, the amplification would be very 
small. To overcome this Arnold suggested using voltage ampli- 
fier tubes to step up the input voltage. These tubes then fecxl 
into tubes having an impedance sufficiently low to be connected 
directly to the output circuit. This can be done by designing 
tubes to have a low plate resistance or using a number of tubes in 
parallel. 

Telephone transformers that are commonly used on the 
input side of vacuum tubes have voltage step-up ratios ranging 
from about 18 to 40. Voltage amplifier tubes having an ampli- 
fication constant At=40 are commonly used. It follow’s from 
equation 28, page 183) that if the resistance r (Fig. 144) is made 
five times as large as the plate resistance rp of the tube A, the 
voltage amplification produced by this tube is 33. It can, there- 
fore, take the place of the input transformer. The voltage can, 
of course, be ampUfied still more by increasing the number of 
tubes in the cascade series. 

Fig. 144 shows the filaments connected m parallel to a common 
battery. They can, of course, also be operated in series from a 
common battery. Which ever is the more desirable depends upon 
the filament battery available. Both arrangements are used 
where tubes are operated in parallel to give increased output. 
But when the filaments are connected in series and the grids in 
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parallel, provision must be made to counteract the difference in 
potential between the successive grids and filaments, due to the 
voltage drop in the preceding filaments. This is done by the inser- 
tion of appropriate grid batteries. 

In designing multi-stage amplifier circuits, it is very important 
to make sure that all the tubes operate in accordance with the 
limit equations (24) and (25). In all cases the voltages impressed 
on the inputs of the tubes must be as high as possible, irrespective 
of what the input power may be, because the power developed 
in the output depends primarily on the input voltage. Now, when 
using a tube as a voltage amplifier it must be designed to have a 
large amplification constant ix. This, according to equation (27) 
produces a large voltage amplification. But, referring to equation 
(25), it is seen that the larger the value of fx the smaller is the input 
voltage eg that can for constant plate battery voltage Eb be 
impressed on the input without causing distortion. When it is 
necessary to use a multi-stage amplifier set the input voltage on 
the first tube is generally so small that jx for the first tube can be 


Eb 

quite high and the plate voltage not large, because — need not 

be larger than about 2eg, where Eb is the voltage of the plate 
battery. But the voltage impressed on the second tube after 
being amplified by the first tube is then very much larger and the 
second tube must be capable of handling this increased voltage. 
If the first tube, operating on a definite plate battery, is just capable 
of handling the voltage impressed on its input, then, in order to 
handle the amplified voltage, the second tube must be designed 
to have a lower jx or otherwise must operate on a higher plate 
voltage than the first, so that it operates on a characteristic having 
a larger intercept on the axis of grid potential. (See Fig. 74, 
page 152.) This often necessitates heating the filament of the 
second tube to a higher temperature to increase the range of the 
characteristic. Such considerations show the important part 
played by the structural parameters of the tube. In some multi- 
stage amplifier sets it is possible to use several like tubes in series 
operating on the same plate voltage; that is, when the input volt- 
age is much smaller than the limiting voltage that the first tube can 
handle. For example, if the amplification constant /x is 40, and 
the plate voltage is 120 volts, the intercept of the IpEg-cmrve is 
equivalent to 3 volts. If j5^=1.3 volts, the input voltage can 
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therefore have a maximum value of about 1.5 volts, since the grid 
can generally be allowed to become slightly positive. If this is 
the input voltage on the first tube, the succeeding tuk\s must 
have lower amplification constants or must operate with higher 
plate voltages. But if the input voltage on the first tul>e is, say, 
5X10“^ volt, it can be amphfied 30,000 times before it becomes 
too large to be handled by this t\T>e of tube operating under the 
conditions specified above. If each tube with )u = 40 operates with 
an external resistance equal to four times its plate resistance, 
it produces a voltage amplification of 32. It would therefore take 
three such tubes in series to produce a voltage amplification of 
30,000, and all three tubes can operate under the txlxyve conditions. 

It may be remarked that if a is the voltage amplification 
produced by one tube, the total ampUfication A produced by n 
tubes is A=a”. 

Instead of using a large number of tubes in cascade to produce 
a high degree of amplification, use could be made of a ‘'fecni-back ” 
arrangement, due to R. V. L. Hartley,^ which is of special advan- 
tage when large amplification is to be produced with a few tubes 
in a non-inductive circuit. It will be e\ddent that in any ampli- 
fying system the power developed in the output, which is larger 
than that in the input, can be greatly increased b}" feeding a small 
portion of the energy in the output back to the input, thus ream- 
plifying that portion. This increases the output power and also 
the portion fed back to the input, and in this way the original 
input power can be amplified to almost any desired extent depend- 
ing on the portion fed back and the limits of the tube characteristic. 

Thus, suppose unit power be applied to the input of an ampli- 
fying system, the normal amplification of which is a-fold. The 
power in the output is then a. Let a fraction s of the output 
power be fed back to the input, so that the power returning to 
the input is as. The portion remaining is a (1—s). The fraction 
as amphfied again into the output becomes a^s. Of this, a portion 
ahXs = a^s^ is again fed back to the input, leaving aV = a% 
(1— s) available in the output. This process is repeated and we 
get in the output an amount of power given by the sum of a series 
of which the (n+1)^^ term is a(l— s)aV. Thus, if .4 is the total 
output power: 

A = a(l — a)vl+us-f-a^s^+ . . . . . . ). 

^ R. V. L. Hartley, U. S. Patent, 1218650. 
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If the fraction as is less than unity the series is convergent, its sum 

being — — , so that the total output power becomes: 

1 -as 

1 — as ' 

and the total amplification produced is 

_A_ 1—s 
a 1 — as' 

Since as<l and a is usually large compared with unity for any 
good amplifier, it follows that s can be neglected in comparison 
with unity. The amplification n can therefore be made large by 
m akin g as nearly equal to unity. 

If as should be equal to or greater than unity, the above series 
becomes divergent and the output power increases without limit 
until checked by some cause determined by the nature of the cir- 
cuit characteristic. The output power becomes independent of 
the original input; in other words, the system produces self- 
sustaining oscillations. If an inductive circuit is used, it may 
happen that as becomes greater than unity for one or more fre- 
quencies, depending upon the impedance and phase relations in 
the circuit, with the result that the system oscillates at these 
frequencies. 

Hence, in order to use this scheme for amplifying currents 
covering a wide range of frequencies, such as telephonic currents, 
without producing sustained oscillations, it is advisable to use 
a non-inductive circuit. Such a circuit is shown in Fig. 145. 
The input voltage is impressed across the resistance Ri and the 
grid of tube A is maintained negative in the usual way by the 
battery Eg. In the circuit as shown here the plate batteries Eb 
are connected between the plates and the output resistances 
R 2 and Rz. In this case, therefore, in contrast to Fig. 144, the 
succeeding grids tend to become too much negative due to the 
direct space currents in R 2 and Rz. They can become so 
much negative with respect to their filaments that they may choke 
down the space currents. It is therefore necessary to insert the 
grid batteries E\ so poled as to reduce the negative potentials 
of the grids to the values necessary for satisfactory operation. 
The plate currents pass through the resistances £ 2 , Rs to the 
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common point of the circuit, which may be grounded. The 
alternating plate current of the third tube C, which may sep- 
arated from the d-c. by a condenser, passes through the recording 
device S which the system is supposed to operate and through part 
of the resistance R 2 to the common point. 

Consider the half period during which current in i?i flows in 
the direction of the arrow. This makes the grid of the tulie A less 
negative with respect to its filament. The output electron current 
in R 2 therefore increases in the direction of the arrow. This 
makes the grid of B more negative with respect to its filament, 
so that the space current inB decreases, or increases in the direction 
of the arrow in Rz. The space currents in successive tubes are 
therefore 180® out of phase. The current in the third tube flowing 



Fig. 145 . 


through 8 is in phase with the current in ]? 2 , and since it must 
flow through part of R 2 the potential of the grid of B is increased 
over that occasioned by the space current in tube A. It will 
apparent that in order to have the phase relations right , the output 
of one tube must be returned to the input of the premiirig iuM 
or one of the alternate preceding tubes. The amount of energy 
fed back can be controlled by varying the part of the resistance R2 
through which the feed-back current flows. 

It may be remarked that the circuit needs careful adjustment 
to secure markedly increased amplification without making the 
system *‘sing,” or produce sustained oscillations. If an inductive 
circuit is used the energy fed back can be controlled easily !)y 
varying the coupling between the output and input coils. In 


260 


THERMIONIC VACUUM TUBE 


this case the phase relations can be so controlled that part of 
the output of a tube can be returned in proper phase to its own 
input. We have then simply the case of the ordinary “ feed-back 
circuit ” which is extensively used in radio reception. 

Multi-stage amplifiers frequently have a tendency to sing. 
One way of preventing this is to feed part of the output energy 
back to the input in opposite phase. 

The phase relations in a multi-stage amplifier set furnish a 
means for obtaining distortionless amplification. To illustrate 
this, let us consider the non-inductive two-stage amplifier shown in 
Fig. 144, and let us suppose that the two tubes A and B are alike. 
Suppose also that the resistances r and ro are equal. If a sinu- 
soidal voltage e be impressed on the grid of tube A the output 
current flowing through r will not be sinusoidal unless r is large. 
It was explained in Section 58 that if the external resistance is 
equal to or greater than the plate resistance of the tube, the 
characteristic of the circuit becomes nearly linear and therefore 
nearly distortionless. The little distortion produced by the 
characteristic being not quite linear, or even the marked dis- 
tortion produced when r is small, can be further reduced by using 
an even stage amplifier circuit. Thus, assuming that the char- 
acteristic is curved, if the voltage e\ impressed on the input circuit 
is sinusoidal, then the voltage 62 impressed on the second tube 
by the varying current flowing in r will be lopsided, as shown by 
the curve hV of Fig. 83, page 167. That is, when the grid of A 
becomes less negative with respect to its filament, a greater increase 
in electron current is produced in r in the direction of the arrow 
than the decrease occasioned by the grid of A becoming more 
negative with respect to its filament. The potential impressed 
on the grid of tube B is therefore lopsided, but it is 180° out of 
phase with the potential on the grid of A. The increase in poten- 
tial of grid B is therefore smaller than the decrease and hence if 
the characteristic of tube B is likewise curved, the current in its 
output resistance ro will be nearly sinusoidal. It is obvious that 
distortion can be reduced by this means only if the circuit contains 
an even number of tubes. 

When the circuit is inductive, the phase relations are, of course 
not so simple. In such cases it is best to make the inductances 
in the output circuits of the tubes sufficiently large to straighten 
out the characteristic to the desired extent. If it is necessary 
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to use a low impedance in the output circuit, distortion can Im 
reduced by means of the '' push-pull’’ circuit of E. H. Colpitts, 
shown in Fig. 146, It is supposed that the output circuit must 
be connected to a device of low impedance in which casc^ the dis- 
tortion produced when a simple circuit is used may be considerable. 
The way in which the push-pull ” circuit eliminates the distor- 
tion can be understood by referring to Fig. 83. The sha|x^ of the 
output current wave in the plate circuit of the tul>e (Fig. 146) 
is given by the cur\^e 66' (Fig. 83). In passing through the 
transformer it is resolved into the fundamental ee and the har- 
monic ff. The wave shape of the current in tube B is like that of 



Fig. 146. 


Aj except that, since the potentials on the grids of the two tubes 
are 180° out of phase, the fundamental currents ee in the two- 
plate circuits will differ by 180°, -while the harmonics // will in 
phase. It will therefore be seen, by referring to the currcuit 
directions in Fig. 146, that the fundamentals will be additive in 
effect, while the harmonics will neutralize each other. 

This circuit can also be used to cut out the fundamental and 
transmit only the harmonics, by reversing the primary" coil of 
the output transformer of one of the tubes. This w^as suggested 
by J. R. Carson, for the purpose of modulation. 

It will be apparent that a circuit like that showm in Fig. 146 
requires that the two tubes be alike in their characteristics. 

Fig. 147 shows an arrangement w’hereby the filaments and 
plates of a two-stage amplifier can all be operated from a single 
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source of voltage. This circuit arrangement is of advantage when 
only one source of voltage is availablej such as, for example, the 
standard city mains of 110 or 220 volts direct current. The con- 
densers Cl and Co are inserted to by-pass the alternating currents 
in the plate circuits in case the sections of the resistance R between 
the positive terminal of the voltage supply and the point connecting 
the plate, should become so large as to cause an undesirable waste 
of a-c. p)Ower in the plate circuit of the tube. 

All the amplification circuits discussed thus far are unilateral; 
that is, they transmit and amplify currents in one direction only. 
For most purposes unilateral circuits are all that are needed, but 
for amplification of currents on telephone lines the amplifier must 



be capable of transmitting and amplifying currents in both direc- 
tions, so that two-way conversations can be carried on over the line. 
The circuit that is commonly used in telephone practice, using 
thermionic tubes as amplifiers, is shown in Fig. 148.^ It is 
known the 22-type circuit (tu^o-way, tif;o-repeater type). The 
principle of this type of repeater circuit was disclosed by W. L. 
Richards, in 1895.^ As applied to thermionic amplifiers, it has 
been in use on the lines of the Bell Telephone System since 1913. 
The principle consists in balancing each of the two lines against 
an artificial line or balancing network having an impedance equal 

^ B. Gherardi and F. B. Je^titt, Proc. A.I.E.E., Nov., 1919, p, 1297. 
Tlie is referred to this paper for information on the use of repeaters on 

long distance telephone lin^. 

* W. L. Richaros, U. S. Patent 542657, 1895. 
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to that of the line. The purpose of the balancing network can lie 
understood from the following: The currents coming from Line If, 
for example, are branched off at Pi, thus furnishing the input to 
tube Ej the amphfied output of w’hich is obtained in the output 
transformer Ti. Similarly the amplified currents from line E 
pass through the output transformer P2- Now, if the system 
into which transformer Pi, for example, feais were not symmetrical 
with respect to the points P2, the amplified current in Ti wrould 
cause an increased input to be impressed on tube W; this in turn 
increases the input on tube E, and the system would produce sus- 
tained oscillations, or “sing.” This is prevented by iiiaking 



the impedance of the balancing netw^ork equal to that of the 
line to which it is connected, thus making the potentials of the 
points Pi and P2 independent of the currents in the corresponding 
output coils T2 and Pi. This, of course, results in a division of 
the amplified output power, one-half becoming available and the 
other half being wasted in the balancing netw’ork. 

In a system like this the degree of amplification obtainable 
without impairing the quality of transmission depends largely 
on the accuracy with which the lines can be balanced. 

Two-way transmission can also be secured with a single 
repeater, by means of a circuit arrangement such as that showm in 
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Fig. 149. This circuit is known as the “ 21-type repeater circuit 
(twcHWdjy, one-repeater circuit). Instead of balancing each hne 
with an artificial network, as in the 22-circuit, two-way trans- 
mission, with the 21-circuit, is effected by balancing the two lines 
directly against each other. Thus, if the impedance to the 
right of P is equal to that to the left of P, then the potentials 
of the connecting points P are independent of the amplified output 
current. But if the impedances of these lines are not equal, the 
amplified current in the output will impress increased potentials 



on the grid of the amplifier; these will cause further amplification, 
the amplification becoming cumulative, thus creating sustained 
oscillations or “ singing.’’ 

The advantages of the 22-circuit over the 21-circuit are appa- 
rent: The latter requires that the impedances of the lines (as 
measured at P) leading to the two telephone substations between 
which the conversation is carried on, be identical — a condition 
which cannot always readily be realized in practice. In the 
22-circuit, the two lines may have quite different impedances, 
the requirements being then that the balancing networks have 
different impedances, each balancing its own line. The repeater 
can then be inserted at some convenient place on the line, which 
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need not be midway between the two stations. Furiliermorc', in 
order to create the condition of singing in the 22-(‘ir(nnt, it is 
necessary, as can readily be sc^cn from Fig. 148, that both lin(\s \>o 
unbalanced simultaneously. If one line and its network Ix!; jH‘r- 
fectly l)alanccd, an iml)alance in the other will not (taus(i singing. 
The 22-circuit is therefore inherently more stable than 21- 
circuit. 

The filters are inserted to pass only currents lying within the 
telephone frequesney range, thus preventing the passage^ through 
the repeaters of t.(degra|)h and other signal currents tlnit may h(‘ 
transmitted over tlie. same metallic eircuit.s. The j'^otentiomedta’s 
are inserted to adjust the aiuplification to the desired value. 



CHAPTER VIII 


THE VACUUM TUBE AS AH OSCILLATION GENERATOR 

79. Introductory. Since the thrcc-electrode tube can operate 
as an amplifier, the cncr^»:y in the out|)ut circuit is greater than that, 
in the input circuit. Hence, if part of the energy in tiu^ output, 
be returned to the input, there will a furtluu* amplification of 
energy resulting in an increased output. If the am|)lifi(Hl (UKugy 
gets back to the input in sufficient amount, and if th(‘. phases Hala- 
tions of the output and input currents are right, tlnux^ will Ixi a 
constant reamplification and feeding back of cuuu’gy from the 
output to the input, and the device will tlien produce suHtained 
oscillations without it being necessary to supply potential varia- 
tions to the grid by external means. In other words, t-he devi(Ui 
will then operate as an oscillation generator. The frequeuay of 
' ^ the oscillations will be determined by the const.ants of th(‘ (dnuiit, 

while their intensity will depend on the amount of energy fed 
back to the input, the shape of the cliaracteristici cairve, and 
the rate at which power is dissipated. There is a variedy of 
circuit arrangements whereby this can 1)0 done, lliese circuits 
can all be divided into three main groups in which part of the 
energy in the output is returned to the input: (1) by resistance 
coupling, such as is explained, for example, in connecition with Fig. 
145, page 259; (2) inductive coupling; (3) capacitativc coupling 
between output and input. 

In the present chapter we shall briefly discuss the conditions 
that must be satisfied in order to use the three-element tul)e to 
produce oscillations of a definite frequency and amplitude. A 
large amount of work has been done on this phase of the Bul)ject, 
and no attempt will be made here to enter into a full discussion of 
these investigations. It Is believed rather that an explanation of 
the fundamental principles that govern the production of sus- 
tained oscillations with the three-electrode tube, and an indication 
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of the more important results that can be obtained, will be suf- 
ficient to enable anybody who understands them to design the 
circuits that may be necessary for any particular purpose. 

The conditions that are necessary to make the tube act as an 
oscillation generator can be stated briefly as follows: 

(1) The tube must be capable of amplifying. That is, it 
must have a unilateral impedance which is occasioned by poten- 
tial variations on the grid producing a greater effect on the cur- 
rent in the plate circuit (output circuit) than the effect produced 
on the current in the grid circuit by potential variations on the 
plate. This property is generally expressed, as was explained in 
the previous chapter, by stating that an alternating potential 
impressed on the grid, produces an E.M.F. in the plate circuit 
which is (iqual to }xeo where m in practice is generally greater than 
unity. 

(2) Since the energy in the output is greater than that in the 
input, part of this energy can be returned to the input, but in 
order to insure a reamplification of this energy it is necessary to 
take care that the output and input currents are in phase. 

(3) An oscillation circuit must be attached to the tube, having 
inductance, capacity and resistance of such value as to make 
the tul)e oscillate with the desired frequency. These quantities 
should, for l)est operation, also be so adjusted that the eflaciency 
of the tul)e as an oscillator and the amount of power delivered 
to the oscillation circuit are as large as possible. 

(4) Tlie characteristic of the tube must be such that the tube 
constants, together with the constants in the oscillation circuit, 
determine the amplitude of the oscillations. In general the ampli- 
tude is limited by the factors that limit the flow of the current 
through the tube. These factors have been explained in Chap- 
ter IV. 

80. Method of Procedure for the Solution of the Oscillation 
Equations. The complete solution of the oscillation equations of 
the vacuum tube is difficult because of the peculiar shape of the 
tube characteristics. It was explained in Chapter IV that the 
current-voltage characteristic is such that when taken over the 
whole range it cannot be expressed by a simple equation. For 
the lower part of the characteristic, where the effective applied 
voltage is less than the voltage drop in the filament, the current 
varies approximately as the f-power of the voltage. For 
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high effective voltages, the exponent of the voltage decreases as 
the voltage increases, and finally approaches zero as the satura- 
tion current is approached. When using the tube as an amplifier 
in the most efficient way, we operate over such a part of the 
characteristic that a simple quadratic equation can be used. As 
was explained in Chapter VII, special precautions are taken to 
make the characteristic of the tube and circuit as nearly linear 
as possible. Now, when using the tube as an oscillation generator 
we seldom make use of a restricted portion of the charact(U‘Lstic, 
but, on the contrary, the plate current generally oscillates betwecai 
zero and a saturation current value, and it is therefore difficult 
to express the current as a simple function of the applied voltage. 
But the conditions for oscillation can be derived without runa^s- 
sarily making use of a definite characteristic equation. What 
we shall do is to use the resistance and mutual condu(d,anc(i of 
the tube as the variable parameters in terms of which tlu^ cx)ndi- 
tions for oscillation can be expressed, and then sec how these 
parameters depend on the characteristics of the tube. 

An expression for the plate resistance of the tube was dcriv(Kl 
in the preceding chapter, for the general case in which tlui curnmt 
varies as the nth power of the applied voltage. If tlu‘, (iscsilla- 
tions are extremely small then the resistance is given l)y the 
reciprocal of the slope of the plate current-plate potential (;har- 
acteristic at the point of operation. When the oscillations are 
finite, the resistance is approximately given by the secant joining 
the points of maximum and minimum current. If the charac- 
teristic is a parabola, this secant is parallel to the tangi^it at the 
point of zero alternating potential, so that the resistance Ls inde- 
pendent of the applied alternating voltage. When the ciniracter- 
istic is not parabolic, the resistance cannot be expreased simply 
by the slope of the tangent at the point of zero alternating voltage, 
but depends on the magnitude of the voltage. Thus, referring to 
Fig. 150 it will be seen that as long as the potential variations are 
less than AJS, the resistance is practically the same as that which 
obtains for infinitely small oscillations around the point A, If, 
now, the maximum value of the potential becomes equal to AC, 
the line joining C' and O' is not parallel to the tangent at A', 
but has a smaller slope. We can take the slope of the line O'C' 
as a measure of the resistance when the current variations extend 
over the whole region O'A'C'. 



VACUUM TUBE AS AN OSCILLATION GENERATOR 269 


The same considerations apply to the mutual conductance 
which can be taken approximately to be equal to the slope of the 
line joining the extreme point of the characteristic over which the 
operation takes place. ^ 

The pr()l)l(nu of setting up the conditions for oscillation, 
therefore, r(idu(‘,(‘s to the solution of a network involving the 
oscillation circuit, LCr, a fictitious generator giving a voltage 
equal t^) fxSo and a resistance as defined above. By adopting 
this procedure, we do not entirely ignore the curvature of the char- 
acteristic. If the resistance were not dependent on the intensity 



of the oscillations, the solution of the network involving the quan- 
tities enumerated above would not give an indication of the ampli- 
tude of the oscillations; however, both rp and the mutual con- 
ductance gm are dependent on the intensity of the oscillations. 
The condition for oscillation will require that rp and gm have values 
lying within certain limits, and since their values depend on the 
extent of the characteristic over which operation takes place, 
the amplitude of the oscillations will be determined by the shape 
of the characteristic and the constants of the external circuit. 

81. Conditions for Oscillation in a Two-element Device. 
Let us first consider the simple case of a device containing two 
1 L. A. Hazeltinu, Proc. I.R.E., Vol. 6, p. 63, 1918. 
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electrodes and having a resistance r, and see what are the con- 
ditions that must be satisfied in order that this device, when 
connected to an oscillation circuit may produce sustained oscilla- 
tions. The circuit is shown diagrammatically in Fig. 151. The 
device is supplied with a direct current by means of the battery 
Ey through the choke coil Ch, The oscillation circuit is repre- 
sented by LC. 

The condition for oscillation in such a circuit can be obtained 
by the simple process of setting the differential equation for the 
circuit and equating the damping factor to zero. In doing so 
we need, of course, only to consider the a-c. circuits, that is, the 



two branches I and II. Thus, summing the electromotive forces 
for circuit I, .we get 


rp(zi+t) +ri+L'pi = 0, 


where 


For branch II we have 


LpH+rpi= 


C 


( 1 ) 

( 2 ) 


Putting the value of ii given by equation (1) into (2) we get: 

This is an equation of the well-known form from which it follows 
directly that in order that the current i shall be oscillatory, the 
coefficient of the linear term must be zero. That is: 
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From this we see that in order to obtain sustained oscillations 
from a device having only two electrodes, it is necessary that the 
device shall have a negative resistance. Examples of negative 
resistances have already been given in the previous pages. Thus 
an arc may have a negative resistance, its characteristic being 
of the form shown by the curve AB in Fig. 34. The resistance 
is given by the slope of the characteristic and this is a negative 
quantity for a characteristic of the kind shown. Fig. 16, page 48, 
shows another characteristic which over a region ABC has a nega- 
tive slope and is obtained as the result of the emission of electrons 
from metals under the impact of electrons. Such characteristics 
as these are sometimes referred to as “ falling characteristics.” 

The thermionic valve does not show a falling characteristic 
like the curve AB of Fig. 34, when it is sufficiently well evacuated 
to prevent the effects of ionization by collision from appreciably 
influencing the discharge. The characteristics of thermionic 
valves are those given and discussed in the previous chapters and 
it will be seen that for such devices the resistance is always posi- 
tive. It is, therefore, impossible to obtain sustained oscillations 
from a well-evacuated thermionic valve containing only two 
electrodes. If such a device contains an appreciable amount of 
gas during the operation, the characteristic becomes imsteady 
and sometimes, especially at the higher voltages, exhibits regions 
over which the slope is negative, and when operated over that 
region it is, of course, possible to obtain sustained oscillations. 
The condition which makes this possible in a two-electrode device 
is imfortunately due to the cause which makes such a device 
unsatisfactory; namely, the presence of too much gas in the 
device, thus causing unsteadiness of the discharge and making 
reproducibility practically impossible. If a controlling electrc^e 
or grid be added to the two electrodes of a valve, the operation 
becomes different and we now have a device which can produce 
sustained oscillations with facility while at the same time satisfying 
all the conditions that are necessary to secure satisfactory opera- 
tion in every respect, namely, freedom of gas with consequent 
steadiness and reproducibility of results, and comparatively long 
life. 

82. Condition for Oscillation for Three-Electrode Tube. 

Let us now consider a circuit like that shown in Fig. 152. Th^ 
is one of a large number of possible oscillation cheuits. It is 
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chosen here to exemplify the manner in which oscillations can he 
produced with an audion because this type of circuit lends its(df 
most readily to mathematical solution. The plate current is 
supplied by the battery Eb through a choke coil. The oscillat ion 
circuit proper is represented by CL 2 r. On account of the mutual 
inductance M between the coils L\ and Lo, current variations in 
L 2 cause potential variations to be impressed on the grid. The 
oscillation circuit CrL^ is practically non-reactive at the oscillation 
frequency. A current in the plate circuit ('.stablishcs an I'lM.F. 
in the circuit L 2 C, 90° out of phase with the plate current (assuming 
that r is very small). Since the oscillation circuit is non-nuictive, 
the oscillation current is in phase with the E.M.F. in this circuit 



Fai, 152. 

and this current induces an E.M.F. in the grid coil Li, 90° out of 
phase. The potential variations impresssed on the grid by th(i 
reaction of the plate circuit on the grid circuit are therefore in 
phase with the plate current variations. 

In order to obtain an expression for the condition that must 
be satisfied by such a circuit to produce sustained oscillations we 
shall make the following assumptions which can be realized in 
practice, although this may not generally be the case. The approx- 
imation is, however, sufficiently good to give an indication of 
the quantities involved and the values that they should have in 
order to make it possible for such a circuit to act as an oscillation 
generator. We shall assume (1) that the grid is at all times main- 
tained sufficiently negative with respect to the filament to prevent 
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any convection current from flowing between filament and grid. 
(2) The capacities between the electrodes of the tube will be 
taken to be sufficiently small to be neglected. The tube is there- 
fore assumed to be a perfectly unilateral device; that is, there is no 
reaction of the plate circuit on the grid circuit except through, 
inductance of the coils Li and L 2 . (3) The oscillation circuit 
will be regarded as non-reactive at the frequency of oscillation, 
or at least the angle can be taken to be so small that its effect 
on the phase relations of the circuit can for the present be neglected. 
This is usually very nearly the case in most circuits, and circuits 
can be designed for which this is always true. 

A current ^ in the coil L 2 will induce an E.M.F. eg in coil Li 
given by 

e,=Mj=Mpi. 


Ch 



Making use of the theorem that a potential eg impressed on the 
grid introduces an E.M.F. equal to in the plate circuit, we 
obtain directly for the driving E.M.F. in the plate circuit: 

lieg=iiM'pi ■ (5) 

We can, therefore, simplify this circuit and give it the equivalent 
form shown in Fig. 153, where rp represents the plate resistance 
of the tube, the points P and F representing the connections to 
the plate and the filament. The generator (? is a fictitious gen- 
erator included in the circuit to represent the effect of the grid 
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potential variations on the plate circuit. This generator, there- 
fore, gives an E.M.F. equal to the value given by equation (5). 
The solution of the circuit now becomes extremely simple, involving 
only the solution of the Kirchhoff equations for thc^, sirn|)le net- 
work to the right of PF. The circuit on the left of PF is a ci-c. 
circuit and need not be considered because we are concerned now 
only with the a-c. values. 

Summing the E.M.F. 's in branch I, we get 

ixMpi — i) -t-n+Lop^, 

which gives 



For branch II, we have 

L2lPi+rj)i = ^ (7) 

Substituting the value for ii into equation (7) we obtain: 


p%‘+ 


vp 


CV;;, 


1+r 


( 8 ) 


Thie is a simple differential equation of the; wcill-known fonn: 

= 0, 


from which we obtain directly that the condition that must 1)0 
complied with to produce sustained oscillations in circuit II, 
is that A must be equal to zero, and putting p =jw where j is the 
imaginary unit ^“1, the frequency of oscillation is 



fi! 

4 • 


Substituting the values of B and ^=0 from equation (8), we 
find that the frequency of oscillation is given by 



and the condition for oscillation is 


_^M_U 

'Cr Cr 


• (10) 
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asi seen above that the condition for oscillation in the 

" ' ^ of a two-electrode device is that the resistance of the device 

be negative and equal to This is the effective resistance 

f t.be^ oscillation circuit, so that when it is added to the equal and 
Pt^osite resistance of the device the total resistance of the circuit, 
"therefore the damping, is zero. From equation (lO) we see 
ixi the case of a three-electrode tube the resistance of the tube 


Oci riot be negative as long as the first term ^ is large enough. 

' ^ 'term involves the amplification constant M and therefore indi- 
directly that the abihty of the audion to produce oscilla- 
lies in its amphfying property. 

Ixi order to give an iaterpretation to this condition (equation 
) let us write it in the form: 


dm— 


fi ^ L 2 .Cr 
rf^TpM'' M 
or 

Cr 


( 11 ) 


t will be recognized that gm=~ is the mutual conductance of 

'f'p 

ho ■bxj.be as defined in the preceding chapter. For very small 
)HC^ill£ttions the mutual conductance is given by the slope of the 
)hLtjO current grid potential characteristic, while for large oscil- 
atioxis it can be taken to be approximately equal to the slope 
)f trhe line joining the points of maximum and minimum current 
m 131x0 characteristic. Now, it will be recognized that as the 
ntexxsity of the oscillations increases, the slope of this line becomes 
CBS SLXid less. Equation (11), on the other hand, states that for 
)Hoillations to be sustained the mutual conductance must be 
rrea^ber than a quantity involving the constants of the external 
urouif. The right-hand side of equation (11) is also of the 
iiiTXOXXsions of a conductance and can also be represented by a hne 
lavirxg a slope depending on the values of these constants. Sup- 
:)()SO fhis line has a definite slope given by OA, Fig. 154. The 
oscillations will, therefore, increase in intensity, the current vary- 
jxg over a greater and greater range of the characteristic until the 
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mutual conductance as given by the line BC joining the ^ 

maximum and minimum current becomes parallel to OA- ^ 

If the mutual inductance between the plate and luiiul 

decreased, the slope of the line representing the rigli 

.r xr /-iiN ij 1 A ^ o-nrl tlion tilt 


were 


side of equation (11) would increase, say, to OA', and thc^^ 
oscillations would be weaker, the plate current varying ovci » ^ 
a range that the mutual conductance is equal to the slope o 
hne OA'. 



Fig. 154. 


Whether or not the tube will oscillate depends not only on 
the coupling between the output and the input coils, but nlHo 
on a number of other quantities. One of the important quan- 
tities is the amplification constant /x. Fig. 155 shows how /x in- 
fluences the operation of the device as an oscillator. The line O B 


gives — as a function of and CD gives the expression 

Tjf 


Cr 


M- 


lA 


of equation (11) as a function of /x. We shall refer to this quantity 



VACUUM TUBE AS AN OSCILLATION GENERATOR 277 


as go^ This equation states that Qm must be at least equal to go; 
hence, for the constants of the circuit chosen in this particular 
case, all values of /x lying to the left of the broken line are impos- 
sible values. 

The effect of the plate voltage can be shown in a similar way. 
It follows, for example, from the considerations given in Chapter 



VII, that the mutual conductance is approximately proportional 
to the plate potential, provided the filament temperature is high 
enough to insure that by increasing the plate potential we do not 

enter into the saturation region. We can, therefore, replace ^ 

and Tp by Ep and some arbitrary constants. We then obtain 
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an expression gm==go where gm is cliro(‘.tly proportional to Ep and (;« 
is a linear function of Ep. These relations when plottcnl as shown 
in Fig. 156 intersect at the point A. The condition for oscillation 
is that gm must be at least as large as r/o. W('. s(‘e, thendore, that, 
the tube will not oscillate until the plate voltage r(au‘iuvs a caniain 
minimum value which is fixed if the otluT cpiantities, such as 
coupling, etc., are fixed. 

These considerations show that it is dc'sirabh^ to niakc^ th(‘ 



mutual conductance of the tube as large as possible. This was 
also found to be the cjuse when using the tube as an arnplifi(‘r. 
(See equation (36), Chapter VII). 

The oscillation frequency as given by equation (D) is dedta*- 
mined not entirely by the inductance and capacity in the* oscilla- 
tion circuit, but depends also on the plate resistance! of thc! tube* 
and the resistance in the oscillation circuit. Since, however, the 

ratio — is usually very small, the frcciucncy (san gc'nerally ho 
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tak('n to b(^ vcny closely equal to that given by the simple oscilla- 
tion circuit; namely, 



It will l)(i n'COKnizcicI that the solution of the circuit shown in 
Fig. 15:i does not indicate directly what the amplitude of the oscih 
lations is. This quantity is, however, detennined indirectly by 
the condition for oscillation. On account of the curvature of the 
charaeUiristic!, the mutual conductance of the tube decreases as 
th(i amplitudes of the oscillations increases, in the manner explained 
above, until the mutual c,onductancc reaches its minimum value. 
The amplitude of the oscillations in the plate circuit can then be 
deitermiiued from this limiting value and the characteristic of the 
tube. Usually, how(',ver, such a detennination is not necessary. 

83. Relation between Mutual Conductance of Tube and that 

of Plate Circuit. In the above equations, — represents the mutual 

(‘.ondiK^tarujc of the tube itself. This is also the mutual conduct- 
ance of th(5 platci (urcuit, provided the external impedance in the 
platci circuit is negligibly small compared with the resistance of the 
tub(^. When this is not the case, the dynamic characteristic of 
the plate circuit does not coincide with the characteristic of the 
tube itself, but difTc^rs from it to an extent depending on the rela- 
tive magnitudes of the external impedance and the plate resistance. 
If tlu^ (ixtcu’nal circuit is non-rcactivc, the dynamic characteristic 
of the plate circuit is the curve of noC shown in Fig. 86. If the 
external circuit is reactive, the dynamic characteristic of the plate 
circuit takes the form of the loop such as that shown in Fig. 88. 
In this case the quantity concerned is not a pure conductance but 
a complex quantity, and what we have to deal with then is the 
mutual admittance. In most oscillation circuits, however, the 
reactance is so small at the oscillation frequency in comparison 
with the total resistance that the angle can generally be neglected. 

It can readily be seen that the mutual conductance of the cir- 
cuit is less than that of the tube alone, because when the current 
in the external circuit is increased by an increase in the potential 
of the grid, the voltage drop in the external impedance causes a 
decrease in the plate potential, so that the resultant increase in 
plate current is less than would be the case if the external imped- 
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ance were zero. The relation between these two mutual con- 
ductances can be obtained as follows: The alternating plate cur- 
rent is given by 






(13) 


Putting 7jQ=rQ-\-jxQ we get 

y'm i» M M ■'m’ 


where Y'm—g'm—jb is the mutual athuittance of the pMe. arcuit. 
Oenerally the imaginary cotnpommt is small in (lomparison with 
the resistance component, so that we can use tlu; simple tsiuat ion: 


_l_ 

O'm 


— -f-'l 

Urn m' 


(M) 


This relationship can be expressed in a somewhat dilT(;nmt, form. 
Since ipro—ep, we get directly from (Kpiation (13): 

(b'')) 


The condition for oscillation can also bo expressed in t (>nns of 
the mutual conductance of the plate circuit instead of the mutual 
conductance of the tube itself. This was, for examph;, dom* by 
Hazeltine.^ The quantity g in Hazcltine’s (icjuations is not the 
mutual conductance of the tube, but the mutual eonduct.ance of 
the plate circuit. 

Phase Relations. The phase relations tluit exist in 
vacuum tube oscillator circuits have been investigated by Ileising 
and explained with the help of vector diagrams.^ We shall not 
discuss this phase of the subject l)eyond what is nc'CHissary for an 
understanding of the fundaimintal phenomena of such cirtmits. 
The main condition is that the plate current and grid jKitential 
must be as nearly in phase as possible. The phase; relations l)e- 
tween the various quantities are shown in Fig. 157 and can be 
explained with reference to Fig. 152. 

Is represents the steady direct current supplied by the l>attery 
Bi, through the choke coil. We can regard this cunent as constant, 

'L. A. Hazkltinb, R.I.E., Vol. 6, p. 63, 1018. 

* R. A. Heibino, Journal of A.I.E.E., Vol. 39, p. 30.6, 1920. 


VACUUM TUBE AE AN OSCILLATION OENERATOR 281 


ahhouKh ii» actual ])rac.licc it is only approximately so unless the 
chok(' coil has a very lar^t^ inductance. Ip represents the instan- 
taiM'ous valut' of th<^ plate current and I the instantaneous value of 
the currc'iit in th(“ branch containiriK C and L‘> in parallel. This 
curr<*n( multiplied by tlu; instantaneous plate-filament voltage 
and int (‘grated ()v<‘r a coinple.tc (ycle, represents the a-c. power 
supj)li(‘d by tlu^ tubes As much power is drawn from the tube as 



is diasipated in thee oscillation circuit when the steady condition 
is reaeduid. 

Referring to Fig. 157, the lines marked 0 represent the ordinates 
of zero voltages and currents. The grid is maintained at a nega- 
tive potential Ec. When the alternating grid potential is zero, 
the plate current is equal to /s. When the grid potential oscillates, 
as indicated, the plate current oscillates in phase with the 
grid potential. The plate potential oscillates around the mean 
value Et, but is 180° out of phase with the grid potential if the 
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external circuit is non-reactive. The current I in the branch cir- 
cuit is the difference between direct current drawn from the 
battery and the plate current Ip, It is therefore 180° out of 
phase with the plate current and oscillates around zero. We have 
assumed that the grid always remains negative with respect to 
the negative end of the filament. If the grid becomes positive 
during a part of the cycle, it takes current which generally means a 
loss of power occasioned by heat dissipation in the grid circuit. 

On account of the curvature of the characteristic, the current 
wave in the plate circuit, due to a sinusoidal voltage impressed on 
the grid circuit, is not a pure sinusoid but is distorted. This 
introduces harmonics. They can, however, be effectively tuned 



out in the oscillation circuit so that most of the energy in the 
oscillation circuit will be due to the fundamental. It must be 
recognized that the harmonics cause a waste of power. These 
considerations apply in general to the fundamental, the effect of 
harmonics being neglected. 

85. Colpitts and Hartley Circuits. The circuit shown in Fig. 
152 is only one of a large number that can be used with a vacuum 
tube oscillator. It was chosen there for its simplicity, although 
it is not the most commonly used type of circuit. Two circuits 
that are frequently used are those shown in Figs. 158 and 159, 
known as the Colpitts and Hartley circuits, respectively. The 
main difference between these circuits is that in the one the coup- 
ling between output and input circuits is capacitive and in the 
other it is mainly inductive. If we neglect the effect of the elec- 
trostatic capacities between the electrodes of the tube, the oscil- 
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laiion (nrcuitH are CiC^L^ for the Colpitts circuit, and L 1 L 2 C, for 
th(‘. Hartk^y (ureiiit. The effect of the inter-electrode capacities 
will be eonsid(*red l>elow. 

The. conditions for oscillation for these circuits have been 
giv(a\ by Hazi'ltincs Hidsin^ ^ and others. Taking, for example, 
th(‘ eas(‘ of t hc^ Hartley circuit, the condition for oscillation can be 
expn^ssed by: 

/z('.V(/vi+L2+2M) .. . 

where (/m — iiiutuiil (^ondiwitaiice of the tube, 

M = mutual iuduetance between Ly and L2, 
r- rrl-ra. 



From thia eciuation it followH that there is a certain relation 
l«‘tw(H!n the? volt.ageH (‘stabliHluid in the plate and grid coils, which 
makiiH th(^ tubi^ os<-.iUate. most readily. Since the conditions for 
oscillation stat<‘ that, the* right-hand side of equation (16) must 
not b(! gr<>at.(^r than (/„, it. follows that the tube will oscillate most 
readily when tins expression is a minimum. 

Putting 

c,=|(L2-|-M); 

e.p-\-Cp=~^{Jji-\-Li-\-2M)=kL 


2g4 
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( 17 ) 


UK) 

For tubes having a high value of juj tluat^forcs L\ .slu»ultl Iw* approx*- 
imately equal to L2. If m is low, on the otluT haiul, tin* lM\Hi 
condition can necessitate making hi (*onsid(‘rably smaller thnn In- 
86 . Tuned Grid-circuit Oscillator. Thin iy\n* of tarcuit 
which is commonly uschI in the nau^pt ion of radio signalH, is shown 
in Fig. 160. If it is assumed, as hedons that the grid is maintidneil 



Fhj. ino. 

at a sufficiently high negative^ potential t*o insure tlnit there is no 
appreciable convection lHd,W(v(m filamtmi and grid, the tmndiiion 
for oscillation for this circuit (^an also Ik^ easily (dit aincHl. The* 
potential Cg applied to the grid is given by 



and the electromotive force induc(‘d in the plate circtiit tlinnigh 
the tube, on account of the efT(*et of tin* grid poti*ntial on the* 
current is ixeg. There is anoth(*r (*le(d»romotive force indiictHl 
in the plate circuit, namely, Mp/, and is due to tlu* mutuid react- 
ance of the grid circuit on the plate cinniit through the c^cals Li 
and L 2 - The electromotive fona* induccnl on the oHcilliition fir- 


where k is a consi<ant, we find: 
This is a ininimuiii for 


VACUUM TUBE AE AN OSCILLATION GENERATOR 285 


emit, duo ti) t,lu! curront ip in tlio plate circuit, is Mpip. Equating 
(hose E.M.F.’s in the circuits, wo get for circuit I: 

MpHj, = Lip^i+ripi+j^, ( 20 ) 

and for circuit II : 

Miri+^r=rppiv+L‘>‘P^tp ( 21 ) 


Eliininiiling i,, from thow; two equations, the equation for i becomes: 


M-)p''i+ (fpLi +rL2)pH+ {rrpC +L 2 —iiM)pi 


whicli is of the form 


+rjf =0, 


p’^i+AiH + Bpi-ir T)i = 0. 


( 22 ) 


'I'liis is a cubi(! (a[ua(ion and has once nsal and two complex roots. 
'I’lu* condilion which makes the damping zero is D = AB. That is; 


rp rpLi+rL-> 

l7u-W 


• . (23) 


In most circuits rh^ can he, ncsglected in comparison with rpLi. 
With this approximation thee condition for oscillation becomes: 


^V_r_C_M 

M Lifp- ■ • 


• ■ (24) 


Tli(^ Bide of this equation contains two terms, one of 

whicdi in dircHitly proportional to M, and the other inversely pro- 
|)ortional to M. Then^ appears, therefore, to be an optimum value 
for the mutual inductance between the input and output which 
makes gm a minimum^ 

87. Effect of Inter-electrode Capacities— Parasitic Circuits. 

We have asBurned in the above that there is no reaction of the plate 
(dreuit on thc^ grid circuit through the tube itself. In some types 
of (urcuits the capaciti(iB between the electrodes cause the circuits 
to l)ehave differently from what is to be expected. The simple 
circuit shown in Fig. 160 can, for example, be drawn in the manner 
shown in Fig. 161, where the capacities between the electrodes of 
the tube are indicated Ci, C 2 and C 3 . Such a circuit, therefore, 
has more than one degree of freedom, a number of oscillation cir- 
^ S. Baixantine, Proc. I.R.E., Vol. 7, p. 159. 
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cuits being added to the main oscillation circuit CLi. Of those 
parasitic circuits, the most imi>ort.anf. oiu* in t lu' diagram sliown 



M 

l«'ui. KU. 


is the circuit formed by the; capacuty Ca Ixitwwn gritl ami plate, 
and the inductance L\ and L>i in series, tin* total induetanee being 



rrequ®rK.;5f 


Fuj. 1B2. 

L1+L2+2M, The effect of th<* capacity in to make the 
qiiency of oBcillation different from that whicli would he obtained 
from a simple circuit CLu Tlu^ intact anee-frcapieney eurvi* of the 
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circuit CLi is shown by the curve marked Xi (Fig. 162). For 
frt‘(|iH‘n(‘U‘s low(‘r than that corresponding to the point A, this cir- 
(*uit has a |)ositiv(‘. or iiuiuctive reactance. The effective react- 
ain<u% duc^ to thi^ coil L 2 and its coupling with the oscillation circuit 
Ij\i\ is giv(ui i)y tlu* curve ^* 2 . At frequencies below A, the total 
n‘a(daiicc‘ is induedivts and oscillations will occur at such a fre- 
qxmivy that^ th(‘ iiuhudivc^ nnictance is equal to the capacitive 
r(»a(‘taiu’t* dxw to th(‘ ca|)acity ( ^ between grid and plate. The 
osidllation fn^punuy is, tlu‘r(‘for(% that corresponding to the point 
F inst<‘ad of tlu^ ])<ant A, as would be the case if the effect of the 
gri<l-|)latc^ capacity were Tu^gligible. This circuit, therefore, be- 
hav(»H Honuwliat like a Hartley circuit in that the plate coil L 2 , 
and the oscilhition circuit Li(\ tog(dher, act like an inductance in 

0 


Fia. 163. 

with a oapacity. In the Hartley circviit, the capacity 
lH‘t,w<H‘n Kri<l and plate Is Hiinply in parallel with the oscillation 
circuit capacity ('. This circuit is, therefore, more suitable for 
UM* at high fr(H(U(Ui[c.ies. 

88. Regeneration. The effect of the intcr-clectrode capacities 
can caus(^ a tul)e to produce oscillations even when there is no 
mutual in<luctanc(; At between the output and input coils. It 
WiiH (rxplaiiuid in ('hapt(;r VII, Sections 69-71, that on account 
of theH('. c,apaciti(is there is an effective impedance between fila- 
ment and grid, which dej'xmdR not only on the capacities between 
the electnxles V)ut also on the constants of the output circuit. 
This imjK‘,dancc can generally he represented by a resistance Tg 
and a reactance due to the effective input capacity Cg. The input 
ciixuiit can, therefore, be drawn as shown in Fig. 163. The im- 
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pcdaucc of the circuit fonued by (' in inindlcl with i\ and ( \ in 
series is: 




1 -{-jur/ 


-«=^r/;,C'+ico(C'+6V)‘ 


. . (25) 


The real component r is 


■ 2r:!a.A’+^'»V' 


( 20 ) 


The first, tenn of the (U^iioininaior in this e(|uatien is usually 
negligibly small compared with th<‘ .s(‘cond, so that the total 
resistance of the circuit is: 


<-■> 

If oscillations are impresscHl on tliis circuit, the* rate at winch thf*y 
would die out depends, of course^, on tin* value of the* total resist- 
ance. If Tg is negative*, the total n^sistanci* will 1 h* reduci*d; that 
is, there will be a smalU'.r conHumj)tion of power in tin* iu|)ut cir- 
cuit and the tube will give a grc‘ater amotmt of amplifiratiom 
If Tg is nc^gative and the efT(H!tive n^sistanc’c* to tin* right of ,.1/1 is 
equal to the resistance ri, i.e., if tlu* total resist nuc*e of tin* circuit 
is zero, the circuit will produce sustaincsl oscillations. We can 
take expression (27) as a m<*asure of the* dniupitig, h, due flie 
resistance in the circuit. The* in(tn‘as(* in amplification, due to a 
reduction in this resistance* resiiltH in tin* efTcsi that is somefimes 
referred to as '^regeneration.” A measure* of the rc*gt*nt*niting 


effect is given by 


1 


Now, it was shown in (1iapit*r VII tlnif 


is positive when the external plate circuit is non-reactivc^ m* con- 
tains only capacitive reactance. If, on tlu* oilier Iiiiiid, the 
reactance in the plate circuit is inductive* and the angle of the 
impedance in the plate circuit is large enough, t!i<»n /v is negative*. 
In Pig. 164 are plotted curves showing th(^ relation bf*tween the 
regenerative effect and the ratio of the (!xt(*rnal imiM*diincf* in the 
plate circuit to the plate resistance. The value's of and 
used in computing these curves, wex'C olitidned from cc|uatioiis 

054) and (56) of Chapter VIL The quantity ] was computed 

d 
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with flu' value's so found and with arbitrarily assumed values of 
n, as indicat <'d in the curvees. The curve for ri=5.4 ohms 
stretches tio infinity, indicating that over the range of the ratio 

- ~ from almut .8 to about 1.2, the tube produces sustained oscil- 

Tp 

laf ions, <lu(i to th(i reaction of the plate cinaiit on the grid circuit 
through the eh'ctrostatie' (opacities of the tube. 



Fig. 104. 


An interesting result shown by these curves is that the max- 
imum regenerating effect is obtained when the external impedance 
in the plate circuit is equal to the plate resistance. This, it 
will be rcmiembenKl, is also the condition for maximum power 
amplification derived in Chapter VII, for the case of the simple 
amplifier. • 
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According to expression (27) the n^gc^in^rating lH*eoines 

greater the smaller the capacity r in (lu‘ oscillating circuit. 

J. M. Miller ^ has computtMl curv(‘s giving the signal strength 
as a function of the indudanev in tlu‘ ]>lut(‘ circuit. 1'!u‘se ctUTt^s 
are similar to thosc^ shown in Fig. l(H, (‘X{‘c‘|)t that tfu^y an* more 
symmetrical. Th(\y ]iav(‘ tlu* sanu* g(UH*ral fta’m as a ctirve giving 
experimental results ])ui)lish(Hl by Armstnmg.^ 

89. Complex and Coupled Circuits Meissner Circuit Com- 
plex circuits can be nahuHal to sim])l(* cinmits by the* atldifion <if 
the reactances of the s(*])arat(‘ bra.nch(‘S. 'I'htis, the circuit shown 
in Fig. IGO const.itui(*s a compl(*x (‘irtahi if the* cajaicity l>etw<*eii 
grid and plate becomes (*fT(‘(*tiv(* in (h*t(*nnining tlu* fn*(|Ue!icy 
the oscillations. Tlu^ r(*a(’tanc(‘s of tlu* bran(*la*s I and II an^ 
indicated by the* curvexs Xi and A\» of Fig. 102, while the react iinc'c 



due to the capacity h(*tw(*cn grid and plutt* is iiulicatcd by Xiu 
The frequency of tlu* oscillations is d(‘tc‘rmincd by the vnlui* of 
these reactances which mak(‘H tla* total reactance of the circiiit 
zero. 

In general, a complexx circuit such ns tliat shown in Fig. 105 
can be regarded as a sinqdr* circuit in whicii tin* oscillatuai circuits 
Li(h rind // 2 C 2 act as inductanc(*s or capa(‘itics^ according us the 
reactance betwe(*ri grid and plati* is capatntivi* or indue five. The 
reactance vfr(‘quency (‘urv<* of a parallel {Kscdllalion earcuit liki* I.td't 
has a shape such as the* (uirve* Ah in Fig. 102, Now, if thi* react- 
ance between grid and plate is cai)a<‘itivc* or nc^gutive, the total 

r J. M. MmuKK, Bur<*au t)f StjualardH Bnlltain 351. 

^K. n. Aumstuon’(*, PrcH*. I.K.Iv, Xul :i, p. 220, 


VMWm, TmK AX AN OSCILLATION aBNNRATOIi 291 
rcacbuice can only become zero at a frequency T, which is lower 

““i tf” rf »' ‘“o -Mo 

i.Hc.uii . 1 or Lj2L2- Ivrom the curve it iq q^An 

How .-1 the ro,m,a„ce of the simp,., ctah is1lX“ 

(l..«t,v,.), so tJmt the eomplecc circuit sl,„w„ inVi IK Z 1 

.r,r ;; : ; "«■ >«. Thifis f^iy 

’• , ' “ rcactance between plate and 

till f <li« fr(Hiu<iney of oscillation of the circuit 

bo such as to make the sum of this inductive reactance and 
the reactances of tlui branch circuits I and II equal to zero This 
would rcciuire that tlu^ reactances of these branch circuits be 

zr/rr; ".'t''™ '^-o-oy ot ccination „iu 

than tlic natural frequency of the circuits I and n separately. 



In this case the total circuit reduces to one like that shown in 
fig. Ibb, except that instead of the two inductances, we have two 
capacities, and instead of the capacity Cs, wc have an inductance 

in other words, the complex circuit is reduced to a simple Colpitts 
circuit. ^ ^ 

mu the same manner, 

e Meissmer circuit shown in Fig. 167 is an example of a coupled 

c^cuit. The two oscillation circuits are L 1 L 2 C 3 and LC. The 
effects that can be obtained with such a circuit by varying the 
constants of the oscillation circuits have been discussed by 
Heising in the paper cited above. The reactance-frequency curves 
of such a circuit are shown in Fig. 168, where Xi represents the 
reactance of the circuit L 1 L 2 C 3 , and X 2 the reactance due to 
1 A. Meissnkr, “ Elcetrioian,” Vol. 73, p. 702, 1914. 
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coupling with the oscillation circuit LC. The sum of the two 
reactances is indicated by the curve X. It is seen that there are 
three frequencies for which the total reactance is zero. The tube 
will not oscillate at the frequency F because this represents an 
unstable condition, but it can oscillate at the two frequencies 
Fi and F2. Usually, however, it oscillates at only one frequency. 
By suitably adjusting the coupling between the oscillation circuit 
LC, or choosing the constants of the circuits, the reactance-fre- 
quency curve of the combination can take such a form that the 
three frequencies practically merge into one. This can be done 
by making the coupling loose, or by making the total inductance 



L1-I-L2 large compared to Cs, This is usually the case with most 
tubes when the desired frequency is not very high. 

90. Circuits Comprising a-c. and d-c. Branches. The circuits 
shown above indicate only the a-c. branches. These are the only 
branches that need to be considered in determining the conditions 
for oscillation and the frequency. In practice we also need d-c. 
sources of power supply, and it is often necessary to separate the 
a-c. and d-c. circuits. This can be done readily by applying the 
simple and well-known rule to separate the d-c. from the a-c. 
branches by means of inductances and capacities. In doing so, 
however, it is necessary to adjust these inductances and capacities 
to such values that they do not appreciably influence the behavior 
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of the oscillation circuit proper, or introiluce parasitii- circuits 
that would result in a loss of power. 

Fig. 169 shows, as an example, the Hartley circuit as it i.s com- 
monly used in practice. The plate batteiy- £» is inserted liin-ctly 
in the circuit connecting the plate to the inductance Li- It is 
usually not necessarj- to separate the direct and alti'rnatirtg cur- 
rent in this branch of the circuit. The capacity C, and resistance 
Rs are used here instead of a battery to maintain the grid at an 



appropriate negative potential with respect to the filament. This 
means of maintaining the grid negative operates only when there 
is a convection current between filament and grid; that is, wlien 
the grid becomes positive during part of the time that the a-<'. 
potential on the grid is positive. When the grid becomes po.sitive 
it attracts electrons, and current flows through the resistance R,. 
During the rest of the cycle there is no flow of electrons from fila- 
ment to grid. There is, therefore, established a rectified cunent 
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through the resistance Rs, and this lowers the potential of tho 
with respect to the filament. 





Fig. 170 shows a Colpitts circuit as it can be used in praot/ieo. 
In this case the resistance Rs is replaced by a choke coil CHi- 
The alternating and direct current in the plate circuit are 
arated by means of the choke coil CA 2 and the capacity Tlrio 



inductance of this choke coil is usually chosen as high as possible^ 
or at least so high that its impedance is several times the 
resistance of the tube. The capacities Cs and C& are cttoson 
sufficiently large so that they do not appreciably affect the o 
tion of the oscillation circuit LCiC^. 
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91. Effect of Grid Current In deriving the conditions for 
oscdlation above, it was assumed that the grid is at all tirrn^Q 
mamtamed sufficiently negative with respect to the filament tn 
prevent any convection current from flowing between filament and 
grid. In practice this is usually not the case. The grid usuallv 
becomes positive to an extent depending on the adjustments of 
the circuit constants. Thus, when using the condenser and 
resistance to maintain the grid negative, as shown in Fig. 109 
the grid must become positive during part of the cycle. The 
rectified current through R, maintains the grid at a steady nega- 
tive potential, and the value of this potential will be greater the 
greater the grid current becomes. Hence, the fraction of a period 
during which grid current flows, that is, the amount of grid cur- 
rent, will be determined by the rate at which it leaks off through 
the resistance Rs. Now, the grid and plate potentials are approx- 
imately 180° out of phase. This is shown, for example, in Fig. 
157, which was drawn for the case in which the plate is connecteci 
to a non-rea,ctive circuit. The amount of current flowing to the 
grid depends not only on the grid potential but also on the potential 
of the plate. The higher the plate potential the more readily will 
the electrons be drawn through the openings of the grid, and 
the smaller will be the grid current. But if the plate becomes 
less positive at the same time that the grid becomes more positive 
(as shown in Fig. 157), there is a tendency for the grid current to 
become much greater, and if the potential variations impressed 
on the grid become so great that the maximum positive grid 
potential becomes equal to or perhaps greater than the simul- 
taneous minimum plate potential, then the grid can rob the plate 
of so much current that the characteristic representing the plate 
current as a function of the grid potential becomes apparently 
saturated at a current value which is lower than the actual satura- 
tion current at the temperature of the filament. This effect is 
shown in Fig. 171 which represents the static characteristics of the 
tube for various fixed values of the plate potential. When the 
tube operates in an oscillation circuit, which is so adjusted that 
the reactance in the plate circuit is practically zero, the dynamic 
characteristic of the plate circuit is represented by the curve AOB. 
The normal grid potential, when the tube does not oscillate, is 
represented by the value Ec- When oscillating, the plate poten- 
tial decreases when the grid potential increases and vice versa. 
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so that the characteristic is given by AOB instead of the static 
characteristic A'0'B\ At B the plate and grid potentials become 
comparable, and the plate current begins to decrease. This 
plate current is less than the emission current; that is, the current 
represented by the total number of electrons leaving the filament. 
The point B represents the maximum potential that the grid can 
acquire without causing too much waste of power. 

The mutual conductance of the plate circuit can be repre- 
sented by the slope of the straight line joining A and B. The 
instantaneous value of this quantity is zero at B and A, and has a 



maximum value at 0, but the mean value which is determined 
by the integrated slope of the curve is finite. 

92. Output Power. The value of the grid potential at 
which the bend B in Fig. 171 occurs, depends on the resistance 
of the external plate circuit. The current in this resistance ro 
causes a potential drop which reduces the potential on the plate, 
since the voltage of the plate battery remains constant. The 
larger this resistance the greater will be the decrease in the plate 
potential when the current in the plate circuit increases, and the 
sooner will the bend in the characteristic occur. Also, the greater 
the external resistance, the smaller will be the slope of the dynamic 
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characteristic. Fig. 172 shows the dynamic characteristics for a 
number of different values of the external plate resistance ro. 
The characteristic OB is obtained for the largest, and OE for the 
smallest external resistance. If the tube operates, for example, 
in a circuit like that shown in Fig. 152, the impedance of the parallel 
circuit L 2 r and C is given by 

jr _ r (1 — ui^CL^ + .(11L2 ( 1 — L2) — wCr^ 

(1 - co2CL2)2+co2CV '^^~iT-o>^CL2)-oPC^r ■ 

The resistance or real component of this impedance at the 
resonance frequency is given by ro=^. The characteristics 



OB, OC, etc., correspond to different values of this resistance. 
The maximum power output in each case is obtained when the 
grid potential rises up to the value indicated at the bend. If, 
now, the output for each of these resistances ro be plotted as a 
function of this resistance, we obtain a curve such as that shown 
in Fig. 173, which shows a maximum for a particular value of the 
external resistance ro. This resistance is equal to the plate resist- 
ance of the tube. From the maximum value given in Fig. 173, the 
ratio of the inductance to the capacity of the oscillation circuit 
can be determined, which gives the maximum output power. 
In general, maximum output power does not necessarily mean 
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maximum efficiency. This will become evident from considera- 
tions in the next section. 

93. Efficiency.— The efficiency of the oscillator can be ex- 
pressed by the ratio of the power supplied to the oscillation circuit 
to the power drawn from the source of plate voltage (battery, 
generator, etc.). Strictly speaking, the overall efficiency should 
take account also of the power expended in .heating the filament. 
In high power oscillators this power can usually be neglected, 
as will become evident from the following considerations. Of 



the power drawn from the source of plate voltage part is dissi- 
pated at the plate and serves no useful purpose. This we shall 
refer to as Pp. The remainder, Po, of the power drawn from the 
plate battery, is delivered to the oscillation circuit. If we neglect 
the power expended in heating the filament, the efficiency can be 
expressed as: 

Efficiency. 

where Pb represents the power supplied by the plate battery and 
is equal to the product of the direct current h and direct voltage 
Eb in the plate circuit. 
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For a fixed value of the efficiency, the power drawn from the 
plate battery is a measure of the power supplied to the oscillation 
circuit. This can be increased by increasing either the plate cur- 
rent or the plate voltage. In the former case, the filament area 
or the filament temperature, or both, must be increased and then 
the power expended in heating the filament may become com- 
parable with, or even greater than, the power in the plate circuit. 
If, on the other hand, the power in the plate circuit be increased 
by increasing the plate battery voltage, instead of the current, 
the power expended in heating the filament becomes relatively 
smaller and smaller. It will be evident that even if the saturation 
current obtained from the filament remains relatively small, the 
power can be increased to almost any desired value by sufficiently 
raising the voltage of the plate current supply. Of course, in 
doing so the operating point of the characteristic rises to higher 
current values and may even fall on the saturation part of the 
characteristic, but this can be prevented by increasing the nega- 
tive potential on the grid or increasing the value of the amplifica- 
tion constant /x. As was explained in Chapter VII, the plate 
potential necessary to give any chosen value of plate current 
increases as /x is increased. The limitation to increase in power by 
this means is not inherent in the tube, but is determined almost 
entirely by the available source of high voltage direct current. 
The plate voltage is usually supplied by one of three means: 
Battery, d-c. generator, or vacuum tube rectifying system, such 
as those explained in Chapter VI. Batteries are costly and are 
seldom used for high-power tubes, while high-voltage d-c. gene- 
rators are at present inefficient. Vacuum tube rectifying systems 
have been used successfully and are capable of giving very high 
voltages but care must be taken to smooth out the rectified cur- 
rent wave, and the extent to which it is smoothed out by means of 
filters, for example, depends on the resistance of the load in its 
output. If satisfactory d-c. generators could be made to give 
from 10,000 to 20,000 volts, it would be possible to get several 
kilowatts output power from tubes that are relatively inexpensive 
and simple to make. 

In considering the efficiency, we shall neglect the power dis- 
sipated in heating the filament. 

Let Ep, Eg, Ip be the instantaneous plate and grid potentials 
and plate current, and E,, Ec, h, the corresponding d-c. values 
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when the alternating components are zero. Let etc., be the 
corresponding R.M.S. values, and e\ the maximum a-c. values. 
From the curves shown in Fig. 157, it follows that 

Ep = Ei)-\-e'pmi'pt, (29) 

and referring to Fig. 152, we see that 


Ip = h—I = Ib—i' sin pt 


(30) 


The power dissipated at the plate is given by 



(31) 


or, putting in the values from the above two equations and integrat- 
ing: 


P^=EJ,-^-^=P,-Po. 


(32) 


The power dissipated at the plate is therefore equal to the 
power supplied by the plate battery minus the power supplied 
to the oscillation circuit, and the eflSciency is 


2iEbIb 


(33) 


This is never greater than 50 per cent and becomes equal to 50 
per cent if the plate current oscillates over the whole range of the 
characteristic and the maximum value of the alternating plate 
potential is such as to reduce the plate potential to zero at the 
moment when the grid has its maximum positive potential. Under 
these conditions e'v — Eb, and i' =Ib- 

This expression was derived on the assumption that the values 
of Ep and Ip are always within the limits of the characteristic. 
There is, however, another way in which the tube can be operated, 
which gives higher efficiency. This can be done by so propor- 
tioning the plate and grid potentials that the plate current flows 
only during a small part of the cycle. Taking, for example, the 
case in which the plate and grid potentials are so adjusted that 
the operating point does not lie on the characteristic, but is sit- 
uated beyond the intersection of the characteristic with the axis 
of the grid potential as indicated at A (Fig. 174) , it will be seen 
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that the plate current flows only during a part of the half period 
during which the a-c. component of the grid potential is positive. 
Dui ing the time that the plate current is zero, the power dissipated 
at the plate is, of course, zero. When current flows to the plate 
the potential of the plate decreases on account of the voltage 
established in the external resistance. If the current could 
become so large that the potential of the plate is reduced to 



practically zero, the power dissipated at the plate is again nearly 
zero, so that the total power dissipated at the plate becomes very 
small. In the extreme case in which the current at a given grid 
potential rises suddenly to such a high value that the plate poten- 
tial is almost immediately reduced to zero, the total power dis- 
sipated at the plate would become zero and then the efficiency 
would be 100 per cent. This is, of course, a theoretical limit 
which never obtains in practice. The plate potential would hardly 
ever drop down to zero because when it drops so low as to become 
about equal to the simultaneously occurring instantaneous value of 
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the grid potential, the electrons coming from the filament would 
be diverted to the grid and the plate current would decrease, so 
that in general the plate potential would not at any time becom.e 
lower than the grid potential. 

The increase in efficiency, when operating the tube somewhat 



in the manner described above, can be explained with reference 
to the curves in Fig. 175. These curves are drawn for the con- 
ditions that current to the plate flows only during part of a cycle, 
and that the plate potential when the current is a maximum is 
reduced to a small value. For such an irregular set of curves 
the simple analysis given above, and which led to equation (33), 
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cannot readily be applied. But the efficiency can still be expressed 
by the equation 

Pq _ 

Po-^Pv jEJdt+jEpIrdt 

In Pig. 175, the horizontal dotted lines represent the axes of 
zero values. The plate current is represented by the curve just 
above the plate potential curve. The output current is repre- 
sented by 7, and indicated by the curve below the plate potential 
curve. This current has a mean value indicated by the dotted 
line. The plate current Ip flows only during the period indicated 
by MN. During this period the plate potential drops and the 
power dissipated at the plate, which is given by j' E pi pdi^ is rep- 
resented by the area A. The output power, on the other hand, 
is given by j^EpIdt, and is represented by the difference between 
the shaded areas B and C. This power, for the conditions chosen, 
is greater than the power dissipated at the plate, the efficiency for 
the values chosen here being about 70 per cent. 

Fig. 176 shows oscillograms of the currents and voltages taken 
under such conditions that the plate current remains zero during 
about half of a complete cycle. For this I am indebted to Mr. 
J. C. Schelling. The photograph shows two sets of curves taken 
on the same film. 7o represents the current in the oscillation cir- 
cuit and is 90° out of phase with the plate current Ip. The grid 
current 7^ is in phase with the plate current and the grid potential, 
and these quantities are nearly 180° out of phase with the plate 
potential Ep. 

J. H. Morecroft ^ has computed the eflBciency for a number of 
assumed shapes of the plate current wave. These curves are 
shown in Fig. 177. Below the figure are indicated the power 
dissipated at the plate, the output power and the eflhciency for 
each of the assumed shapes of the plate current waves. In the 
last case, where the current wave is assumed to be rectangular, 
the efficiency rises to a value of 82 per cent. This represents the 
best condition as far as output power and efficiency are con- 
cerned, but in general the output power decreases as the efficiency 
increases because this assumed shape of wave is not obtained in 


1 Transactions of A.I.E.E., 1919. 
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practice. In practice it is therefore necessary to compromise 
between efficiency and output power. 

The importance of high efficiency becomes apparent when 
considering that the limiting factor in a tube is the amount of 
power that can be dissipated at the plate. This is limited by the 
factors discussed in Section 31. If we write r) for the efficiency, 
we see from equation (34) that the output power is given by 



Since Pp is a fixed quantity for a given tube, the output power 
could be made very large by making 17 large. For example, if 



the efficiency could be as high as. 90 per cent, and if the plate is 
capable of dissipating, say, 500 watts, then the output power 
would be about 4.5 kw. This would not require a very large tube. 
The total area of the plates that would be necessary for a dissi- 
pation of about 500 watts ranges from about 50 to 100 sq. cm., 
depending on the material used for the plates. When using a tube 
in this manner, it is necessary to remember that when the tube 
stops oscillating, for example, when the oscillation circuit is 
detuned, the total power supplied by the plate batteiy will be dis- 
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sipated at the plate and may cause the liberation of too much gas, 
or even melt the plates. It is therefore necessary to insure that 
whenever the oscillations should stop, the plate battery be imme- 
diately cut out, or its voltage be sufficiently reduced. 

94. Method of Adjusting Coupling between Output and Input. 
In order to obtain the best operation with a tube, it is necessary 
to adjust properly the coupling between the output and input 
circuits. In most circuits this is readily done by making use of 
any of well-known means of changing the mutual reactance. 
In some circuits, however, changing the coupling also changes 
the oscillation frequency. Fig. 178 shows, for example, a Col- 



Fig. 178. 


pitts circuit; that is, a circuit in which the coupling between 
input and output is capacitive. The coupling is changed by 
changing the condenser C%, but it will be seen that this at the 
same time changes the frequency of the oscillation circuit LCiC 2 - 
This is usually taken care of by inserting another condenser Ca, 
the capacity of which is then so adjusted as to bring the fre- 
quency back to its original value. Such a circuit requires two 
adjustments when it is necessary to change the coupling while 
keeping the frequency constant. 

A circuit which avoids this double adjustment has been 
described by R. A. Heising.’- This circuit is shown in Fig. 179. 
The oscillation circuit is given by LC 1 C 2 and the mutual reac- 
tance between the output and input is varied by varying the con- 
tact Q. This adds an inductive reactance to the capacitive 

^ Loc. cit. 
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reactance, thereby changing the mutual reactance between the 
output and input circuits. It will be recognized that if the plate 
is connected to the point Q', the circuit is the same as that shown 
in Fig. 178, with the capacity Ca omitted. This means of adjust- 
ing the coupling does not appreciably change the oscillation fre- 
quency. 

95. Influence of the Operating Parameters on the Behavior 
of the Oscillator. It will be realized that there are a large number 
of factors that determine the operation of a vacuum tube oscillator. 
The most important of these factors are the filament current, 
d-c. plate and grid potentials, plate and grid coupling and oscillation 
circuit resistance. When it is a mere matter of obtaining an 



alternating current by means of the vacuum tube, very few 
adjustments will serve the purpose. It will usually be found that 
the tube starts oscillating immediately on closing the plate and 
filament circuits. If it fails to oscillate a slight increase in fila- 
ment current or plate voltage, or both, will set the tube oscillating. 
If, on the other hand, it is desired to obtain maximum power out- 
put at the maximum efficiency consistent with it, the adjustments 
have to be made carefully, but with a little practice the whole 
operation reduces to a simple one. Some of the operating para- 
meters are fixed by the limits of the tube and circuit. For exam- 
ple, the tube may be designed to operate on a certain range of 
filament current and plate battery voltage. This automatically 
fixes two parameters. The manner in which the behavior of the 
oscillator is influenced by these various parameters can be explained 
with reference to the following diagrams. These represent in a 
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general way, what can be expected with commonly used types of 
tubes. The nature of these curves could be expected to vary some- 
what with different types of tubes.^ One of the most important 
variables is the filament current. The influence of the filament 
current on the operation of the tube can be understood by lef erring 
to Figs. 17 and 18, that were discussed in the beginning of Chapter 
IV. Fig. 17 gives the relation between the output current and 
the plate or anode voltage. Wlren using the tube as oscillator, 
we operate over the sloping part OA of the characteristic. The 
three sets of curves shown are for different values of the filament 
current. Fig. 18, on the other hand, gives the relation between 
the anode current and the temperature of the filament or the fila- 
ment current. But the sloping part of this characteristic repre- 
sents a temperature of the filament which is so low that the plate 
potential is sufficiently high to draw all the electrons away to the 
plate as fast as they are emitted from the filament. The condition 
which may be characterized as temperature saturation is repre- 
sented by the horizontal poition CD of the curve, and obtains 
when the number of electrons drawn to the plate is less than the 
total number emitted. The part CD of Fig. 18, corresponds to 
the sloping part of OA of Fig. 17; hence, for a given d-c. plate 
potential it is necessary that the temperature of the filament be so 
high that we operate on the horizontal part of the plate current, 
filament current characteristic. If this is not the case, the varia- 
tion in output current with the variation in the grid potential is 
too small to produce oscillations. The dependence of the oscilla- 
tion current and the plate current upon the filament current is 
indicated in Fig. 180. If the filament current is below a certain 
value given by A, the tube does not produce sustained oscillations. 
Filament currents below this value correspond to the saturation 
part of the curve giving the plate current as a function of the plate 
potential. If the filament current is raised beyond the value 
indicated by A, the tube starts oscillating and the oscillation 
current increases until, when temperature saturation is obtained, 
it shows no further increase with increase in filament current. 
In order to secure the best operation, therefore, the filament cur- 
rent should not be less than the value indicated by D. On the 

^ A variety of experimental curves have been obtained by Heising with a 
standard VT-2 type of tube and published in the Journal of the A.I.E.E., 
May, 1920. 
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Other hand, the filament current should not be increased much 
beyond this value because that would shorten the life of the tube. 

If the tube is operated with a resistance Rs in the grid circuit, 
as indicated in Fig. 169, for example, the value of the oscillation 
current obtained depends on this resistance, in the manner shown 
in Fig. 181, where the lowest curve represents the highest leak 
resistance Rs in the grid circuit. The oscillation current is less 
for the higher resistance, but the horizontal part of the curve 



starts at a lower filament current. On the other hand, if the 
oscillation current be plotted as a function of the filament current 
for various values of the plate potential, a set of curves is obtained 
similar to that shown in Fig. 181, except that the lowest curve 
would represent the case for the lowest plate potential, so that 
although the output can be increased by increasing the plate bat- 
tery voltage, the horizontal part of the curve is reached at a higher 
filament current. The filament current at which the bend in the 
curve occurs can be taken to represent the safe temperature of 
the filament. It will be seen then that the safe temperature 
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increases with increase in plate potential and decreases with 
increase in the grid leak resistance. By making use of these 
two variables, plate potential and grid leak resistance, a com- 
promise can be effected to give the best output for the longest life 
of the filament. 

The relation between the oscillation current and plate poten- 
tial is shown in Fig. 182.^ The tube starts oscillating at a plate 
potential depending on the adjustments of the circuit. If the 
plate voltage be raised, the oscillation current increases almost 



linearly with it. As the grid leak resistance is increased, the slope 
of this line becomes less and the oscillation current for given plate 
potential becomes less. The value of leak resistance Rs that gives 
satisfactory operation usually lies in the neighborhood of 5000 to 
10,000 ohms. 

When a grid battery is used to maintain the grid at an appro- 
priate negative potential, the tube behaves differently from the 
manner explained above, where the negative grid potential was 
maintained by means of the grid leak resistance Rs- For example, 
with a battery in the grid circuit the oscillations will usually not 
^ R. A. Heising, loc. cit. 
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start until the plate voltage is raised to a higher value than that 
necessary when using the grid leak resistance instead of a battery. 



Fig. 182 



Fig. 183. 

If the plate voltage be further increased, the oscillation current 
increases almost linearly as indicated in Fig. 183. But if the plate 
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voltage be again reduced, the oscillations will persist until this 
voltage reaches a value which is quite appreciably lower than 
that necessary to start the oscillations. 

The output power as a function of the plate battery voltage 
can be represented by a curve like that shown in Fig. 184, which 
shows a rather rapid increase as the plate voltage is raised. To 
obtain increase in output power by increasing the plate voltage, 
it is, of course, necessary to insure that the filament current is 



high enough to prevent the space current from becoming sat- 
urated. Also, the power delivered to the oscillatioD circuit depends 
on the resistance of this circuit and the resistance of the tube. The 
latter depends on the d-c. plate potential so that in general an 
increase in the plate battery voltage would necessitate a read- 
justment of the capacity and inductance in the oscillation circuit 
to give the maximum output power. 

96. Range of Frequency Obtainable with the Vacuum Tube 
Oscillator. Circuits for Extreme Frequencies. The vacuum 
tube has been used to give oscillations having a frequency ranging 
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from a fraction of a cycle per second to many millions of cycles per 
second. For low frequencies, the frequency is determined almost 
entirely by the inductance and capacity in the oscillation circuit, 
and the only limitation to this end of the scale is the size of the 
inductances and capacities. For very high frequencies, the fre- 
quency of the oscillation is determined mainly by the electrostatic 
capacity between the electrodes of the tube and by the inductances 
and capacities of the wires connecting the electrodes. The upper 
limit to the frequency obtainable depends mainly on the inter- 
electrode capacities. 



HH 

Fig. 185 


When very low frequencies are desired, it is best to use a Hart- 
ley circuit, in which the two coils Li and L 2 of Fig. 159 take a form 
of an iron core transformer such as is shown in Fig. 185. By 
means of such a circuit it has been possible to obtain frequencies 
as small as a fraction of a cycle per second. 

When it is desired to obtain exceptionally high frequencies, 
the inductances in the oscillation circuit can be reduced to the 
utmost extent, until they take the form of short straight wires 
connecting the electrodes. The capacity between grid and plate 
forms the capacity of the oscillation circuit. A circuit which 
has been used, for example, by W. C. White, ^ to obtain a fre- 

1 General Electric Review, Vol. 19, 771, 1916. 
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quency of fifty million cycles per second is shown in Fig. 186. 
The grid inductance is furnished by the connecting wire GAP and 
the plate inductance by the connecting wire PDB, The plate 
current is supplied by the battery Ei, through the choke coil Li. 
Cl represents a by-pass for the high frequency and is so large that 
it does not affect the oscillation frequency. W represents a long 
pair of parallel wires connected to the system through the small 
capacities C2 and C3. By suitably adjusting the bridge Hj stand- 





Fig. 186 . 


ing waves can be obtained. In White’s experiments these waves 
were about 6 meters long. This circuit represents a very simple 
means of demonstrating standing waves. The vacuum tube is 
much superior to the induction coil frequently used in laboratories 
for this demonstration experiment. By using tubes that are 
specially designed to have low electrostatic capacities between its 
electrodes, it is possible to obtain waves of a few feet in length. 


CHAPTER IX 


MODULATION AND DETECTION OF CURRENTS WITH THE 
VACUUM TUBE 

97. Elementary Theory of Modulation and Detection. In the 

applications of the vacuum tube considered so 
tZ the characteristic of the plate circuit be 
For example, when using the device as an 

in Chapter VII that the external impedance m the plate circmt is 
usuauTmade so large that the current voltage characteristic of 
the plate circuit is sufficiently straightened out to ‘‘Jiable us to 
neglelf quantities of higher order than the ffish ]^en u.n£h^ 
tute as an oscillation generator, it is also ^ 

characteristic because the curvature mtroduces harmomcs whic 

th^ TohowiCshall consider those appUcations of the 

» of TtuS to mSiS Hgh f«,uo»ey cwteote for 

purposes of siguaUng 

the^Stinf the devic. 

express the characteristic by a ^ Chapter IHi which 

tXtr.‘‘SSrdSc»eot^ t.e 

Lall quantity . we can write this K,uation m the form 

( 1 ) 




1 ,he f, motion f is not linear and, themfore, i a smi^idal 
In general the ^ of the tube, the output wave 

voltage be impressed upon the mp 57 For 

will be distorted m ® ^ varying current in the output 

such a condition we can express tne varying 
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as a function of the sinusoidal voltage impressed upon the input 
by a simple power series, 


J = aie+a2e^+ 


( 2 ) 


where J represents the varying current and will in general have 
the form of a lopsided wave, and will, therefore, comprise currents 
of different frequencies and a direct-current component. This 
series, it has been found, usually converges so rapidly that we can 
neglect all quantities of higher order than the second. Experi- 
mental proof of this will be given later on. The first term cf 
equation (2) represents a current having the same frequency 
as that of the input voltage e. The second term is the one which 
gives rise to modulation and detection effects. 

To evaluate the coefficients ai and a 2 , we can proceed in the 
manner* given by J. R. Carson.^ Carson has considered two 
cases, namely, when the output circuit contains a pure non- 
inductive resistance and secondly when the output circuit contains 
a general impedance. In order to derive an expression for the 
coefficient a 2 in terms of the parameters of the tube, we luhall 
discuss only the first case, namely, in which the plate circuit 
contains only a pure resistance. 

The quantities to be considered in the circuit can be expressed 
as follows: 


Ep=JEi)-\-v ‘, 
Eg = Ec~\~^ 


( 3 ) 


where I&, Eb and Ec represent the d-c. values of plate current, and 
potential, and grid potential, and Ip, Ep and Eg are the quantities 
that obtain as a result of the variations J, v and e superimposed on 
the d-c. values. Substitution of equation (3) into (2) gives; 

J==Pi(jjLe+v)+P2(fie+v)^+ ....... (4) 


where Pi, P 2 , etc., are given by 

P =i(^] 

nl\dE%/ Ep^Eb 


( 5 ) 


1 J. R. Carson, Proceedings I.R.E., VoL 7, p. 187, 1919. 
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The physical significance of the differential parameters Pn become 
apparent when they are evaluated with the help of the character- 
istic equation (1). Thus, 


p _ _ i 

^ dEb Tj, 
P 


2rp2 


( 6 ) 


wrhere r^p is the plate resistance of the tube and r'p is the variation 
in the plate resistance due to the curvature. These equations now 
enable us to evaluate the coeflS.cients ax and a 2 of equation (2). 
To do this it should be noted that the variation v in plate voltage 
is equal and opposite to the voltage drop established in the external 
resistance ro due to the varying current J in the output. Hence, 
substituting v— —tqJ into equation (4), we get: 


«/ = Pi(At6— rof7)+p2(/xe— roJ)^+ . * . , . . . (7) 


This equation now gives the var3dng current J in terms of the 
input voltage e and the parameters of the tube and circuit. To 
express J as an exphcit function of the input, we. can substitute 
the series for J given by equation (2) into equation (7) and equate 
coefficients of like powers of e. When this is done the expression 
for the varying current J becomes. 


ixe 1 p^r'pTpeP- 
j,+ro 2(rp+ro)® 


If the characteristic is linear, the plate resistance Vp is constant 
and, therefore, its derivative r'p is zero. This makes the second 
term of the above equation zero. Hence, replacing the varying 
values J and e by the R.M.S. values ip .nd e,, equation (8) reduces 
to equation (22) given in Chapter VII. 

The second term of equation (8) represents the property of 
the tube that enables it to act as a modulator and detector. 
The value of the coefficient given by the second term in equation 
(8) will be helpful in the interpretation of the equations that 
foUow. For the present we shall use equation (8) in the simple 
form 


J=aie+a2^, 


( 9 ) 
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to explain how the second term is instrumental in producing mod- 
ulation and detection. 

98. Modulation. Suppose that a tube be inserted in a cir- 
cuit such as that shown in Fig. 187. Let high frequency currents 
be impressed at H. F. and low frequency currents, lying within 
the audible range, at L. F. The total input voltage on the tube 
is then, 

e=ei sin pt+e 2 sin (10) 

'PC! 

where and — represent the high and the low frequencies 

respectively. In order to obtain the output current, we have 
to substitute this expression for e in equation (9). When using the 



Fig. 187 . 


tube as a modulator, we are interested only in currents having 

frequencies lying ‘within the range Hence, substituting 

Ztt 

(10) into (9), evaluating and dropping all terms having frequencies 
lying outside of this range, we obtain, 

J=aiei sin pt+ 2 a 2 eie 2 sin pt sin qt . . . (11) 

This expression represents a wave of varying amphtude as shown 
in Fig, 188, the amphtude of the high frequency carrier^ wave 

^ The word “ carrier ” is here used as a general term to indicate the high 
frequency wave, which is modulated by the signaling wave. It has also a 
more specific meaning in which it refers to the transmission of high fre- 
quency currents over wires. 
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varying in accordance with the audio frequency wave impressed 
on the input of the tube. 

We can, for purposes of explanation, write equation (11) in 
the form, 

sin pt(l+B sin qt) (12) 




The way in which a wave of the type shown in Fig. 188 is pro- 
duced by the vacuum tube, becomes apparent when we consider 
the characteristic. For example, Fig. 189 shows the plate cur- 
rent grid potential characteristic. Suppose a constant potential 
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Ec be applied to the grid so that the normal plate current is rep- 
resented by the ordinate AO. Now let a high frequency voltage 
of amplitude Oa be superimposed on this constant grid potential. 
The output current wave will then have the amplitude given by 
ah. If the grid potential be increased to the value BC and a high 
frequency voltage of the same amplitude as before be impressed 
on the input, the output current wave will have an amplitude 
a"6", and this is smaller than before. If, on the other hand, the 
grid potential be reduced to the value DC, the amplitude of the 



output current wave for the same amplitude of Input becomes 
greater and is represented by aV. If now, we impress on the 
input not only a high frequency voltage of constant amplitude 
Oa, but also at the same time a low frequency having an amplitude 
equal to say AB, then the amplitude of the output current wave 
will alternately increase and decrease at a frequency equal to that 
of the low frequency wave impressed on the input and the result 
is an output current wave of the shape shown in Fig. 188. Fig. 
190 represents the input and output waves. The input wave is a 
high frequency of constant amplitude superimposed on a low fre- 
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quency, while the output wave is a high frequency of varying 
amplitude superimposed on a low frequency. If the output circuit 
(Fig. 187) be tuned to the high frequency, the low frequency cur- 
rent variations are filtered out, thus resulting in the wave shown in 
Fig. 188. 

If the low frequency voltage impressed on the input circuit 
has such a value that the maximum negative potential of the grid 
becomes equal to CF (Fig. 189), the current is reduced to zero and 
the modulated output wave then takes the form showm in Fig. 191. 
The wave can then be said to be completely modulated. When 
this happens the coefl&cient B in equation (12) is unity and the 
maximum amplitude of the high frequency wave when the grid 
has its minimum negative potential is then 2A, In some measure- 
ments it is very important to insure that the wave is completely 



modulated as will become evident later on when we come to com 
sider measurements on the detecting efficiency of tubes. 

The second term in equation (11) gives a measure of the extent 
to which a wave is modulated. The coefficient a 2 is given by 
equation (8), namely, 




2 (r,+ro)3' 


(13) 


The amplitude 
to 


of the modulated wave is, therefore, proportional 


6162 • 


iJ^rpr'p 

{rp+rof 


(14) 


It is, therefore, proportional to the product of the amplitudes of 
the audio and the radio input voltages and to the curvature r'p 
of the characteristic. The modulated output power is also pro- 


portional to 


, and this is a maximum when ro is equal to 

(ro+r.)®’ 
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ivp, a result which, was stated by Carson.^ If we put To=nrp 
expression (14) may be written: 


eie2r 'p 

(l+n)3 Vj,/ ’ ‘ 


. . (15) 


which shows that the value of the device as a modulator depends 
on the ratio of /x to Tp, This quantity which is the mutual con- 
ductance of the tube has also been found to be a measure of the 
figure of merit of the tube as amplifier and as oscillation generator. 

99. Modulation Systems.' The results derived above can be 
interpreted by stating that a device will operate as a modulator 
if it has a varying resistance characteristic; the resistance to the 
radio frequency currents is varied in accordance with audio fre- 
quency currents. There are, therefore, two main systems whereby 
modulated currents can be transmitted over a line or from an 
antenna. The first is exemplified in Fig. 187. Radio frequency 
and audio frequency voltages are impressed on the grid and the 
resulting modulated current in the output of the tube is trans- 
mitted over a line or antenna of constant impedance. The 

antenna must then be tuned to a frequency range where ^ 

Zt Ztt 

is the carrier or radio frequency and ^ the audio frequency. 

Ztt 

In telephony ^ covers a range of from about 100 to 2000 or 3000 

cycles per second. The antenna must, therefore, be tuned so 
that it has approximately the same impedance for frequencies 
covering a range of about 2000 cycles. This is also a condition 
for ordinary wire telephony which requires that the telephone line 
should be capable of transmitting this whole range of frequencies 
with about equal facility. The only difference is that in ordinary 
wire telephony the frequencies cover a range up to about 2000, 
whereas in carrier or radio telephony the frequencies cover the 
same range but their actual values are in the neighborhood of the 
carrier frequency. 

The other system consists in impressing a high frequency 
directly on the antenna or fine and then varying the resistance 
of the antenna in accordance with audio frequency. Such a 
system is shown schematically in Fig. 192, which shows the modu- 

iLoc. cit. 
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lator M in shunt with the antenna inductance, that is, the antenna 
inductance is shunted by the plate resistance of the modulator 
tube. The amount of current in the antenna, which is supplied 
by the high frequency oscillation generator, will, therefore, depend 
on the resistance of the tube ilf. This resistance is varied in 
accordance with the speech voltages impressed on its input in the 
manner explained with reference to Fig. 189. 

A modification given by R. A. Heising ^ is shown in Fig. 193. 
The oscillation circuit shown here is the same as that given in Fig. 
179, the capacity of the antenna forming the capacity C 2 of Fig. 



179. The oscillator and modulator are both supplied by a batteiy 
through a low frequency choke coil which insures that they are 
both supplied with constant direct current. The speech or audio 
frequency voltage is impressed on the grid of the modulator by 
means of the transmitter through the transformer as indicated. 
Between the plates of the modulator and oscillator is a high fre- 
quency choke. If the telephone transmitter is not actuated, the 
oscillator tube supplies high frequency currents of constant ampli- 
tude to the antenna. If now an audio frequency voltage be 
impressed on the grid of the modulator, audio frequency currents 
are established in the output circuit of this tube and consequently 
1 See Ckaft and Colpitts, Proceedings, A.I.E.E., Vol. 38, p. 360, 1919. 
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the potential of the plate of the oscillator varies in accordance 
with the low frequency, thus producing low frecpicticy variations 
in the amplitude of tlie high frequency oscillations obt-aiiUHl from 
the oscillator and impressed on the antenna. Tlu^ (coupling is 
adjusted by sliding the contact Q as explained in connection with 
Fig. 179 in Chapter VIIL 

A number of modulating and transmit, ting (‘ircniit-s hav(^ l)een 
suggested. The circuit shown in Fig. 194 ^ is a,nother illustration 
of the application of the principles given in the fon^going. This 
circuit is so arranged that the high fre(|uen(‘.y is imi)ress(‘,d at 11. F. 
in such a way that the grids of both tubes are in phase. The high 



frequency currents in the output coils, therefore, flow in opposite 
directions and the output in the secondary of the transfonner To 
is zero. But if the audio frequency voltage is impressed m indi- 
cated at L. F., the grid of the one tube becomes positive when 
the other becomes negative so that the resistance of the one tul)e 
is reduced while that of the other is increased. This causes an 
increase in the amplitude of the high frequency currents flowing 
through the one tube and a decrease in the amplitude of those 
flowing through the other tube. In this way, therefore, energy 
is radiated only during the time that the tube is actuated by the 

1 British Patent 130219, 1918. 
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speech voltage. What is transmitted then is only the waves 
given by the second term of equation (11). 

, 100. Detection. The mechanism of detection is identical 

f with that of modulation and is due to the same cause, namely, 

the curvature of the characteristic. In general, therefore, the 
equations derived above are applicable also to the problem of 
radio detection with the thermionic tube. The only difference 
I is that in this case we are concerned with a different range of 

f frequencies. While in the case of the modulator, the output is 

I tuned to radio frequencies, in the detector the output is tuned 

[ to audio frequencies because the problem of detection involves 



Fig. 194 . 


. transforming high frequency into low frequency currents so tlmt 

I they can become audible. We can, therefore, use equation ( ) 

to determine the low frequency output of a detector. In t ^ 
case, however, we are not concerned with the first term at all. 
r For example, if a radio frequency e sin pt be unpressed upon the 

f input of a detector, the output current is given by: 

I J=:aiesiapt +~ — cos 2 pi. . • • (16) 

' The first term is simply an inaudible high frequency. It need, 

1 therefore, not be considered and we can write instead of equation 

^ ( 9 ) the equation for the instantaneous detectmg current la as 

t 
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where a is written for a 2 . We shall refer to a as the detection 
coefficient. Its value in terms of the parameters of the circuit 
is given by equation (13). 

Equation (16) contains only high frequency components and a 
d-c. component. The (i~c. component of equation (16) makes 
possible the detection of high frequency incoming currents im- 
pressed on the input of the detector, if the output of the detector 
contains a d-c. current measuring instrument which is sensitive 
enough to indicate a change in the plate current given by the sc^c- 
ond temi of equation (16). When a telephone receiver is used in 
the output continuous incoming waves of constant amplit-ude 
cannot be detected, because equation (16) does not contain an 
audio frequency term. The incoming waves must either be mod- 
ulated high frequency waves or if they are continuous waves 
of constant amplitude, the heterodyne method must be used to 
detect them (see Section 109). If a modulated high fiequency 
wave such as that given by equation (12) be impressed on the 
detector, the instantaneous value of the detecting current is given 
by 

Id — a\A sin pt (H-JB sin qt)]^ (18) 

In evaluating this expression, all terms containing frequencies 
that lie outside the audible range can be neglected. This gives: 

Id = aA^ B sin qt ^ — cos 2qt (19) 

Now q in equation (12) represents the low frequency component 
of the modulated wave. It is seen, therefore, that in view of the 
curvature of the characteiistic of the tube the output current 
contains a term of the same frequency as the audio frequency with 
which the carrier wave was modulated. It also contains a term 
having twice the audio freqxiency. This term is, however, usually 
so small as not to cause any appreciable distortion of the wave in 
the output of the detector. 

In deriving these expressions it is assumed that the grid does 
not take appreciable current. The circuit in which the detector 
can be used to comply with the above equations is shown in Fig. 
195. The input circuit LC is tuned to the frequency of the incom- 
ing oscillations and the grid is kept negative with respect to the 
filament by means of the battery Eg. The condenser Ci serves as 
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a by-pass to the high frequency currents in the output circuit, the 
audio frequency component of the output passing through the 
telephone receiver. 

A receiving circuit that is commonly used and in which the 
battery is replaced by a condenser, will be discussed later on. 
(Section 103.) 

It will be apparent that the reason why equation (19) con- 
tains a term having the same frequency ^ that is used to modu- 

JiT 

late the wave at the transmitting station, is because the incoming 
wave, which is given by equation (12), contains both the terms 
A sin pt and AB sin pt sin qt If the incoming wave were of the 



Fig. 195. 


form C sin pt sin qt, simple trigonometry will show that the only 
audio component of the current in the output of the detector is 
one which has double the modulating frequency, the audio 


detecting current being given by: 

Id = sin^ pt sin^ qt, (20) 

which on evaluating and dropping inaudible terms becomes. 

j^ = C2 cos 2g<. ....... (21) 


It follows therefore that in order to obtain the modulating 
frequency — , the waves impressed on the input of the detector 

^ 2'7r 
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must be made to include a wave of the desired strength having 


the frequency 

Ztt 


101. Root Mean Square Values of Detecting and Modulated 
Currents. The above equations give tlu^ instantaiK'ous valiums 
of the currents or voltages considcu-ed. The ll.M.S. values can 
readily be obtained. Thus, the ll.M.S. value la of the dcdeeting 
current, the instantaneous value of which is givc^n by (‘quation 
(19) is: 


ia = (i 



( 22 ) 


If we neglect the small double fn^qucmcy quantity givcm by the 
second term in the parentlu^sis, id reducers to the common form 




ajm 

'V2' 


(23) 


The R.M.S. value of the modulated inptit voltages a,s givcm by 
equation (12) can be obtained by putting p — nq^ since p is large 


compared with q. 


covers frequencies ranging to 2()(K) or 
/tt 


3000 cycles per second, while ^ is generally of the ordc^r of s(w- 

Ztt 

eral hundred thousand cycles per second). The R.M.S. of t.lu^ 
modulated wave which can be taken as the effective input volt- 
age eg on the grid of th(j detector, then becomes: 


’-M 


1+"- 

i-r 2 


(24) 


and involves B which is a measure of the extent to which the 
wave is modulated. If the wave is completely modulated B—l, 
as was explained in Section 98. In this case, remembering that 
the peak value of the high frequency is 2A we find that the ratio 

of the R.M.S. to the peak value is instead of \/2 as in un- 

V3 

damped waves. 

102. Relation between Detection CoeflSicient and the Operating 
Plate and Grid Voltages. The detection coefficient a depends 
on the values of the d-c. plate and grid voltages so that in deter- 
mining the value of a tube as a detector, this relationship must be 
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taken into account. If the detecting current ia be measured as a 

function of tin' ((fh'dive voltages it be found 

tliat as this voltage' is inen-ased by increasing either Ep or Ep, the 
(l(^t(K‘tin^ c‘iirr(‘nt iti. first, iiicn^uses, reaches a maximum, and then 
(Ie(T(‘us(‘s. It is assunu‘(l that tlie ^rid is at all times negative 
with n‘s])(‘(*t to th(‘ nt‘gativ(‘ end of the filament. Now the 
detec^t.ion (‘ 0 (‘ffi(U(‘nt. a is giv(‘n by the second derivative of the char- 
acteristics, and is a ni(*asnr(‘ of the detecting current, that is, the 
audio fre(iu(ai(‘y (‘oniporuait in tlu^ output. The maximum of 



detecting current such as shown in Fig, 190 is due to the potential 
drop in tlu^ filament duc^ to the lujating c\irrent. It can be ac- 
count(ul for if we take regard of t.lu^ voltage drop in the filament in 
giving an (jxpn^ssion for the curremt as a function of the plate or 
grid voltag(u It was shown in {Section 28 that if this be con- 
sidered, tlu^ charactieristic of the tube can be expressed by means 
of two equatiems, one which holds for values of the applied plate 
potential less tluin tlu^. potential drop in the filament and the other 
for largc^r values of th(^ plat(>i potential. These two equations are 
giv(ai as equations (17) and (19) of Chapter IV. They were 
derived for the case of a simple valve containing only anode and 
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cathode. But we can, to a first approximation, apply the con- 
siderations given there to the three electrode device if we replace 

the plate potential by the expression Ey= (^+Eo+^ so that we 

can write the characteristic equations in the form 

h=KE‘^^ for Ey^Er, (25) 

Ip=K[E^^^-(E^-Erf^]iorE^sEf. ■ ■ - (2(5) 

where E/ is the voltage drop in the filament. 

These two equations can be represented by a continuous curve 
closely approximating a parabola. The detecting current, or 
the second derivative of equations (25) and (26) when plotted 
as a function of the effective voltage on the other hand, shows a 
distinct maximum, which occurs at a value of the effective voltage 
Ey equal to the voltage drop in the filament. The simple rule, 
therefore, to obtain the best results when using the tube in the 
circuit shown in Fig. 195 is to make 

—-jrEg+e = Ef (27) 

Fig. 197 shows an experimental curve in which the detecting 
current is plotted as a function of the plate potential Epj the 
grid potential remaining constant. For /x=12, €=—0.5, Ef=2.S 
volts and Eo=Oj the maximum according to equation (27) occurs 
at a plate potential of about 36 volts. 

The condition given by equation (27) states that the potential 
difference between a plane coincident with that of the giid and 
the positive end of the filament is zero. This condition holds gen- 
erally even when the grid is connected to the positive end of the 
filament instead of to the negative. If it is connected to the pos- 
itive end the condition for maximum detecting current is ^^ = 0. 
This has also been verified experimentally. The condition 
jF^= 0 when the grid is connected to the positive end of the filament 
does, of course, not mean that the space current is zero because 
since Ey is positive when reckoned from all points on the filament 
other than the extreme positive end. 

When using the tube in the simple circuit shown in Fig. 195 
it is necessary to make sure that electrons do not flow to the grid. 
This is usually secured by putting in the negative grid battery Eg. 
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In practice, especially when receiving weak signals, it is usually 
not necessary to insert this battery because the potential varia- 
tions impressed on the grid seldom exceed a small fraction of a volt, 
and, under these conditions, the current flowing to the grid is 
usually negligibly small. There is, however, a factor which must 
be considered, namely the contact potential difference between 



the filament and the system constituting grid and plate. The 
quantity « in the characteristic equation gives a measure of this 
effect. If the filament, grid and plate are of the same material e 
will usually be practically zero, but if the filament is, for example, 
of a different material e may be either positive or negative, but it 
seldom exceeds the value of about 1 volt. If it is positive it means 
that the grid is intrinsically positive with respect to the fila.ment 
and, therefore, to secure best operation it is necessary to msert 
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a grid battery to maintain the resultant potential of the gnn 
negative with respect to the negative end of the filament. In 
the case of tubes containing oxide coated filaments, e is usually 
negative. In such a case, thei’efore, the grid battery can be dis- 
pensed with altogether. The quantity e will differ from i^ero 
whenever the electron affinity of the filament is different from that 
of the grid, the contact potential difference between the two Ixdng 
equal to the difference between their electron affiniti(is ex|)ressed 
in volts (see Chapter III). 

103. Detection with Blocking Condenser in Grid Circuit. The 

method of detection discussed above and which can be cai’ricxl out 
in practice with a circuit like that shown in Fig. 195 is pcn’liaps 
not used as commonly as another type of circuit which is shown 



in Fig. 198. The difference between these two circuits is that 
Fig. 198 contains in the grid circuit a condenser Cs shunted by a 
high resistance leak Rs. The mechanism of detection with 
such a circuit is different from that in which the blocking con- 
denser is omitted. In the latter case the best results arc obtained 
when the grid is maintained at a sufficiently high negative poten- 
tial to prevent any convection current from flowing between fila- 
ment and grid, the detection depending only on the curvature of 
the plate-current characteristic. When the blocking condenser is 
used the detection depends on the curvature of the grid-current 
characteristic^ the potentials of the elements being so propor- 
tioned that convection current does flow from filament to grid. 

In order to explain how the tube detects with a condenser in 
the grid circuit, let us first indicate briefly how the tube operates 
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without the blocking condenser. Fig. 199 shows the processes 
involved in this case. Modulated high frequency potential varia- 
tions are impressed on the grid. On account of the curvature of 
the characteristic the high frequency current variations in the plate 
circuit can be represented by a lopsided wave curve. This effect 
was explained in Section 57. Such a lopsided wave gives rise to 



the audio frequency component as shown in the bottom curve of 

Fig. 199. , ... * 1 

When the blocking condenser is used in the grid circmt the 

operation of the tube as a detector is as follows: Suppose the 
incoming oscillations are again high frequency currents modulated 
by a low frequency as shown by the uppermost curve of Fig. 200. 
Suppose for the present that the resistance R, is omitted. When 
the grid potential becomes positive with respect to that of the 
filament, electrons are attracted to the grid. During the next 
half cycle when the grid potential becomes negative the electrons 
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cannot escape from the grid because they are trapped on the 
insulated part of the circuit comprising the grid and the one plate 
of the condenser Cs. During the next positive loop of the incoming 
wave the grid attracts more electrons, which are also trapped so 
that they cannot escape from the grid during the succeeding 
negative loop. In this way the grid builds up a negative potential 
and the high frequency potential variations on the grid vary around 



Fig. 200. 


the mean value of grid potential which becomes more and more 
negative as the strength of the incoming oscillations incre<^.ses. 
This reduces the plate current, and if the condenser €$ and the 
insulation of the part of the circuit comprising Cs and the grid 
were perfect the plate current would be permanently reduced, 
and this would make the tube inoperative. To prevent this a 
high resistance leak Rs is shunted across the condenser Cs, its value 
being so proportioned that the electrons cannot leak off through 
this resistance to any appreciable extent in a time comparable 
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with the period of the high frequency oscillations but do leak off 
in a time which is of the order of magnitude of the low frequency 
variations of the amplitude of the high frequency oscillations. 
The result is that the potential of the grid takes such values as 
represented by the second curve of Fig. 200. This causes the plate 
current wave to assume the shape shown in the diagram. The 
high frequency variations in the plate circuit pass through the 
condenser Ci (Fig. 198) inserted in the output circuit and the 
current in the telephone receiver takes the shape shown by the 
bottom curve of Fig. 200.^ 

In order to secure the best results with this type of circuit 
it is necessary to operate on that part of the grid voltage, grid cur- 
rent characteristic which shows the greatest curvature, and simul- 
taneously adjust the plate potential to such a value that the 
operating point on the plate current, grid potential characteristic 
lies in the region where this characteristic is steepest. This 
usually requires that the grid be maintained at a positive potential 
with respect to the negative end of the filament. The simplest 
way to secure this is to connect the grid circuit to the positive end 
of the filament as shown in Fig. 198 instead of to the negative end 
as is commonly done in other circuits. This makes the filament 
negative with respect to the grid, the average potential difference 
between them being in the neighborhood of the value where the 
grid current characteristic has its greatest curvature. The best 
value for the capacity Cs usually lies between about 150-500 
micro-microfarads while the leak resistance Rs should be of the 
order of two megohms. 

If the detecting current be measured as a fimction of the 

effective voltage Ey= (^+Eg+^ a curve is obtained like that 

shown in Fig. 201. When the blocking condenser is not used we 
have seen the relation between detecting current and effective 
voltage gives a maximum as shown in Fig. 197. 

104. Method of Measuring the Detecting Current. The meas- 
urement of the detecting current under conditions approximating 
those met with in practice has always been a difficult matter because 
it involves the measurement of very small alternating currents. 
Their values under practical conditions range from about 10“® 
ampere down to 10"® ampere and sometimes less. This makes it 
1 E. H. Armstrong, El. World, Vol. 64, p. 1149, 1914, ■ 
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entirely impossible to use hot wire instruments. The telephone 
receiver is a very sensitive device for indicating small alternating 
currents, but does not directly give a measure of the value of the 
currents in the receiver. The audibility method, whicli will l)e 
discussed later on, has been suggested to measure detecting cur- 
rents with a telephone receiver. It consists in shunting the tele- 
phone receiver with a variable resistance and adjusting this 
resistance until the current in the telephone receiver is just large 
enough to make it possible to discriminate between the dots and 
dashes of the incoming signals. The ratio of the total current 
in the receiver and shunt resistance, that is, the detecting current 



to the current in the receiver alone, measures what is known as the 
audibility. '' This method is not very reliable, and its accuracy 
depends to a large extent on the conditions under which the 
measurements are made (see Section 108). 

The following method requires only that two notes of the same 
pitch be adjusted to equal intensities.^ It is, comparatively 
speaking, very accurate, and does not depend nearly so much on 
the conditions under which the measurements are made. The 
principle of this method can be explained with reference to Fig. 
202. The incoming high frequency oscillations are impressed 
on the grid in the usual way. In order to measure the small 

^ H. J. VAN DER Bijl, Phys. Rev., Vol. 13, p. 311, 1919; Proc. Inst. Radio 
Engineers, Vol. 7, p. 603, 1919. 
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detecting current in the output of the detector we use a generator 
U, giving a note of the same pitch as that of the detecting current, 
and then attenuate the current from the generator by means of a 
leceiver shunt S until the current id has the same value as the 
detecting current delivered by the tube. TF is a switch whereby 
the telephone receiver can be connected either to the output of 
the tube or to the output of the generator. The shunt and series 
resistances of the receiver shunt are adjusted until the tone heard 
in the receiver is of the same intensity for both positions of the 
switch W, The receiver shunt has been described in Section 72. 



The shunt and series resistances are varied in definite steps by the 
simple operation of turning a dial, these steps being so propor- 
tioned that the impedance in the output of the generator U 
remains constant for all adjustments of the shunt. The current 
ii delivered by the generator into this impedance is so large that 
it can easily be measured with a hot wire instrument A such as a 
thermo-couple. It was shown in Section 72 that the relation 
between the current ii and the branch current u flowing through 
the receiver is 

• (28) 

where a is the constant of the receiver shunt and d expresses the 
current attenuation produced by the shunt in terms of length of 
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the cable or line having an attenuation constant equal to a per 
unit length. For the standard cable of reference commonly- 
used in telephony a =0.109 per mile, d being expressed in miles 
(see Section 72). Expressing the above equation in common 
logarithms we get 

log id = log n - (29) 

where 

K=^^=2\.Vi (30) 

a 

Now ii is measured by means of the instrument A, and d is a 
known value depending on the adjustment of the receiver shunt 
in the manner explained in Section 72; hence, if the shunt be so 
adjusted that the tone in the receiver is of the same intensity for 
both positions of the switch W we can, from the above equation, 
obtain the detecting current id- 

The impedance of the telephone receiver should, of course, 
have such a value that the best operation is obtained. If neces- 
sary, we can, to secure this, insert a transformer between the tele- 
phone receiver and the output of the tube. Furthermore, the 
detecting current depends on the value of the voltage variation 
impressed on the grid and upon the extent to which the incoming 
wave is modulated. The R.M.S. value of the voltage can be 
measured by means of a resistance r and an a-c. galvanometer 
G as shown, for example, in Fig. 208. When comparing tubes for 
their operation as detectors the input need not be measured, nor 
is it necessary to insure that the incoming wave is completely 
modulated as long as these quantities remain the same throughout 
the measurements. When measuring the detecting efficiency of 
the tube, however, it is necessary, as will be explained later on, 
to measure these quantities. 

This method of measuring the detecting current has been found 
to be very useful when studying the influence of the operating 
parameters such as the d-c. plate and grid potentials on the detect- 
ing current. When making such measurements it is customary to 
express the detecting current simply in terms of the adjustment d 
of the receiver shunt instead of computing the actual value of the 
detecting current from equation (29). It will be noticed, how- 
ever, that d increases when the detecting current decreases. It 
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is therefore advantageous to calibrate the receiver shunt in terms 
of D-d when D is an arbitrary constant. 

105. Measurement of the Detection Coefficient. The method 
described above makes it possible to measure the detection coeffi- 
cient if the relation between the detecting current and the voltage 
impressed on the input is known. If the tube is used without a 
blocking condenser in the grid circuit the detecting current can be 
given by the equation 

id=aeg^ (31) 

When the tube is used with a blocking condenser this relation also 
holds fairly accurately provided the input voltage is small, gen- 
erally not greater than about half a volt. If we put this value of 
id into equation (29) we get 

d=2K logio Cg+C, (32) 

where 

C = X (log zi - log a) (33) 

Hence if we measure the relation between the input voltage eg 
and the setting d of the receiver shunt we obtain a straight line 
from the intercept of which the detection coefficient a can be 
determined. The intercept C is obtained when eg=l. This gives 

C 

loga=logii-^ (34) 

The detection coefficient can therefore be obtained to any desired 
degree of accuracy by taking a sufficiently large number of obser- 
vations of eg and d. 

The circuit whereby such measurements can conveniently be 
made is shown in Fig. 203. In this circuit the source of audio 
frequency current used to modulate the high frequency current 
also supplies the current with which the detecting current in an 
output of the detector is compared. U is the generator of the 
audio frequency currents. This can be a vacuum tube oscillator 
or a noicrophone generator such as that described in Section 72. 
(See Figs. 114 and 115.) Its output passes through a filter F, 
which transmits only frequencies of about 800 cycles. This 
current is sufficiently large to be measured with a thermo-couple A, 
but after passing through the receiver shunts S and S' it is atten- 
uated until the intensity of the tone heard in the receiver T is equal 
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to the detecting current coming from the detector tube D. By- 
means of the switch W either the detecting current or the current 
from the generator U can be passed through the telephone receiver. 
If the switch is thrown to the left the current from U passes 
directly through the receiver after being attenuated by the receiver 
shunt. When W is thrown to the right the output of XJ is im- 
pressed on the input circuit of the modulator M, This low fre- 


0 



quency current is therefore used to modulate the high frequency 
current also impressed on the input of M and obtained from the 
vacuum tube oscillator 0. The output of the modulator is 
impressed on the detector X>, the voltage between filament and 
grid of D being measured by means of the resistance r and thermo- 
galvanometer G. It follows then from the equations developed 
above that the audio frequency output of the detector is of the 
same pitch as the current supplied by the generator U, thus 
making the adjustment of the receiver shunt S for equal inten- 
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sities of these two notes a comparatively simple matter. If L> 
true that the output of the detector also (‘f)ntaiiis a natv of doiil^le 
frequency, as shown, for example, by equaticai 1 19), Imi this doiibh 
frequency note is usually so weak as not to causc^ anv trouble. 

The circuit shown in Fig. 203 requims tliat ctTtaiii i)re(*ai 2 tioris 
be taken to obtain reliable results; for example, it is neci\ssa!y'‘ 
to make sure that the output impedance of tlie gtaterator 
remains constant for both positions of the switch W. Thus, su|>- 
posing that the impedance of the telephone receiver T is 20, (XM) 
ohms, it is necessary to make the input impcHlance of tlie trans- 
former T 2 which is placed in the input circuit of the mtHiulator 
M also 20,000 ohms. This transfonner is usually wound to have a 
high output impedance in order to impress the highest input 
voltage on the grid of the tube to which it is connected for the 
lowest amount of power expended in the input. The transformer 
Ti is inserted when the impedance of the generator U is dilfercmt 
from that of the telephone receiver T. In order to a<Ijust the 
current from U to the desired value the primary' of transfonner f 1 
is shunted with a resistance and the connection to the output of 
the generator is made by means of a sliding contact as indicated 
in the diagram. The receiver shunt S' has a fixed value, giving an 
attenuation equal to the maximum attenuation given by the varia- 
ble shunt S, and can be inserted when the detecting eiirrerits to be 
measured cover a greater range than can be taken care of by one 
receiver shunt. Receiver shunts are seldom made to cover a 
greater range of attenuation than 30 miles of standaKi cable 



In making measurements of this kind it is necessary" to insure 
that the modulated wave impressed on the input of the detector 
is completely modulated. The necessity for this can readily tx^ 
seen by referring to equations (23) and (24), which give the R.M.S, 
values of the detecting current and the modulated voltage on the 
input of the detector. From these equations it will be stxai that 
for a constant modulated input voltage €g the detecting currtait 
depends on B and this, we have seen, is a measure of the extent 
to which the wave is modulated. This can also be seen by referring 
to Figs. 188 and 191. Two waves such as those shown in these? 
figures may have the same heating effect as measured, for example, 
by means of a resistance and thermo-galvanometer, but they will 
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not produce the same detecting effect when they are impressed on 
the detector. In the limiting case in which the wave is not mod- 
ulated at all (B = 0) the R.M.S. of the input voltage will have a 


finite value but the detecting current will be zero (equation 

23). In order to insure that measurement of the detection co- 
efficient shall have any meaning the extent to which the wave 
impressed on the input of the detector is modulated must be kept 
constant, and the simplest way to do this is to completely modulate 
the wave, thus making B=l. This can readily be done in prac- 
tice in the following way: Referring to Fig. 204, which represents 



the relation between plate current and grid potential, it is evident 
from the explanations given in Section 53 that the intercept OA 
which represents the negative grid potential necessary to reduce 

E 

the plate current to zero is — . If we now apply a constant 


E 

grid potential Eg= ^ and make the peak value of the low fre- 


quency input voltage equal to this quantity, then the amplitude of 
the high frequency oscillations is reduced to zero every time that 
the grid acquires its maximum negative potential CA and then 
the wave will be completely modulated. The simplest way to 
secure this in practice is first to adjust the negative grid battery 
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E F 

in the input circuit of the modulator to a ralue — that 

jL£ 2|1 ■ 

is, to a value given by OD (Fig. 204), and then gradualh' iiiereiLse 
the strength of the low frequency input voltage until a d-c‘. meter 
placed in the output of the modulator Just indicates a eiirreiit 
flow in the output of the modulator. The ix^ak I’aliM* of the 


input potential is then equal to DA or 


E 

llie voltage of thf? hmh 

2}i 



fiequency impressed on the modulator can also be measured m 
the same way and should in general be somewhat smaller than the 
low frequency voltage. Finally the grid batterj' in the input 
circuit of the modulator is adjusted to the value OC, before the 

measurements on the detecting current are undertaken. 

Fio-. 205 shows some experimental results that were obtameti 
with the circuit shown, in Fig. 203. The ordinates mdicate the 
setting of the receiver shunt for different values of the input volt- 
age e,, the logarithms of which are plotted as abscissa, .\ccord- 
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ing to equation (32) these points should lie on a straight line. 
Furthermore, if equation (31) holds the slope of this line should be 
2K] that is, 42.26, since K for the receiver shunt used is 21.13. 
The crosses and circles represent observations made by two dif- 
ferent observers on different days. The slope of the line drawn 
through them is 42.2. These measurements were made without a 
blocking condenser in the grid circuit and prove that in deriving 
the equations in the previous pages we were justified in assuming 
that the power series given by equation (2) converges so rapidly 
that we can neglect quantities of higher order than the second, 
and that therefore the detecting current is given by a simple 
equation (31). 

From the intercept C of this line (log 6^ = 0), and the value 
of the current ii the detection coefficient can be obtained directly 
with the help of equation (34). In the case to which the experi- 
mental results given in Fig. 205 apply the current ii as measured by 
a meter inserted in the 20,000 ohm line was 3.10X10~^ ampere 
and the intercept for eg = l is 40.8. From this we obtain for the 
detection coefficient a = 36.2X10"® amp./ (volts) 2 . 

106. Detecting Efficiency. The detection coefficient a gives 
a measure of the audible component of the current in the output 
of the detector and depends on the impedance of the telephone 
receiver. It is therefore not suitable for expressing the figure 
of merit of the tube as a detector. The impedance of the tele- 
phone receiver should be chosen to give maximum response. The 
audio frequency output power is the quantity which gives a better 
indication of the behavior of the tube, and is given by the product 
of the square of the detecting current and the resistance of the 
telephone receiver. The power developed in the receiver depends, 
of course, also on the power developed in the input circuit, that 
is, on the strength of the incoming oscillations, the figure of merit 
of the tube as a detector being given by the ratio of audio frequency 
output power to radio frequency input power. This is a difficult 
quantity to measure. It was shown, for example, in Section 71 
that the power expended in the grid circuit depends on the con- 
stants of the output circuit. The reaction of the output on the 
input circuit through the electrostatic capacities between the 
electrodes of the tube causes the tube to behave as if it had an 
effective input impedance. If the output circuit contains only 
a pure resistance, the resistance component of this effective 
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impedance between filament and grid ha? a posit iv.* value, which 
however, is usually small compare.! with the n-a.-tau.-.- .‘on.iH.u.nt. 
If, on the other hand, the external circuit contains an iiiiliii-tive 
impedance, the grid resistance may lye neg-ative, tliiis giving 
rise to a generation of power in the input. At liigli fn- 
quencies, it was shown in Section 71, the resistance eoiii|M>fie 
of the input impedance is practically zero, hut tlit^ input voltage 
may be considerably reduced on account of the input circuit 
being shunted by the capacity between filament and grid. When 
the tube is used with a blocking condenser in the grid circuit there 
is a convection current between filament and grid, thus giviiig rise 
to an input resistance which must be added to that caused l»y the 
inter-electrode capacities. If, on the other hand, the tuk^ is iised 
without a blocking condenser in the input circuit, in which case 


the grid should be kept negative with respect to the filament, the 
input resistance is due entirely to the reaction of the output cir- 
cuit to the input through the capacities of the tulx^ and can l>e 
made as small as we please by properly adjusting the constants 
of the circuit. Most of the input power is then dlssipatwi in the 
input coil and condenser. The input power can tlierefon^ 
dissipated at the grid, in the external input circuit and in a fic- 
titious input resistance occasioned by the rt^action of the output 
circuit on the input. The relative amounts of power dissipateii 
In these parts depends on the adjustments of tlie circuit. It k for 
this reason usually better to express the figure of merit of the 
device as a detector in terms of the audio frequency output power 
for a given high frequency voltage impressed on the input Ix^eausc^ 
there is a definite relation between these quantities. The equa- 
tions developed in the pre\dous sections expre&s the quantities 
considered in terms of the input volt age, and therefore hold wha t - 
ever may be the effect of the circuit and the inter-fdtvtroile 
capacities on the input povrer. Expressing the detecting (‘ffi- 
ciency 5 in terms of the relation of output audio frequency power 
to input radio frequency voltage w^e have: 


6=a2ro, 


(35) 


where ro is the resistance in the output of the detector and a is the 
detection coefficient. The curve shown in Fig. ^5 was obtained 
with a circuit in which the telephone receiver used had an im- 
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1 pedance of 20,000 olims and a resistance of 6400 ohms at about 

I 800 cycles per second. The detecting efficiency of the tube on 

; which these measurements were made is therefore 8.1X10“® 

I watt/(volt)^. The smallest amount of power dissipated in this 

i receiver which could still give a signal that is barely audible is 

j about 3 X 10 “i 2 ^att. The high frequency input voltage necessary 

i • to give the least audible signal with this particular tube and tele- 

phone receiver is therefore about 0.025 volt. 

. These measurements were made on a Western Electric type 

I VT—1 tube (Fig. 127). This tube operates on a plate voltage 

{ of about 20 volts. The power consumed in heating its filament 

\ ranges from 2.2 to 3.5 watts. On account of the small amount of 

1 power involved when using the tube as a detector it is desirable 

; to make the filament as small as possible in order to reduce the 

i power expended in heating it. The limitation to the decrease in 

I the size of the filament is due mostly to mechanical difficulties, 

j but smaller types of tubes have been developed, of which the one 

I shown in Fig. 131 (page 244) is a sample. This tube only requires 

I a small fraction of a watt to heat its filament, the filament operating 

j on a voltage ranging from 1.0 to 1.5 volts so that it can be used 

I with a dry cell. The detecting efficiency of this little tube was 

I found to be about 4.3X 10“® watts/ (volts)^. A ratio of two in the 

j output power corresponds to a difference of about three standard 

; cable miles, which is not a big difference. A difference of one 

I standard cable mile is hardly noticeable unless comparison be 

i made directly. 

j 107. Comparison of Detectors. The circuit shown in Fig. 203 

; is not always suitable for use where a large number of tubes are 

j to be tested, because it requires accurate cahbration and careful 

1 adjustment of the operating parameters such as the radio fre- 

I quency voltage impressed on the input of the detector, the audio 

j frequency current delivered by the generator (7, etc. The con- 

j stancy with which vacuum tubes can be made, however, makes it 

- i possible to test tubes by comparison methods that are simple to 

I operate. The tubes to be tested can then be compared with a 

I standard tube that was carefully calibrated by means of such a 

; circuit as shown in Fig. 203. If a tube is well evacuated it will 

5; ' retain constant operation over a considerable length of time, 

j I The writer has, for example, used a standard Western Electric 

I I tube whose detecting efficiency did not change to any noticeable 
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extent in the course of about a j-ear, during which time it wa-^ in 
frequent use. 

A simple circuit whereby detectors can be compared i.s shown in 
Fig. 206 . The input voltage can be adjusted to the dc.sirwl value 
by adjusting the resistance r and need not lx* known accuritidv 
it being sufficient to know that it lies within the rang,* of voltages 
used in practice. By means of the switch IF either one of* the 
detectors can be inserted in the circuit and the receiver ffiunt 
adjusted untH the note in the receiver T has the .same intcnsit’v 
for both positions of the .switch TF. The key K senses to throw 






Fig. m. 


the shunt into or out of the circuit according as If connects the 
tube of higher or lower efficiency. The capacity C is a radio fre- 
quency leak and the output circuit is connected across the choke 
coil, which insures that the d-c. potential on the plate remains 
constant for all adjustments of the resistances of the receiver 
shunt S, 

If id and i'a be the detecting currents obtained from the tubes 
I and II, and a and a\ their detection coeifficients, then since the 
input voltage is the same for both, we have 




where d and d' are the adjustments of the shunt in units depmding „ 
on the units of K, The detecting efficiency of the tube uiuk^i test 
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is then given by 



Fig. 207 shews tlu* eeieplt^lt^ fineiit as it vnn n-n! fur runt- 
paring (l(‘teeters in pnirtin^. 1'hw rirrnil runiaiiiN an ainplitirr 
tube'; connc‘ct(Ml to tlu* output ol tiu* t!rtrrtui>, \\ lir*ii ilir tiirriiur 
is to be us(‘(l in pnietire with an ninplilirr >ur!t a rirniii is lifonible 
to insure that the deteetor is testtMl uinirr emiiii! itnis appruxiiualiiig 
as closely as i)ossiljh‘ to practical <*tindit torts. If iln* aefn-tiir is 
not to be tistal with an ainpliih^r the receiver shunt aial teleplione 



receiver can be connectecl directly to the oufjiut t»f tla* d«*t<*<ior 
as shown in Fig. 200. To obtain a modulatetl high frequency test 
wave would ordinarily r(‘(iiare a radh^ fn*quenrv ftsfillidor, an 
audio frexptency (tscillat^tr and a rn<Mlu!attir, but in mmptirhaj 
detectors it is not lu^cessary that tlu^ wave In* completely luothi- 
lated, and under such conditions a mtHluIntcd high frecfiKuaT wim* 
can be obtaincnl very easily by nuains of a vacuum tula* ciscillator 
and a inicrophone generator stu'h as tire one tlescribed in Hi*ctiori 
72. In Fig. 207 U is the niicrophont* gtmerator, the t*arbon buttori 
of which is inscrt(Hi directly in tlu* ostnllathtn circuit Wh(*n 

this generator is in operation the n^sistanct* of the earlHUi l>ut!<ai 
varies pcaiodically at an aialio fna|uencw, thus causing audio 
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froqu('ncy variations in tlui aniplikidc of the radio frequency 
oscillations produced by tlu' oscillator tube. Modulation pro- 
<luced in this way is not complete, hut in this case complete modu- 
lation is not n(‘C(‘ssar\' because^ the input is the same for both 
tubes. The condensc'r ( b in tlu^ output of the detector serves as a 
hif!;h fr('(iu('n<\v leak and the n^sistance; r is inserted to prevent tlu> 
grid from acepnring a lu'gat.ivc; charge. Its value is in the iKiigh- 
borhood of 2 megohms. 

108. Audibility Method of Measuring the Detecting Current. 
The audibility or “ shunted tel(ii)h()n(^ ” method has been fre- 
(iu(*ntly a))pli(‘d to the. m('a.surement of tlu' strength of received 
signals in long distaiua' radio eomniunication, and has also l)een 
us('d to obtain an id<'a of the sensitivemess of detectors. In this 
method the t(‘l(*phom> receiver is shunt('d by means of a rcsist- 
an(!(\ /-.v which is adjusted until the; signal heard in the receiver is 
just barely audible. If /,, is th(( detecting current and io the 
l(‘ast audible current in the receiver, then the “ audibility ” is 
given by 

(38) 

wh(‘re Zi) is the impedance' of the receiver. In iisinj*; a method 
lik(t this it must, of course', lx* reni(xnb(U’(‘.d that Zo cannot be 
r('plac(‘.d simply t)y tlu* r(*sistan(*(‘ of the* rcxjeiver as is sometimes 
doru', but the reactance ami the motional impedance of the 
r('(X'iv('r must b(^ tak(*n into consideration. 

Tins tnethod is o|)(m to oteher serious ol)jections. In the firat 
place, it is lial)lc^ to consid(u-able (‘rror l)ecause the measurement of 
least audil)l(^ signals is madcHlifficult by tht* influence of extraneous 
noises such as room nois('s and st,atic. The least audible current 
depends furtlu'rmon' to an appreciable (extent upon the condition of 
the ()bsci*ver, so t hat tlu' eurrcuit necessary to give the least audible 
signals will vary from time to time even with the same observer. 
Thesci disadvantage's makc^ the method unreliable for purposes of de- 
termining the dented ing (dfieic'.ncy of a tube with any degree of accu- 
racy. Hecomlly, the way in whiedi the audibility method is ordina- 
rily used does not inake ])rovision for the change in the effective 
impedance of the ()ut|)ut circuit to the detecting current when the 
shunt resistances Ts is varied. This would give misleading results, 
since the dete'cting current depends upon the relative values of the 
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internal output hnpeclance of the tulx^ and ilu^ ext(‘rnal inipcxlanee 
in the output circuit. It is tlua’efom n(‘(*(‘ssary in all na^asurc*- 
inents of this kind to adjust tlu^se imp(Hlau(*(‘s pi*o|Kn*ly and kcxp 
them constant throughout the ineasurc'nuxits. If tlu‘ audibility I 

method is to be used the “ audibility box ” sliould b(‘ so dc^signed I 

that any variation in the shunt ressistancc^ is acc*omj>anic*d by an | 

addition or subtraction of an eciuivaknit r(‘sist.a.nc(‘ so as to k(‘ep j 

the total impedance of the cinuut constant, ''rius can \>v <lt)n<^ I 

with the scheme that will now Ix^ descrilxxL '“rius scluane was j 

used by the writer’ to deteniiine to what (‘xtcuit tlu‘ audilulity I 

method may give reliabk^ results if ])r(x^au(ions ar(‘ taktai (o c*lim-* I 

inate sourcc^s of error other than thosc^ whi(^h (k‘p(‘nd only on tlu^ j 

psychological and physiologicral infliuauH^s on thc‘ obscaven*. Idie j 

fact that the current runx^ssaiy to giv(‘ tlu^ kxist. audibk^ signal [ 

has different values for dilTcu’ent obsca vem and is th(‘r<‘fore iiH*apa- j 

ble of objective detennination (kx'ss not of its(‘lf rulc^ out the I 

audibility method for the measurenumt of signal st nnigth, sinc<* j 

the detector set could first b(‘ c^alibratcxl by <k‘ttu*mi!nng tlu^ j 

audibility for known input signals and th(‘n ustxi by tlu* same f 

observer to make th(^ final measunaiumts. H(‘nc{‘ assuming that f 

extraneous noises could elTe(div(‘ly b(‘ cut out, tlu‘ possibility of I 

adapting this method to such UH^usunxiumts would d(*p(*nd tipon ! 

the extent to which the obseuwer’s coiux^ption of kxist. audil^k^ f 

signal remains constant during the tim(‘ that (‘laps(‘s Ix^t wtxm his j 

calibration of the set and the making of the final measurtxmaits. | 

It is hardly necessary to say that, t-lu^ whoki std. must nunai!! 
unchanged, especially tlui tube and th<‘ t<‘k‘phon(^ r{‘cc‘iv(*r. i, 

The circuit whereby the least audibk‘ signal can be studied f 

under constant circuit conditions is shown in Fig. 2()H. Tu cut. S 

down the cun-ent in the tcilephone naunvea* a renaavea* slnmt. is uscal ? 

such as that described in Section 72. This shunt contains a { 

series and shunt resistance, both of whic^h an^ variable*, instcaid f 

of simply a shunt resistance. The rcaaavc^r shunt is so (ailihratc^d 
that the series and shunt resistance's an^ changcal simultaneously I 

in such a way that the total impedamu to tlu' ckd casting cumait 
in the output circuit of the tube rcauains constant, A choke coil 
L by-passes the direct current in the platc' circuit and insurers that 
the d-c. potential of the plate remains coustaiit for all mljuetmenl n ^ 

of the receiver shunt. This is necessaiy because^ the shunt is so 1 

1 H. J. VAN DER Bijl, Proc‘. LR.E., Vol. 7, p. G24, 1910. j 
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(lesigiKHl that, for all hs a.(lj\istiu(‘nts the impedance of the output 
circuit. nauaiuH (‘oiistaiit , hut the; rcsiatafice does not remain con- 
stant, and tlu‘r(‘.tor{‘ li th<‘ (*h()k(‘ coil and capacity were omitted, 
thus making it. n(‘(‘(‘ssary for tlu‘ d-(^ plate current to pass through 
thc‘ shunt., th(‘ |)ot(mtia.l of ih(‘ {date would be different for dif- 
fenait ax ljustn units ot tlu* nuanven* shunt. It is very important 
to k(‘(‘p th<‘ nhition htdwinm tlu‘ inpKHlances constant because the 
d(de(‘ting curremt d(‘p(‘n<ls vtuy inarlaully on the value of the 
exUTual inip(Mlanc(' in th(‘ plat(‘ circuit. 

Th(‘ wav(‘ impn‘ss(‘d on t lu^ input of the detector can be a spark 
signal wave or a modulahMl \vav(^ which is interrupted. For test 
purpos(‘s such a wavc^ {‘an (nisily he ohtaiiuul with an arrangement 
such as that shown in Idg. 207, wlunv. the oscallator tube 0 and the 
microphones gc‘n(‘rat.or (/ togedhesr form a simple system for pro- 


e 



T 


Ido. 2m, 

elucing modulatcnl wavers. Tha out.put of this oscillator system 
can them h(* pa.ss(‘d through an omnigraph to produce the signals. 
Th(‘ H.M.S. of t h(‘ input, can, as he.foiu, he measured by means of a 
nssistance r and galvanonudtu* (r (Fig. 208). 

Th(‘. us(*. of t h(^ n‘c(‘ivc‘r shunt makes it possible to express the 
audibility in a simpl<‘ way. If iu Ixi the', de'.tecting current and zq 

tlie leiist audible! e!urre‘nt iu the! r(!ceiver the audibility ^ can be 

h) 

expressenl in mile's of st-andarel {‘able by making use of the equa- 
tions dev(h)p(*d in Seu'tiems 104 anel 105. Thus, taking the case 
in wlxich the! eiede'e'ting enirrent is i)rox)ortional to the square of the 
input voltage!, we! exbt.ain 

e/ -2/\Me)g ev+A^log a—log to), .... (39) 

which tluis give's a lineuir r(!latie)n between the logarithm of the 
input voltage and the' audibility when expressed in tenns of miles 
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d iiLstead of current ratio, the notation betwcn^n d aiul tlu^ cur- 
rent ratio being given hy (^illation (28). Tlu^ intercc^jt of thin 
line, obtained by putting rv-d, is 

K (log a — log /()), ( lOj 

and gives a nicaBure of thci audibility (jfficu'ncy of thc‘ tube t^x- 
pressed in miles/ (volt)^. 

The simple linear relation (39) makes it possible* to obtain the 
audible efBciemy as an averages of a larger num!>c‘r ijf ol)sca-va- 
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Log (Input Voltage) 

Fio. 209. 

tions. A number of such ol)servat.ions plott(Ml against tin* logar- 
ithm of the corresponding input voltagc^s are shown in h'ig. 299. 
The individual points vary considerably compansl with t lu* oltm*!*- 
vations shown in Fig. 205, which wertt obtained with the other 
method discussed above, but these points are evcmly grouped 
about a straight line the slope of wliich is al)out 41. The thcK)- 
retical value of the slope is 42,26. The slope of the line dc*f)endH 
upon the attenuation constant of the shunt and the simple (pnwl- 
ratic relation (17) between the dctcicting current and the iiiput 
voltage. The intercept of this line, on the other hand, is infiu- 
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enccd also by <.he detection coefficient a of the tube and by what 
constitutes t he leiust audible signal to for the particular telephone 
receiv(>r ustnl and for the observer at the particular time of maVirig 
the iiH^asurements. 'Fhc; attenuation factor K of the receiver 
shunt is d(‘t(a-:nined inendy by resistances of wires, and does, of 
course, not, vary to any not icHealdci extent. By using a good tube 
for whic.h the' detection (eoedlicieait najuiins constant such measure- 
nunts can therefore b(> usc'd to give an idea of the extent to which 
t he (k'.tenninat ion of least audible signal depends on the observer 
and how tlu' least, audibh^ current” varies from one observer to 
anotlaa-. hlxperiiiKuits conductcal by the writer i along this line 
and in which ot)s(‘rvations wiax^ made by four different observers 
over a pcaiod ol (“ight. days, the total number of observations 
being soitudhing like 351), showed that the maximum variation 
in the audibility expix'sscal as a cuiTcnt ratio for the four observers 
was almost (KK) per cent, but the variation in the measurements of 
<'ach obs(‘rv(T over a pc'ricxl of about a week averaged about 100 
IKS- cent. It must,, howev(*r, be remembered that a variation of 
siiy 50 {Hw c(mt in t he audibilit.y exprcsscsl as a current ratio is not 
a serious matkw. In fact., such a variation would hardly be 
notic.eal»le urdr^ss, of courses, the comparison be made directly. 
'I’lie mon* sat isfactory way of (‘xiux^ssing the audibility is to use 
the logarithmic sc.ale, that is, to (ixpn^ss it in terms of length d of 
cable or line. When the amlibility is expressed in this way the 
maximum variation obs(wved was 28 per cent. 

'riwise. im^asun'inents have also shown that for a tube Uke 
the av(U-age VT— 1 tlu^ smallest input voltage (R.M.S.) that can 
just giv(( tb(^ Iciist audible signal Ls of the order of 0.03 volt. If 
th(! incoming signals are weaker an amplifier must be attached 
to t,he output of the dcitccitor. The minimum input voltage 
depends, of course, also on the sensitiveness of the telephone 
recciv(ir us(‘d in making the measurements. 

109. Heterodyne Reception with the Audion. The heterodyne 
method of UHictrtion consists in supplementing the incoming high 
frequency currents w'it,h a locally generated current of a frequency 
which differs from lhat of the received current by an amount which 
lies within tin; axidible range. This method makes it possible to 
detect continuous waves of constant amplitude, and furthermore 
greatly incrciiscM the strength of the audible current in the receiver 

> Loc. cit., p. 623. 
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placed in the output of the detector. The nuuuua* in wliieli tlie 
heterodyne method increases the d(vt('ctin| 2 : curn^nt can n‘a<iily 
be seen. Thus taldnp; the case in whic^h ilu^ d(‘tiH‘t in|*: curnait is 
proportional to the square of th(‘ input voltaK(‘ as givcai l)y C‘C|ua“ 
tion (17), if we impress on the input cir(niit of the dt^t<‘et<u* two 
high frequency voltag(‘s ci sin pt and nin qtj thci d(‘tc*(‘ting tnir- 
rent is given by 

sin pt+v^ sin (4 1) 

On evaluating this expression and (Iroi)ping all temns r(‘pr(»senting 
frequencies that lie outside of t he aiidil>le range W(‘ get 


Id — (iCi (-2 cos (:P'-'(j)t< 


(42) 


If ~ is 100,000 cycles, for example, and ™ 99, (KK) cycl<%s, them t 

ZtT ATT 

above expression represents a current having a fna|uc»ncy of a 
thousand cycles per second and is thcr(*forc au<lil>l<t. Further- 
more, the locally generatcKl voltage C 2 (^an Ixi made much larger 
than the voltage ei of the incoming waves, and therefore the 
detecting current can be very much inereastMl. 

Equation (42) holds, strictly sp(*aking, only wlum the grid is 
maintained at a sufficiently high nc^gative ])ot(mtial with n‘Hp(a*t 
to the filament to prevent any el(^c.trons from flowing from tin’s 
filament to the grid. Under theses (H)n(litionH the dc‘tin:iing cur- 
rent has been found to Ixi i^roportional tu tlu^ product, ciC 2 of the 
input voltages. These nK^asureimmts <^an bc^ mad(‘ with a (‘ircuit 
like that shown in Fig. 202. Hin(‘.e the detecting curnmt in this 
case can easily be made so larger that it c^an lx* mc^asun^d with a 
thermo-couple without increasing the stnaigth of incoming signal 
beyond a practical range, it is also p(>ssil)le t-o use a (‘inniit like 
that shown in Fig. 210. A higli freqiuuu^y voltages of small ampli- 
tude is impressed at A and represents thc^ iruioming signal wave 
received by the antenna. A locally gcau^ratcHl liigh fr(H|U(ncy is 
impressed at JS, and is adjustable. By nutans of tlie switch W a 
thermo-galvanometer G can be used to mc’jisure the d(4cx4.ing cur- 
rent id and the effective voltage impressed on the grid. In using 
such a method it is, however, necessary to insure that when the 
switch connects the galvanometer to the output of the tube tlie 
impedance of the input circuit is not changed. This can be 
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taken care of by insc^rtin^*: a resistance ri-fr2 on the* in|)ut side 
having a value i^nal to the I'esistance of the galvanomc^ter plus 
tlic resistance^ r-j, wlfuili may b(‘ a<l(l(*<l in the galvanometer circuit 
to nu^asure th(^ in])ut voltage. Th(‘ k(‘y K shotild th<u’(‘fore l>e 
opened wlu‘n th(^ galvanomcdt^r is conn(*ct-(‘(l to the* input and clos(^cl 
when it is coniu‘ctc‘d to the <mt|)ut of tlu^ tulx^ 

Results obiaiiunl l)y my associate, Mr. iL H. Wilscm, are given 
in Fig. 211, which shows tlu^ r(‘lation lH‘tw(HMi tlu! detecting 
curn^nt na^asunxl in this way and tlu^ product cxC 2 of tlu^ injnit 
volt.ag(*s for thnxi difTcaxait values of the voltage of t.h<j battc^ry 
in the grid (‘inniii. In g(aua*al, ilit^ curvets do not coincide on the 
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straight part. The valuers shown in this figure^ W(‘re ol>tained l)y 
reducing th<i obseiwations to a common valuer to suiKTimposc* the 
curves on one anoth<‘r. For ea(*h of thes(^. grid voltagc^s tlu^ voltage 
of the plate f)a(t(‘ry was adjusted to maintain tlu^ spaec^ current 
constant. In otlua* words, th(^ operating points on the charac- 
teristics for the*, thixH^ cases an^, shown at Ay H and of Fig 212, 
where the thnni curv<‘H r(‘prescmt the (jharactcu-istics ol>tained 
with three different plate voltages. Fig. 211 shows a lint^ar 
relation between the (kdxxding current and the prodtict nr-j up 
to a value of this product depemding on the vaha^ of thc‘ d-(j, 
grid potential chosen. The point at which th(^ ol>s(a'V(Hl dcdindiiig 
current deviates from the straight line is obtained when the sum 


356 THERMIONIC VACl'l M Tl HE 

of the peak values of th(‘ volt^iges iinpr(‘ss(Hl on llu^ grid lH»eoin(*s 
great(^r than the ru^gative <1-0. grid poti'iitial so ihni rurn^nt 
begins to flow in the grid circuit, thus (uiusing a wasl«‘ of powi4\ 
It is seen therefore that, the stnnigth of tlu^ signal cao 1 h^ inc’reitsei! 
by increasing the negative grid potential and at the Hanu^ time* 


Fiu. 211. 

increasing the plate potential. In the casc^ of th<* lower (char- 
acteristic the input voltage cannot much (cxccced thcc value 0/t, 
but in the case of the characteristic with the* high plate ixdential 
the input can be made as large as OC, witliout allowing cclecctrons 
to flow from filament to grid. Increasing the sum of tfuc input 
voltages superimposed on the negative grid potential beyond 
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tlu' value iieeessnry to reduce the etirrent to zero does not seem to 
cause a deviation from th(\ linear relation between the detecting 
current and the prmlucd. of the input voltages. The observations 
shown in big. 2 1 1 ro{)re.s(‘nt in a general way what is to be expected, 
although it is pos.sil)le that with different tubes and different 
circuits peeiiliaritio.s of behavior causing a deviation from such 
a. simple' re'latieue euin manife^st theansedve^s. 

Whe'ii the' hi'te'reslyne nu'.theeel eef reception is used with a 
liloe'king e'emdenseu- in thee griel cireniit the relation between the 
de'te'cting curre'iit. anel thee input vedtage is not as simple as when 
thee bleaekiag e'eitielenser is e)mitteeel. In general, the detecting 



current luia a niaxiimim value at a value of the product 6162 
eleejH'neliug em thee eeieeeniting parameters of the tube, and the 
maximum eh'teeeeting eeurrent is generally larger than when the 
bleHeking e'oneleuKeer is eimitteel. Fig. 213 shows the general 
reelat iem iK'twe-e'ii thee eleetecting current anel the proeluct of the input 
vedbigees. 'I'hee tbreee eeurvees are obtained with three different 
value's e>f the ei-ee. griel pe)teential, the plates batteiy voltage having a 
cesnstant value in this case of 22 volts. These measurements 
were maelee with a stanelarel VT—1 tube. It will be noticed 
that the la-st results are obtained when the grid is kept positive 
with resspesesf tee this filament. This is in accordance with the expla- 
natiesn give'u in Section 103, where it was shown that detection 
with a bleeckiiig conelcnscr in the grid circuit depends on the 
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curvature of the grid current characteristic. The detecting 
current increases with incixniao in tlu^ curvature of tliis <'}iar- 
actoriatic and also Ixicomos greater tlu^ steeixu- tlu' plate cur- 
rent grid p()t(Uitial chanuiteristie is. If t•h(^ relation ladwec-n 
the maximum detecting current for a constant voltage (tf tlu* grid 
battery bo plotted as a fumition of tlu^ plati' battcuy voltage a 
curve is obtained siuih as that obtaiiK'd in I'ig. 214. This curve 
shows a rapid incnuisc; in (Ud.(«!ting (uirniiit with incn'use in tlu^ 
plate voltage until a i)lat.(s bat.tmy volt.ag(^ of about .'14 volts is 
reacluxl. Tlui bend in the cui-ve at. higher voltages is due t.o the 
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plate current characteristic becoming less steep when voltage 
saturation is approached. 

110. Zero Beat or Homod 3 me Method of Receiving Modulated 
Waves. The heterodyne method of reception can 1 h^ ustid when 
receiving continuous unmodulated waves, !is is done in radio 
telegraphy, but cannot be applied to the reception of modulated 
waves as in radio telephony. In this case w, can make us(‘ of the 
simple systems which consist in first detecting the. modulatovl 
high frequency waves and then amplifying the low frequency 
component with the amplifier tube attached to the output of the 
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(letticlor. Or th<' r(>cciv(‘<l high frt'quency currents can first be 
amplified aiul tlaai (lete<-t<'(l. 'Fliis latter scheme has the advan- 
tage of greater sensitivity because the. voltage impressed on the 
input of the detector which is connected to the output of the 
amplifu'f is amplified ami the detecting current we have seen above 


Onol Pofenfiotl ^3.0 Vo/fs 


PIcxte Volt^ 
Fiu. 214, 


is practically proiK^rtiocal to the square of the input voltage. 
Such a cir(!uit, liowcvc^r^ has a tendency to sing. This can usually 
be prevcntcHl by fc‘cding back part of the output energy to the 
input circuit so that tin* currents in the feed-back and input coils 
cause potcuitial variations on the grid that are out of phase. 
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There is, however, another nu^thod, wh('r(‘by nKKlulaled Iiigh 
frequency currents can be n^ceivcHb This nu^th<Ml is iinalogouH 
to the heterodyne method ('XC(‘|)t that th(‘ loc^al Houn*t‘ of high 
frequency currents has a fn^cjiiency (Hjual to that of the nH^cd^aHl 
carrier wave instead of differing from it by an amount whitdi lic^s 
within the audible range. Thus, if wc‘ inipnw <ni thc^ input of 
the detector a tiiodulated high fr(K|U(‘ncy vc^ltagc^ A sin pt 
(1+Bmiqt) and also a continuous high fna|uency vtdtiigt* 

e sin having the same frequency as the carrita* componiait 

of the received wave, tlum it follows, similarly to th(» (‘ases (*on- 
sidered above, that the output of tlu^ detector c‘ontains a curnait 
of the same frequency as the currtah with which tin* carric*r wavt* 
was modulated at the transmitting station. I'his means <^f nnanv- 
ing has been ternuul the “homodyne method.” It is hardly 
necessary to say that when using tlvis nudhod of riH’(‘pti(m c*art* 
must be taken to keep the two high fnapumcies wry closely in 

tune. For example, ~ in the above expression r(»i)n»siaitH Hptaadi 
Zt 

frequencies which only cover a range of alH)ut 2{KK) (‘ycdt^s p<»r 
second. Now, if the carrier wave has a fn‘(|UcuH*y of say 2(K),(KH) 
cycles per second, it follows that the locally g(‘n(‘ratad sounn^ of 
high frequency must be kept at 2(K),(KK) cycl(\s within a Viuy small 
fraction of 1 per cent. If, for examples it diffem from this fre- 
quency by J per cent the locally g(uierat(Ml and thc‘ rec^dveai cur- 
rents form a beat note of about r>(K) cyckis, resulting in siKHadi wliieh 
would be unintelligible. The way to tuiu* in thc‘ k anally gc*nc‘ratecl 
high frequency is to listen to the beat liote, tlu^ pitch of wliich 
changes rapidly as the two frequencies approach (audi otlua*, tintil 
when they are exactly alike tlui Ixuit note* ceast^s and intelligilde 
speech is heard in the telephone recanver. 

111. The Feed-back Receiving Circuit. It will now l>e appar- 
ent from considerations given in this and the last previous cdiaptcr, 
that a very simple and effective means of rcaa^iving can Ik‘ obtaincnl 
by using the heterodyne principle together with the amf)lifying 
property of the tube. In other words, the detector tulx^ is uwd 
to generate its own high frequency by feeding back part of the 
output energy into the input. The ciicuit arrangement is sliown 
in Fig. 215. The coil Li, which fonns part of the output cireuit, 
is coupled to the input so that part of the output energy is returned 


DETFJTit^X OF nURKXTS U777/ THE VACUrM TUBE 361 


to tlu* input. «*oadt*nHer ('2 selves as a by-pass for the high 

fnH|Uc‘ury cnirrouts. This set is oi)(U*at(^(l very simply by tuning 
tlii* input ainl varying the (‘oupling between Li and the input 
until a neti‘ of tlu* ilt*sirt‘d pitch and intensity is heard in the 
leecaver. Mc^asureiiumts that havt‘ been made on this kin<l of 
circuit slituv tliat when tin* input voltage im])Tessed on the grid 
n‘aclies a t‘ertuin siiu'dl vahn* tlu^ tel(‘phon<‘ nnaaver in the output 
suddenly gives a relatively loud note, and generally a coupling 
wluc‘h is slighly greater than that n(‘eessary to do this is the l)est. 
Hiis cinniii is sometimes ri»f(*rn»(l to as th(i n^geiumitivc circuit. 
It is also iK>SHilde to rnakc^ thi» <mtput rcuict on the input without 
ciir(‘t‘t electromagnetic (*oupiing, in which case the coupling is 



8iippli<‘<l hy the (.static caiMicitics lict.wmi the electrodes of 

the luhc. 'I’lic r(‘>jcii.*rat.iv<' action of the tube has been discussed 

in ^section HH. , 

112. Radio Transmitting and Receiving Systems. A large 
niiinlH'r <(f nulhi systtans an* now in ust* aiwl no attempt will be 
mtidc to dcscrilH- 'them here. 'I'licy can lx* understood or even 
dcsigntHl with case <(ncc tlic prin(uplc.s of operation ()f the tube 
are underst<KMl. A circuit which emlK)dics enough to indicate how 
the tulH* can l«- u«-d iu ti traiwinitting and receiving system is 
showti in Fig. 2 lb. 'Fhe <dreuit to the h'ft of the antenna rep- 
resents the trati.smitting circuit and is ])mc.tically identical with 
that shown in I'ig. 171* (page :107). 'I'liis set, was designed by the 
engineer of lli<‘ Western Fleet ric ('ompany for use on aeroplanes. 
The plate an<l filament volfagi-s are supplied l^v a wind-driven 
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generator, the voltage of which Ik regulated by means of a ther- 
mionic valve in the manner described in S(>ction r>l. Wlum 
transmitting, the switch T is thrown to the Udt. Tin; s('V(‘niI 
parts of this switch are shown in separate parts of the <liagmm 
for the sake of sunplicity, but they arc all op(Tat.i'd from oru^ I(W(t. 
When receiving, the switch is thrown to tlu; right- This cnits out 
the voltage of the generator, the plates of th(^ d(^t,e(;tor and ampli- 
fier tubes being supplied by storage bat.teries. 'I'lie rect'iving cir- 
cuit to the right of the antenna is a simple circuit with iiuluetive 
connection between the tubes. 
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A simplified drawing of a\ich a receiving system is shown in 
Fig. 217. Since this circuit has a l)locking comUniser V, in tht^ 
input, the grid is connected through the input circuit to the jkis - 
itive pole of the filament battery. (-’2 is a high fre(juency h'ak, 
and the high resistance leak r and condenser (h s(!rve to main- 
tain the grid of the amplifier tube at a d-c. potcmt ial (^cpial to that 
of the negative end of the filament. If necessary, a grid battery 
can be inserted to keep the grid of the amplifu^ n<!gativ(*. 'Phis 
circuit shows two batteries, Eo, for supplying the plate (nimmts. 
The second batteiy is inserted when it is necesasary to oiMjrate 
the amplifier at a higher plate voltage than the d(!te(;tor. 

The transmitting system shown in Fig. 210 has the advantiige 
of high efficiency, but, on the other hand, the oscillation coil of 
the oscillator forms part of the antenna, and therefore the fre- 
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<,u»>ncy of t lic wave ratliateHi clianges with sUght changes in the 

induct niiee uf thiH (»c>iL 

A .svHtcm whicli is not subject to this disadvantage is shown 
sciieniaticully in Fig. 2 IS. 'i'lu- principle of this system consists 
in modulating a low-power ra<lio fr(‘(iuency current and then 
amplifying flii.s nmdulat(‘d current ladore it enters the antenna. 



The oscillator O may be a vai-uum tulxs (wcillator giving the radio 
ciirn-nt at the desired fnaiueney. 'I’lie voltagci obtained from this 
generator and the speech voltage obtaimul from the transmitter 
are iKJth impressed on the modulator M. This jairt of the system 
d(M'K not have to handle large amounts of power. The oscillator 
tuln- can Ik* a small typ<* of tulu! oi»(*rating on a plate voltage of 



To Antenna 


Fuj. 21S. 


KK) ti) 2(K) viiitH ur 1(»hh, ainl the modulator can be a tube of 
alKHii the Hanu! ctapaeity. 'Fhe HpcuHdi voltage obtained from the 
teliiphone t rauHiiiilttu* can ihim be impressed directly on the input 
of this mcKluIaior without amplification. The modulated output 
is amplifanl by an am|)lifi<T -4j, and can, if necessary, be further 
amplified by mmm of a power tube, or a set of power tubes oper- 
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ated in parallel. The output from these power tulK^n is imprcwHi^d 
on the antenna. It will be evjdent that in sueli a systt^in clcdunini^ 
of the antenna does not change the* fnKiiieney of the* radialtHl wave, 
but merely changes the energy radiat ed. 

This system is of great advantages wluai using very slmri wav(\s 
such as could be uscal in small portable* transmitting sc*ts, in whieli 
case the antenna is small enough to bt^ carrksi in the* hand. For 
such short waves (about 20 to 1(K) meters) a change* in tlu* ant<*tma 
capacity caused by the ap|)r()a(^h t.o objc‘(‘ts doc*s not appre ciably 
change the frequency of tlu* rndiat(*d wav(* l)tit only tlu* amount 
of energy radiated, b(‘caus(*. tlu* antenna do(*s not form part of 
the oscillation circuit that d(‘t.(*rmin(‘s tlu* fwiixmuy of tlu* mviU 
lations. This freeiuency is detennineul by the* ('emstuntH of tlu* 
oseillator 0. 

The arrangement shown in Fig. 21H e*mbodi<*s tlu* syste*!!! that 
was used in 1915 by the Ameu'ieiin l'e*le*phoiu* & 're‘l(*graph (\an-» 
pany anel W(*.stern Flentric (-ennpariy in transmitting sptH*eh from 
Arlington, Va., U. H. A., to Paris and Hone>lulu. 'Flu* type* e)f 
power tube used in theses (*x|K^riments isshown in Fig. 333, page^ 245, 
In these experiments tlui waves %va*re* re‘c*e*ive‘el by the^ 5iit‘ro bc*at 
method and also l)y first amplifying the* int‘oming wave‘H and t he*n 
detecting them. 

113. Multiplex Telegraphy and Telephony. It was pennt<‘ei 
out in Section 99 that for a single*. te*le*phone* transmission a hanei 
of frequencies is requireul wlue*h (*<>ve‘rs a range* of about 2(KM) 
cycles per second, and tlu^ atiieama must, lx* so iuiu*d that it will 
transmit about oepially W(*1I all fre*e|ue*ne:ie*H lying within this 
range. Antenna*, jis (X)iiunonly us(*el will ustially transmit a wide*r 
range of freepiencies than that re*epure*el for one* tele*phe>iu^ trans- 
mission. This is especially the ease* whe*n the^ antc*nna is tunc*el 
to a high frequency, say a million p(*r s(*(*ond. The* width of the* 
transmission band of an antenna d(‘pe*nelH, of (‘enirse*, on its 
selectivity or sharpness of tuning. If the transmission band is 
wider than the range of frequencies needeHl for a te‘le‘phone* trans- 
mission, it is theoretically possil)l(* to transmit more* than oiu^ 
telephone message simultaneously from one towe*r by (X)muu!ting 
to the sending antenna a number of transmitting sets, the* fre*- 
quencies of which are so distributed in the transmission range 
of the antenna that the freqxiency bands of their moelulatexl waves 
do not overlap, and to the receiving antenna corresi^nding 
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viivh are tuned sc‘l(Hdivoly to roeoivo. t-he waves from 
tiiii* iiip; s(‘l. 'riH‘S(‘ rr(‘(|UcaH*y i>un(ls and their separation 

an* so small rumpnn‘d with thc‘ rrc^tpu^neu's tluanstives, tliai it is 
Vi*ry dilliftiit tu sc^paratt* thcaa at tiu* rectivin^ station. Besides, 
small ehaiiRes in tht‘ fnaiutaieic^s of one* or more of the trans- 
sets, rtaipltnl to tlu* sunu‘ antenna, are likely to cause 
over!:tppiia^ eif the hands. 

Iii>tead of inipressini^ th(‘ modulated waves from different 
transmit 111114 s<Us of the saint* anttmna, it is possihk* to modulate 
rait* hi^h fret|ueney wavt* with two or mon* dilTt^nmt frecpiency 
bantls. If tliost* foMfUtmey hamls lit* in tlu* audihlt* ran^e, such a 
svstein liivitiiisly tlotss not allow of mort* than oiu* ttdeplione 
transmis>it»ii. In tlu* caist* of telej»:raph transmission, on the 
other hand, tlie rt‘{|uirt‘d fretpieney hand is mutii nuiTow(*r, sinee 
!ua‘i* we transuiit only ont* ludt*, so that nuaH* than one su(‘h band 
lyini 4 within t lu* audihh* rani^t* cauihi lx* us{*(l as nu*ssaf»;es to niodu- 
hite oiii* liiich fretpieiu^v earri<*r wave*. Su<‘Ii a modulatial wave 
ran be pas^4e^i thnuii^h a ch*tc‘etor at tlu* ree(‘iving station and the 
orij^inal niessaijct* freqnetu‘ic*s in tlu* output of the (let(H*tor can be 
Heparaleil fruui one anottier by tlu* usi* of appropriate filters or 
Helertive eireuits; but tlu* outjuit (‘irruit of tlu* (l(‘tect()r will 
contain not i»nly the* nu*sHafi;(* fre(|U(*neies with whirli the carrier 
wave is iiuKhdateul, but. also eurr. nts of doulde the message 
fr«*c|iu*neies anel rurre'ntH, having frc‘(iU(‘neu*H ecjual to their sums 
and differenm*H, ami i*ar<* must be* iak<‘u to H(*parate the original 
iiit*ssage* fref|Uenrit*H frean t.lu*Mn 

Mulliptox transmission has beaui r(*aliz(‘d in practice to be a 
system involving what may be tc*rm(*d ‘Moubk* rru)(hilation'' and 
a dtuiblt* de*tiH*tion.” c*aeli td the various audio frequency 

ciirreiits Itelvphoiu* ea* t{*l(*graiih nu‘ssugt*s) is us(*d to modulate 
one of a imtnlH*r e^f intea*nu*diate* or auxiliary fr(*(}uencie8 lying 
jiliove the atidildt* range*, ami the* r<*sultiiig modulated waves 
tim lill made to modulate* a single* higli frt*(pu*ncy or main carrier 
wave. 

At till* rcHxaving end this doubly modulated main carrier 
wave is iniprcssseul on a dc*te*(*ten% tlu* output of whieli will contain 
the iiiiMiiilaloel auxiliary e*arrie*rs. It will, however, also contain 
a liiiiiiber of edher fn*(iu(*m*ie*s, containing among others the sums 
aiiil dilT«*n*nri*s e^f tlu* m<Hiuhite*d auxiliary (‘arri(*rs. These can 
be* separatee I from the* auxiliarie*H tlu*mH(‘lveH by seleadive circuits 
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if the frequency bands of the lut.Uu’ urt^ not too <dos(* togi^tluT. 
Tlie ruodulat('.d auxiliaiy carri(u-s (>ne<‘ si‘purat(‘d ran be passed 
through individual detectors, tlu^ output of which will i‘(*nlain 
the original message frcHiiuauaes* 

Numerous inodifications of this general id<*a involving ctlau’ 
spc^cial nietlioda of modulation and detection are of coume 
possible. 


(‘IIAPTHH X 


MISCELLANEOUS APPLICATIONS OF THERMIONIC TUBES 

the* that luive Ix^an (lis(‘UHS(»(l in })r(*vi(>us 

rlia|it<‘rs, thi*rc* an* a nuiuiH*r of miH(*(*llant*on,s visas to which the 
thcrinioiiic vacinini tnlN* e‘aii he* applifuL Scum* of th(‘sc‘ will now 
he ilirscrihceL 'Ha* list is not intcial(‘(i to lx* (‘omplcit*, but in(‘r(‘iy 
tu i^ivr an iiiilicatieni of what <‘un be tloia? with a tluw-clccirodc 
tle%ii*e. Many vi,s4*s of tin* tnbt* will migg(*st tht‘mHe*lvc^H to those 
who are acquainted with the priiaaples of its (jp(*ration 

114. The Vacuum Tube as an Electrostatic Voltmeter. Hiree 
of the pro}H*rtk*H <d’ the* tube, natni*l\% tlu* uiiilatc*ral conduetivityy 
anililificaiion anti small pcjwer consumption in tlu* input circuity 
make it iwissible fee ust* this tube to measure small a-e. voltagCB 
by t*lt‘cfrosfatie means. Siqiposts for example*, that a source of 
small a»c. voltage is im‘luded in the grid circuit, which also con- 
tains an mijustable grid ladtery. The output cinniit contains 
the |ilate hatti^ry and a t!-c. measuring instrument. The plate and 
grid biitt4*rtt*H are adjustecl so that the ojx'raiing |M)int lies on the 
extreme lower end of the cliaracteristic. '‘riu* (‘urrc*nt in the plate 
circuit will then be just n*duc(*d to m'o. If an alternating poten- 
liiil now In* fip|i!ied to tlu* grid, the* |Kdi*ntiHl <if tlu* grid during the 
riegiitivi* half (*yc’Ie !H*e<um*s inon* n<*gative than that maintained 
by the grid battery, and tlie current in tlu* plate circuit is still ^xto. 
During flic p(»sitive half cyi’le, however, tlu* grid becoincH leas 
iiegativi* and a (‘urn’nt impulsi* is s(*nt through tlu^ plate circuit. 
Till* result is a direct curri‘nt indicat(*<l by the measuring instru- 
iiiertt conneel«*d in flu* plat<» circuit of the IuIk*. The amount by 
wliielt flic !u*gafive potential iif the grid must lx* increased to 
rcxliicf* the cnirreiit again to / 4 »ro, measures the pi*ak value of the 
iilteriiiitiiig potentiiil on tlie grid.^ 

In order to get a more sensitive* d(*viee, if necessary, an ampli- 
fier could Ik* luhlvil to tlu* output of the tuln*. A circuit arrange 
» H. A. IIwHiNtj, V. a patent 1232919. 
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inetit that can be used, and whieli wan j^tigi^esied hy R. H. Wils<ni| 
IB Bhowii in Fig. 219. The altca-natiiig voltage^ is intpreaHed at B. 
The d“C. grid potential in nupplital hy nutans of tlie hatkait^H /s',, 
and the potentiometer arrangtamait. is indicated in tiu* cinaiit. 
This arrangement makes it pemsilde to adjust tlu* grid iMJleiitial in 
a value where tlu^ plate curremt of the first tube is just, rtnlucanl to 
zero. The output of tlu^ voltmcdcn* tulns contains a higli rc‘Histniii*t» 
of, say, 400,000 ohms, the grid and fllamtint of tlie aiuplific^r IuIm* 
being connected to th(^ c^nds of this n^sistaruu^ Tlie amplifier tube 
operatCB on the steepi^at part, of its charact (eristic. 

The way to operate a vacuum ttibci voltmtU^a* eirc.uit is to slitic* 
the contact on tlic potentiometer until the current of tlie first tube 



drops to zero. The corresponding grid potential is moasured 
with the voltmeto V. This obtains when tlu* (nirrent regisIt^riHl 
by the galvanometer or mieroamnKvter in tlu^ output circuit of t ta^ 
amplifier tube is the value given by this tubci for zero |K)tenliid 
on its grid. This can easily be tested l)y short-circuiting its in|)ut. 
The input voltage is then applied and the contact on the |Kdcai- 
tiometer again adjusted until the galvanometer 0 shows no change 
in the current. This grid potential is again indicated l)y the 
voltmeter F. The difference between this and the first reading 
gives the peak value of the input voltage. 

It will be noticed that the source of a-c. voltage which is to bo 
measured is connected to a circuit winch can be regarded as prac- 
tically an open circuit. The power consumption, dxie t 4 ) the 
electrostatic capacities between the electrodes of the tube is usually 
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verj’ small, so that, this arrangement acts practically as an elec- 
trostatic voltm(‘t(‘r, and because of the aini)lificat.iou produced by 
the tube, the arrangtuiKUit can be use<l to ineasuro very small alter- 
nating voltages. Somethnes, howesver, the plate current does 
not giv(^ a sluu-p int.er(!ei)t on tlu^ volt, age axis, but tails off grad- 
ually, and the lovv(u* part of the curve may be very nearly linear. 
'I’his is sluiwn in an (ixaggeu'afed way iin Fig. 220. In such case 
it is l>est to ojH'rate the tube a small distance up tlie curve so that 



the increase in current during the positive half wave is greater 
than the. dfscriuise; during t!u\ lu^gatiive half wave. When the 
characteristic fails off and accura(;y is desinal, it may be necessary 
to apply a correction. Fig. 221 shows the relation between the 
true voltage luul t.hc voltage nu^asured by a tula; whicdi did not 
show a slnirp inltircept on the grid voltage axis. 

116, High Tension Volt m eter, ff'he three-(dectrode tube makes 
it posmible to measure extremely high voltage's with comparative 
ease, by an arrariKeinent that has been suggested to me by Dr. 
E. R. Stockie. In this case the high voltage to be measured is 
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applied between filament and plate. By means of a battery and 
potentiometer the grid is acijusted until the current in the plate 



Fig. 221. 

circuit is reduced to zero. Since the current through the tube is 

^ven by 

it follows that the voltage to be measured is fiEg when the current 
is just reduced to zero. By using a tube which has a large value of 







Fig. 222. 


116. The Audion Voltage and Current Regulator. The follow-, 
ing circuit arrangements, for which I am indebted to Dr. P. I. 
Wold, indicate how the tube can be used to control the output of c- 
generator or other source. The generator S supplies power to 



the line as shown in Fig. 223. To prevent voltage fluctuations 
the vacuum tube is connected in series with the field winding 
of the generator. The grid of the tube is connected to a con- 
venient point on the resistance R in parallel with the field winding. 
Suppose, now, that the voltage of the generator tends to increase. 
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Tiiis^ iEcreases the flow of current tiirough the resistance R, which 
makes the grid mort? negative tlmn before, thus increasing the 
resistance of the tul:>e and, therefore, decreasing the current 
through the tube and fiek! winding, tecause the tube and field 



winding are in series. By this means, any tendency for the voltage 
to increase is counteracted. The same tiling, of course, holds 
when the voltage tends to drop. 

Fig. 224 shows an adaptation of this method of control for 
keeping the current output of the generator constant. It will be 



that if the current thnuigh the resistance R tends to increase, 
the giid tends to iH^oine more negative with res|>ect to the fila- 
ment, thus increasing the resistance of the tul:^ and decreasing 

current tlm>iigh the field winding. 

Fig. 225 shows a circuit arrangement in which the tube and 
ficlfl wiiiiliiig ar(‘ connected in parallel. The high resfetance R 
to wliicli the grid is eonneeted is also in parallel with the field 
winding, in tiiis case, w^hen the output voltage of the generator 
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tends to increase, the grid tends to become less negative with 
respect to the filament, on account of the increased voltage drop 
established in the resistance R. This tends to reduce the resistance 
of the tube, thereby decreasing the current through the field wind- 
ing, which is in parallel with the tube. 

117. Power-limitnig Devices. It has been pointed out in 
Chapter VI that the thermionic valve acts not only as a rectifier 
but also as a power-limiting device, because, whfie it blocks current 
in one direction, the current in the other direction cannot exceed 
the saturation value. This is, therefore, the maximum current 
that can be transmitted through the tube. 



The three-electrode tube can be very well adapted for the pur- 
pose of limiting the output power. If, for example, the grid 
becomes sufficiently negative, the plate current is reduced to zero. 
If, on the other hand, the grid becomes sufficiently positive the 
plate current reaches a saturation value. It will be evident from 
the explanations given in Chapter VII, that this saturation value 
may be due to two causes: Firstly, the strength of the field in the 
space between filament and grid may become sufficiently great to 
puU the electrons away from the filament as fast as they are emitted. 
This gives rise to the ordinary’' saturation current. If the cathode 
has a smooth and pure surface, the knee of the curve, where it 
bends over to the saturation current, is fairly well defined. In 
cases of filaments having rough surfaces, on the other hand, the 
saturation current is approached gradually and the curve does not 
Irecome quite parallel to the voltage axis. Under such conditions 
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the deiice k not very suitable for power4imiting purposes, but 
but use can made of a second factor which limits the current. 
If the external circuit oontains a resistance, the potential of the 
plate decreases as the potential of the grid increases, on account of 
the voltage drop established in the external resistance in the plate 
circuit. A condition can then be reached where the positive 
potential of the grid becomes comparable with that of the plate, 
and in that case a large proportion of the electrons will be attracted 
to the grid, thus limiting the flow of electrons to the plate. This 
factor results in a veiv" good cuiwe, a sample of which is shown in 
Fig. 226. In obtaining this curv'e the voltages were so adjusted 




that the saturation value was obtained at a positive grid potential 
equal to the negative grid potential that just sufficed to reduce the 
current to zero, thus resulting in a curv^e wliich is nearly sym- 
metrical with res|x?€t to the axis of zero grid potential. 

Instead of using a single tube we can make use of the push- 
pull arrangement which w^as described in Chapter VII. This 
gives a good circuit for power-limiting purposes. The arrange- 
ment is shown in Fig. 227. The input voltage was measured by 
means of a thermo-couple, G and the output current was measured 
with the a-c. ammeter A, The result obtained is shown in Fig. 

For low input voltages the alternating current in the output 
increa^d practically linearly with the voltage, but became lim- 
ited to a value of about 3.6 milliamperes, beyond w^hich it did not 
increasi?, although the input voltage was increased to 10 volts, as 
sliowm by tlie curve. The current was actually measured for 
input voltages up to 42 volts. At the higher voltages the current 
show’ed a tendency to decree. 
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118. Hie Ionization Manometer. It was shown in Section 36 
that if the gas pressure in a tube is so low that the mean free 
path of the electrons in the gas is large compared with the distance 
between the electrodes, the pressure is proportional to the number 
of positive ions formed by collision of the electrons with the resid- 
ual gas molecules. This is expressed in equation (6), Chapter V, 
and was verified by 0. E. Buckley,^ and used by him for the con- 
struction of an ionization manometer. 



Fig. 228. 

This device consists of throe electrodes connected in a circuit 
as shown in Fig. 229. The grid is maintained at a positive poten- 
tial with respect to the filament, and the plate is kept negative 
with respect to the negative end of the filament. The electrons 
emitted from the filament are attracted towrard the grid, some 
going to the grid and some passing through the openings in the 
grid. Betwreen the grid and the plate, however, is a retarding 
field, and, since the plate is negative with respect to the filament 
none of the electrons that are emitted from the filament can reach 
the plate; they attain their maximum speed in the neighborhood 
of the grid. Those that pass through the grid are retarded and 
finally return to the grid before they have a chance of reaching the 
plate. It is usually sufficient if the plate is maintained at a poten- 

iProc. National Academy of Science, Vol. 2, p. 683, 1916. See also 
Dushman and Found for calibration of this gauge for various gases, Phys. 
Rev., Febr., 1920, p. 133. 
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tial of about 10 volts native with respect to the negative end of 
the fikment. Now, if there are gas molecules in the space, positive 
ions will formed by (M)liision, if the electrons move with a suf- 
ficleatiy high speed. The positwe ions that are formed between 
fikment and grid go to the filmnent, but those that are formed 
l^twwii grid and plate are attracted to the negative plate, thus 
gi viTig a ciiirent through the galvanometer G; and this current 
is a measure of the ouml>er of positive ions formed. The total 
numl»r of electrons flowing to the grid can be measured with the 
ammeter J., and must be kept constant- It is, therefore, desirable 
to work on the ^turation part of the curve. The grid battery Ec 



should be al»ut ^M) volts, but depends, of course, on the con- 

stractlon of the device. 

This ty^ of gauge has the disadvantage that gases affect the 
emiMon of electrons from the filament; that is, the saturation 
current is def^ndent. on the amount and kind of gas coming in 
TOntact with the surface of the filament. The electron emission 
from oxide-coated filaments is not as susceptible to the influence of 
gfe as the emission from some metallic filaments, such as tungsten, 
and cmn therefore Ijc used to advantage in ionization manometers. 
If the fikment is operated at a high temperature, the effect of gas 
on the emission becomes less. (See Chapter V.) Other means 
can u«cl for keeping the ^d current constant. The grid cir- 
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cuit can^ for example, be connected to a regulating scheme, similar 
to those described in Section 116. 

The ionization gauge is very convenient for measuring quick 
changes in pressure because the positive current indicated by 
the galvanometer G is a direct measure of the amount of gas 
present in the device. On the other hand, the manometer must 
be calibrated separately for each kind of gas that may be encoun- 
tered, since the amount of ionization produced depends on the 
size of the gas molecules. 

The proportionality between the gas pressure and the positive 
current, as shown by equation 6, Chapter V., holds, in gauges 
of the most commonly" used t 3 q>es, for pressures below about 
1 micron. The manometer can, therefore, be calibrated against 
a McLeod gauge for pressures of about 1 micron, or somewhat less, 
where the McLeod gauge gives reliable readings. This, then 
gives the manometer constant K in the equation. 

P=K^, ( 1 ) 

where Ip is the positive current registered by the galvanometer G, 
In the electron current to the grid, and P the pressure of the 
gas. This equation can then be used to measure pressures down to 
very low values where the McLeod gauge is quite unreliable. 

119. Heterodyne Method of Generating Currents of Very Low 
Frequency with the Vacuum Tube. In Section 96 a circuit was 
shown for the production of low frequency currents with the vac- 
uum tube. The frequency is determined by the constants of 
the oscillation circuit; hence, a very low frequency requires the 
use of large inductances and capacities. If it is necessary to 
avoid the use of such large coils and condensers, use can be made 
of a scheme which was suggested to me by Dr. P. I. Wold. This 
syistem consists of using two vacuum tube generators to give fre- 
quencies differing by an amount equal to the frequency that 
it is desired to obtain. The output currents from these tubes are 
both impressed on the input of another tube, which operates 
as a modulator. The output of the modulator contains, among 
others, a frequency equal to the difference between the frequencies 
impre^d on its input. (See Section 109.) Thus, if the two gene- 
rators give frequencies of, say, 99 and 100 cycles per second, then 
the output of the modulator will contain a current having a fre- 
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queiicy of one cycle per second. In the output of the modulator 
can be inserted a filter to by-pass all frequencies higher than the 
one desired. This method, of course, requires that the frequencies 
of the two generators be maintained constant to a high degree, 
since a small change in either of them will cause a relatively large 
change in the low frequency obtained in the output of the modu- 
lator. 

Hie Thermionic Valve as a High Tension Switch. On 

high voltage power transmission lines, it is necessary’' to use 
especially’” designed switches for making and breaking the circuit. 
To prevent the arcing that ordinarily^ would take place when 
breaking a high voltage circuit, the thermionic valve could be 
used in the manner suggested by Mr. J. R. Carson. The valve 
is inserted directly in the line and will transmit current in one 
direction when the filament is hot. When it is necessary to stop 
the flow of current, we can, instead of directly breaking the cir- 
cuit/simply cut out the filament current of the valve. The cur- 
jpemt flowing through the valve then dies down smoothly in a period 
which is short enough for ordinary work, but still large enough to 
prevent arcing. For the transmission of current in both directions, 
we can, of course, insert two valves, one to transmit current in 
one direction and the other in the opposite direction. 

121. Devices Employing Secondary Electron Emission. The 
emission of electrons from cold electrodes under the impact of 
electrons (a phenomenon which is knovm as secondary electron 
emission or deltd ray's) results in a falling characteristic, as shown 
by the portion ABC of Fig. 16, page 48. The manner in which 
this char|i6teristic is obtained is explained in Section 23. A. W. 
Hull ^has made use of this phenomenon in the construction of a 
negafive resistance amplifier and oscillator and has called the 
a Dynatron. In the circuit shown in Fig. 15, the electrons 
coming from the filament impinge on the grid and ao emit secondary 
electrons from it. These are drawn to the plate by the positive 
potential on the plate supplied by the battery E. When the 
number of secondary electrons emitted from the grid becomes large 
enough in proportion to the number of electrons striking it, the 
electron current flovdng into the grid decreases as the potential 
of the grid is increased. 

There is another way in which the tube can be used to give a 
1 Proc. I.R.E., VoL 6, p. 5-35, 1918. 
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negative resistance- In this case the grid is maintained at a posi- 
tive potential with respect to the plate. The electrons passing 
through the grid and striking the plate cause the emission of 
secondar}^ electrons from the plate and these are then drawn 
over to the positive grid. The circuit arrangement for this case is 
shown in Fig. 230. If ro is a resistance placed in the plate circuit, 
then a potential Ep on the plate is given by 

Ep—Eb roJj?, (2) 

where Ip is the current in the plate circuit, and Eb the voltage 
impressed on the plate circuit. Taking the point B of Fig. 16 as 



the origin of coordinates, the sloping part ABC of the character- 
istic can be represented by the equation 

h=-mE,= -^ (3) 

Tp 

where Vp is the plate resistance of the tube. Substituting equation 
(2) into this equation 'we obtain, 



Differentiating Ip ^ith respect to F&, and multiplying by ro, we 
get: 

dip ^ rp 
dEb r^ Tp 


( 5 ) 
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that isj a potential variation applied to the plate gives a voltage 
variation in the resistance ro which can be made very large by 
making ro nearly equal to Vp. The de\dce thus operates as an 
amplifier. 

Instead of using only the negative resistance characteristic 
of the device, connected in the manner explained above, Hull also 
made use of the normal amplifying property of the tube by insert- 
ing a second grid. This device he called a “ Pliodynatron.^' By 
this means he has been able to obtain a voltage amplification of 
1000 fold. To obtain such a high voltage amplification, however, 
it is necessary to make Vp and ro nearh' equal, \\lien this is done 
the de\dce becomes unstable and needs careful adjustment and 
constant attention. It was, however, found possible to obtain a 
voltage amplification of 100 fold without trouble. It is doubtful 
if a de\dce of this kind is as good as the audion, because by properly 
designing the audion it is eas\" to obtain a voltage amplification of 
several hundred fold, and since the audion does not possess a 
falling characteristic, its operation is stable no matter how high 
the amplification constant be made. In cases where it may be 
necessary to use a negative resistance device, however, the dyna- 
tron vill be found to be of value and better than an arc, which 
also shows a negative resistance characteristic. The dynatron, 
for example, does not depend for its operation on the ionization of 
gas or vapor and is therefore more reliable. 

The d;^Tiatron can be used also to produce sustained oscilla- 
tions if it be connected in a circuit of the type commonly used in 
connection with arcs. Fig. 231, for example, show^s a circuit 
W’hich makes possible the production of sustained oscillations 
with the dynatron. It w^as shown in Chapter VIII that the 
total resistance in the output circuit will be zero if the effective 

resistance of the oscillation circuit L, C, r, namely is equal 

Lr 

to the negative resistance of the tube. Hence, by adjusting the 
capacity C and the inductance L so that ro becomes equal to the 
negative plate resistance of the tube, the total resistance of the 
output circuit is zero, and the device will produce sustained oscil- 
lations. 

122. Tubes Contaimng More than One Grid. Various investi- 
gators have suggested using two grids instead of one for special 
purposes. Thus, R. A. Heising, for example, used a double grid 
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tube as a modulator, in which the radio frequency is impressed 
between the filament and one grid, and the audio frequency 
between the filament and the other grid. 



Fig. 231. 


There are various circuits in which the tubes vith double grids 
can be used. In one type of circuit, for example, the grid nearest 
to the anode is used as an auxiliary anode, while the grid nearest 
to the cathode operates as a controlling electrode. In this case, 



Fig. 232. 


we can obtain the expression for the effective voltage as follows; 
Referring to Fig. 232, let us first regard grid Gi as a cathode. Let 

the amplification constant of the system so formed be At 2 =~; 

then the effective voltage between Gi and Go is 

£^2 = yoE'p + Ego , ( 6 ) 

where Wp is the potential on the plate, and Ego the potential 
on the grid Go- This expression can be regarded as the effective 
anode potential for the system: F (cathode), Gi (controlling elec- 
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trixlej and 6'.<P(amxk'). Henet*. the cffeftiv’e voltage l>etween 
F and (»' j is 

Ei=yiEj+E,i, ( 7 ) 

uhen- Kn i.- thn jx)tential on the grid Gi- Siilistituting the value 
of Ej given by t-quatiun (*)!. w get the elTeftive voltage between 

f : 4 iiil C,#i^ : 

Ei'=='^iy^E^p-±'y}Eg2-t-Egiy . . . . ® ( 8 ) 

:4iiil tlie current is 

/.> n-jE'p+yiEg2+Effi) ( 9 ) 

III tlie «df a amtiiinltm only one grid the corresponding 
ex|in?ssioii far the current is 

!l=fliyEp+Eg), - . ( 10 ) 

mdiere y is the rcH*iproca! of the amplification constant g. 

If me liiake the |Xitential of the plate in the ease of the double 
grid ec'iual to n times that of the grid 6%, we can write equa- 

lioii (9): 

+ . . . ( 11 ) 

TMs c^xpression can be compared with that wliich holds for a single 
grid Sup|KJSi‘ that the amplification constant of the single 

griii IiiIm* is such that 7=7172. Then we find that the ratio of 
tlie negative iKiteiitials on the controlling grid, that are necessary 
to rt^^ioee the current to zero in the two eases, is 



Thus, siipfMW the |X)tential of the plate is the same in both cases, 
and let f* = 2 , and 72 = 0.1. Then the intercept of the character- 
istic mi the axis of eontndling grid voltage, in the case of the two 
imds, is alhiiit six times as large as in the ease? of the tube containing 
only one md. Other comparisons can made if the form of 
the d'iaraet€*ristie of the double grid tulie is knowm. 

In ii|M'*ratiiig a double grid tube in the manner described above, 
lilt* grid Gj k usually snjGSdently pc^itive to draw an appreciable 
* akj BAMLaACMUx, Jahih. d. dralitiwen Tel. u. TeL, Vol. 14 , p. 43 
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number of electrons to it, and this decreases the current to the 
plate. In general, such tubes are not as good as audions when 
used for ordinary puiposes. Circuits can, of course, be easily 
devised which enable one to make use of variations in the current 
flowing to the second grid, as well as that flowing to the plate or 
anode. 

Another way in which double grid tubes can be used is to 
use the grid nearest to the anode as the controlling electrode, and 
apply a positive potential to the grid nearest to the cathode, 
as has, for example, been done by Langmuir. This grid should 
then preferably be placed close to the cathode, and the potential 
applied to it should be high enough to pull the electrons away 
from the filament as fast as they are emitted from it, thus giving 
the condition for the saturation current. In this case the 
space charge between the filament and the first grid is small. 
If the second grid is kept negative with respect to the first 
grid, the electrons passing through the first grid will be slowed 
down in approaching the second grid, thus increasing the space 
charge between the two giids, but the electrons in the space are 
now spread throughout a greater volume, instead of being con- 
centrated around the filament, and hence, potential variations 
applied to the second grid can be expected to produce relatively 
large changes in current flowing to the anode. Here, again, the 
fiirst grids robs the plate of current, but the circuit could be so 
arranged that use is made of the variation in both currents, namely, 
that flowing to the plate and that to the first grid. 

In using such devices, where electrons impinge on a conductor 
which does not have the highest positive potential in the system, 
the effect of secondarj^ electron emission must }>e taken into con- 
sideration, because if the electrons impinge with sufficient violence 
on a conductor, secondar}^ electrons are emitter:! from it, and if 
there is another conductor, wiiich is positive %\ith respect to the 
first, the secondary electrons will be drawn over to this positive 
conductor. If the velocity with which the electrons impinge on 
the first conductor is laige enough, so many secondary electrons 
can be emitted that electrons will flow out of tills conductor 
instead of into it, thus reverang the direction of the current. 
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effect of surfac’e condition ni cath- 
ode on, 34 

effect of, on M,turation current, 711 
rdatioii tetwi^n ,Rieimitlaf;>a’s i^>n- 
stant h and, 33 
valiMS of, 29 

Electron evaporation oonstant, 24 
Ek^ctrostatic voltmeter : 

vacuum tul» as, ^MS7 
Elster and Geite!, 30 
Emissivity, thermal, 75 
Epstein, P. S., 63 


Event t, II. W., 21 Mi ‘Sm 

I'alling cliaracteriatk% 170 
Furaiiay, 2 
Fevti-back ; 

AiiipiifkT, 257 
rtM*eiving circuit, 

Filament current : 
effect of, on ainplifirat :on, 225 
on oseiiiatioii, 

Filament voltage drop: 
effect on clmraet eristic, 61, 69 
effect on detecting curnuit, 329 
Filter, 138, 216, 265, .-iee also Wave 
Filter 

Fleming, :i0. Ill, 125 
de Forest, 42, 145 
Form factor, 125 
values of, 128 
Found, C. G., 375 
Franck and Hertz, 

Frea^ electrons, 

Frequency: 

effet't of, in r(:‘<lucing rertificatioii, 

134 

heterf:Kiyne iiu'thotl of geiieniting 

low, 377 

obtainable with therinioidc i.Ksi*i!la- 
ktor, 312 

of <m*iiktions in tlirw-electrode 
tube, 274 

i Fry, T. €., 63, 138 
: Gas: 

effect of, on discharge, S6 
effect of, on eltN'tron emi&rioii, ^ 
surfatv effcH't of, 8t>, 98 
volume efftK*t of, 8ti 
Gaiijsft.*, ioiiiiatbii, 91, 375 
Gherardi, B 262 
Graeti, 136 
Gniinaeher, IF, 141 
Grid: 

act km of, 14t;> 

effcN^’t of dimeiisi-ruis of, ^8 
stT*.‘«Uii!ig effect ?>f . 229 


388 


IXDEX 


Grid current characteristic, 153 
in oscillator, 295 
Grid leak resistance, 309 
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Ion: 

negative, 19 
positive, IS 
Ionization, 16 
by collision, 21 

directive effect on flow of gas, 101 
effect on infra-saturation, 93 
effect on operation of oscillator, 101 
effects of, 91 
gauge, 91, 375 
heating of cathode by, 92 
at high pre^ure, 106 
at low pre^ures, 90 


lonizatiaon, manometer, 375 
proportional to low pressure, 91 
voltage, 21, 22 

Jewett, y. B., 262 
Johnson j J. B., 213 

King, R . \V., 227, 234, 235 

Langmuir, I., 55, 59, 75, 101, 154, 
245, 383 

Latour, M., 153, 187 
von Laue, 227 
Lenard, 42, 53 
Life of a. vacuum tube, 84 
Lilienfeld, 53 
Limitation of current, 52 
by Space charge, 52 
by voltage drop in filament, 64, 69 
by thermionic emission, 70 
Limiting, power device, 373 
Lorentz,, 2, 8 

see Amplification Constant. 
Manometer, inozation, 375 
Alarcoal, 112 
Alaxw^ell, 227, 232 

Mean free path of electrons in gases, 
&8 et seq. 

IVIeissner, 290 

MicropLone generator, 223, 339 
for obtaining modulated waves, 348 
Aliles of standard cable: 

amplification expressed in, 218 
audibility expressed in, 351 
relation between amplification and, 
219 

IMiller, J. M., 194, 197, 205, 209, 290 
Millikan, R. A., 13, 41 
Modulated current, r.m.s. value of, 
328 

^Modulated wave: 
equation for, 319 
completely, 321 

method of obtaining completely, 
342 

Modulation: 
double, 365 


INDEX 


389 


K' -stems of, 322 
*l»«ory of, 315 

MorcHiroft, J. h., 303 
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practical, circuits, 292 
for extreme frequencies, 312 
Oscillograins : 

of current in valve rectifier, 129 
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characteristic, 196 
Plate current, 177 
Pliodynatron, 380 
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Power-limiting devices, 373 
Pure electron discharge, 22 
Push-pull amplifier, 261 


Radiation: 
from atoms, 19 

due to accelerated electron, 13 
Radiation constant, 75 
Radio transmitting and receiving 
systems, 361 et seq. 
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Recombination of ions, 96 
Rectification : 

conditions for, 109 
eflSciency, 123 et seq. 
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Thermionic amplifier: 

types of, 236 et seq. 
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